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Abstract: Scrub typhus, an infectious disease caused by a bacterium transmitted by “chigger”
mites, constitutes a public health problem in Thailand. Predicting epidemic peaks would allow
implementing preventive measures locally. This study analyses the predictability of the time series
of incidence of scrub typhus aggregated at the provincial level. After stationarizing the time series,
the evaluation of the Hurst exponents indicates the provinces where the epidemiological dynamics
present a long memory and are predictable. The predictive performances of ARIMA (autoregressive
integrated moving average model), ARFIMA (autoregressive fractionally integrated moving average)
and fractional Brownian motion models are evaluated. The results constitute the reference level for
the predictability of the incidence data of this zoonosis.

Keywords: infectious disease; predictability; incidence; time series; ARIMA; ARFIMA; fBm; scrub
typhus; Thailand

1. Introduction

Scrub typhus is a relatively underdiagnosed infectious disease, affecting approxi-
mately 1 million people worldwide. It is caused by Orientia tsutsugamushi, a bacterium
transmitted by “chigger” mites that mostly parasitize rodents, humans being only ac-
cidentally a host. In the Mekong region of Southeast Asia, the frequency of isolation
of pathogens implicated in the aetiology of non-malarial febrile illness has shown that
Orientia tsutsugamushi was, immediately following dengue virus, the most frequently
reported [1,2]. In Thailand, the sporadic incidence in humans reported by the Armed
Forces Research Institute of Medical Sciences for 2018 and 2019, respectively, was 7.11 and
5.82 individuals per 100,000 populations [3]. Although scrub typhus is endemic in various
countries of Asia and Southeast Asia [4], it remains an underdiagnosed disease and its
public health burden is still poorly known [5]. While knowing the distribution and the
factors that may contribute to the disease incidence is essential for public health [6], it is
also crucial to understand the seasonal trend of scrub typhus in order to be ready to adopt
the appropriate public health response. Indeed, the study of time series of incidence of
scrub typhus aggregated at the provincial level may help to forecast future incidence [7],
to monitor the evolution of the trend of the diseases and thus to prevent and control the
outbreaks of the disease by providing a way to facilitate decision-making and determine
whether an apparent excess represents an outbreak rather than a random variation [8].

Anticipating the timing and severity of the peak can improve the decision-making
in real time [9,10] and help allocating the resources needed during public health emer-
gencies [11]. The analysis of the predictability of the time series of incidence of scrub
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typhus also presents a double interest from the point of view of the knowledge of this
infectious disease and its modelling: (a) it involves evaluating a property intrinsic to its
epidemiological dynamics (the long-term dependence of the number of cases being likely
to vary significantly from one province to another.); (b) it offers a decisive criterion for
testing the performance of the models and their usefulness for prevention. After present-
ing the data from the Thai Ministry of Public Health and their aggregation in Section 2,
the predictive models used are briefly presented in Section 3 as well as the criteria used for
their evaluation. The results concerning the predictability of scrub typhus time series are
gathered and discussed in Section 4, before concluding in Section 5.

2. Data Time Series of Scrub Typhus Incidences

The analyzed data are provided by the Thai Ministry of Public Health. More than
110,000 individual cases have been diagnosed in Thailand between January 2003 and
December 2019. Each data record corresponds to a case and includes the code indicating the
geographical position of the hospital which took care of the patient, and other information
such as her/his age and occupation.

For our analysis, we retain as the date the one associated with the entry to the hos-
pital. The number of cases considered at too high a spatial scale of resolution leads to
unpredictable processes. Aggregating data at the provincial level and for each month is
a good compromise between structuring a consistent signal and sufficient length of the
time series. Figure 1 shows the series obtained for two provinces in northern Thailand.
The patterns of these two time-series are similar to those obtained for the other provinces
(as well as for the whole Thailand time series) where scrub typhus is endemic. The number
of cases is low until 2006-2007. Then the annual cycle becomes wider, with a strong annual
variability. A decrease in the cycle in 2016 and 2017 is not confirmed in the following years.
We can also see a non-linear rise in the base level, which we will consider to be a trend.
Our analysis focuses on those provinces where the number of cases (which we will some-
times call “incidence” a little improperly but for better readability of the text) is relatively
high. In fact, the majority of the 76 provinces only present very sporadic and low incidence
episodes. For this same reason, the prediction and the prevention that could make use of it
are not suitable for prompting the implementation of dedicated public health measures.
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Figure 1. Time series of the number of cases of scrub typhus per month from January 2003 to
December 2019 in Chiang Rai and Tak provinces.

3. Incidence Time Series Modelling

The ARIMA (autoregressive integrated moving average model), ARFIMA (autoregres-
sive fractionally integrated moving average) and fractional Brownian motion(fBm) models
are briefly described followed by the three criteria used to select the best performing candi-
date for making predictions. The ARIMA time series prediction method was proposed by
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Box and Jenkins in the 1970s [12]. In general, a stationary sequence can establish a metrol-
ogy model. The unit root test is used to evaluate the stationarity of the sequence. Some
non-stationary sequences are convertible in stationary sequences with one or several appli-
cations of a difference operation (subtracting the previous datum to the current one).
A difference-stationary or unit root I(D) process is a process that makes a sequence
stationary by taking D differences, the integer D being the degree of the model. The
ARIMA (p, D, q) model is essentially a combination of difference operations and ARMA
(p, q) model (linear combination of the previous p terms for the autoregressive polyno-
mial in the lag operator, and updated q terms entering the moving average polynomial).
After transforming the original data in a stationary time series (when possible), an ARIMA
model is sought by estimating its parameters. The data autocorrelation and partial au-
tocorrelation functions are used to estimate the (p,q) parameters. Then the polynomial
coefficients of the model are estimated using a least squares or maximum likelihood
method [13,14].

The ARFIMA model [15] is a good candidate for data time series with long-term
memory. Recently, Kartikasari et al. [16] successfully applied ARFIMA models to predict
the occurrence of new cases of patients dying from coronavirus disease 2019 (COVID-19)
in Indonesia over a 3-month period. In contrast with ARIMA model, the differencing
parameter d which governs the memory of the process is fractional (not integer; [17])
and reflects a property inherent to the processed time series. The type of time series
(coloured noise) and model’s degrees of freedom required to ensure an accurate prediction
of the time series must be determined (with semi-parametric estimators, [18]). Parameter
d is estimated by a nonlinear least squares method using time-domain approach [19].
The (p,q) values and coefficients of the ARIMA (p,D,q) and ARFIMA (p,d,q) model are
estimated with the Software EViews 3 [20].

Hurst exponent H is a measure of the long-term memory of the stochastic process
underlying a time series. A value of H = 0.5 indicates the lack of memory in the data (Wiener
process, white noise). The closer the value of H to 1, the higher the persistence of long-
term addiction (positive correlation). The data sample exhibits a persistent behavior when
0.5 <H < 1. In such case, if the series increases (decreases) in the previous period, then there
is a significant probability that it will maintain this tendency for some time in the immediate
future. By contrast, the range 0 < H < 0.5 corresponds to an anti-persistent series (negative
correlation), a behaviour all the more marked as H approaches zero. There are several
methods for estimating the Hurst exponent of time series with different sizes [21-23].
Figure 2 provides the highest Hurst exponents found at the province level in Thailand.
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Figure 2. Hurst exponents for Thailand and provinces with H > 0.7 and stationary scrub typhus
incidence time series.
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The forecasting of the values of a Fractional Brownian Motion is possible only for the
persistent case. Indeed, the fBm [24,25] generalizes Brownian motion with time increments
not necessarily independent. fBm probability distribution is self-similar. It is a function of
the Hurst exponent as is fBm autocorrelation. Having a null expectation, its use as a model
of empirical time series requires the prior withdrawal of the data trend. We model the data
trend with an ARIMA process. The Hurst exponents and fBm models are estimated with a
R-package [26-28].

In the test phase of candidate models, predictions of the number of scrub typhus
cases are made on dates for which we already have actual observed data. Each model is
optimized based on the data of the learning window and the prediction is performed for
the following h_p =1 to h_p = 14 months (h_p denoting a prediction horizon). By doing
this over the entire length of a time series of observations, we can estimate the average
performance of each model and compare it with that of other models. For this we use the
following three criteria. Conventionally, the criterion R2 (or coefficient of determination)
measures the proportion of variance of the observed data which is explained by a model
(here in predictive mode). The criterion R2 takes the value 1 when the data explained
(or predicted) coincide exactly with the observations. The Akaike criterion is a measure of
the compromise established between the good fit of the data by a model (using a R2-like
criterion) and the parametric frugality of the model. Indeed, too many parameters can lead
to an adjustment which integrates noise but too few parameters do not allow us to adjust
to all the variability of the signal. When comparing models fitted to the same time series,
the one with the lowest Akaike criterion value is to be preferred. The Durbin-Watson test
is also applied in order to check that the residues (observed minus predicted data) are not
correlated (which would introduce an estimation bias of the R2 performance criterion of
the model, while omitting a fraction of the signal). A value of 2 of the test indicates that the
residuals are fully uncorrelated. These criteria or tests are applied to all models combined
with the learning windows in order to estimate their relative predictive performances.
Used in conjunction, they provide a good basis for selecting a model for predicting the
number of scrub typhus cases.

4. Incidence Predictability: Results

Three models are in competition: ARIMA, ARFIMA and fBm combined with an
ARIMA model to capture the trend of time series (this combined model is denoted fBm*).
We rule out the fBm model alone because it does not correctly reproduce the trend of
the time series. Each model is optimized to fit the number of cases monthly data in a so-
called learning window. The length q of these windows, of 12 (one year), 25 or 50 months
(a little more than two and four years respectively), is attached to the label assigned to
each model. Adjustments on training sets of q = 6 months have not given satisfactory
results and are ruled out. They do not even adequately capture the annual cycle of scrub
typhus incidences.

Once adjusted to the monthly data of the training window, a model is used to predict
the number of scrub typhus cases over the next 14 months. As the predictions being
made in past years, they can be compared to available data of the Thai Ministry of Public
Health. The procedure is repeated throughout the data time series. The performances of
the different models are thus evaluated and compared. The results are presented here for a
prediction horizon h_p ranging from 1 to 3 months, a period of anticipation of incidences
useful for the implementation of preventive health measures. Naturally, the performance
of the models deteriorates for longer-term predictions. The inspection of the results does
not show any exploitable results for longer horizons (h_p > 4), which the dominance of
the incidences’ annual cycle and inter-annual variability could allow one to hope.

National level: each of the three models is applied with the three learning windows to
the data aggregated at the Thailand level. To compare the performance of the models and
their configuration of use, the values of R2 of the prediction horizons of 1, 2 and 3 months
are averaged to give a “R2 indicator”. This procedure makes it possible consider the best
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score—obtained for h_p = 1 month—but also the decrease in this score over the period of
interest for health prevention. The same procedure is used to produce an Akaike indicator
and a Durbin-Watson indicator. The results are collated in Figure 3 for comparison.
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Figure 3. R2, Akaike and Durbin—-Watson (DW) indicators of ARIMA (autoregressive integrated
moving average model, ARFIMA (autoregressive fractionally integrated moving average) and fbm
plus ARIMA-trend” (labelled fBm*) models” performances for 3 learning windows (12, 25 and
50 months) with Thailand level incidence data (see text).

In most cases, the comparison of entities on the basis of three criteria does not con-
stitute an order relation which would unambiguously designate the entity to be retained,
but a partial order [29]. Because it directly concerns the prediction of the number of people
affected by scrub typhus, we will primarily consider the score of R2 indicator, and use
the other two indicators in addition. The sole Akaike’s indicator would systematically
disqualify the fBm* model which combines the parameters of a fBm model and of an
ARIMA model for the trend. However, fBm* gives results of the same order as the other
candidates in terms of R2 or Durbin—Watson indicators (whereas ARIMA or ARFIMA
models associated with a similar Akaike criterion perform less in terms of R2).

Among the nine configurations tested, fBm*_50 presents the best R2 indicator
(and criterion with R2 = 0.57 for h_p = 1) as well as fBm*_25 in second position. Un-
surprisingly, these two models have a number of parameters which tend to disqualify them
compared to other models, in particular ARFIMA_12. However, with a DW indicator of
2.01, (2.21 for fBm*_25 and 2.13 for ARFIMA_12), it turns out to be our preferred candidate.
On the other hand, the configuration using training windows of q = 12 months leads to
models that leave correlated prediction residuals (DW indicator furthest from 2). It is
excluded from analyses at the province level.

Provincial level: we focus here on four provinces with high Hurst exponents
(Table 1). These are also provinces where the number of people infected is the high-
est each year, while some other provinces have almost no cases. Provincial government
bodies enjoy the autonomy necessary to implement preventive health measures in their
territory. Therefore, it is at this administrative scale that prediction may be the most useful
and effective. By comparing the performance of the models for each province as we did
previously (with q = 25 and q = 50 learning windows), we end up with the selection of
models presented in Table 1. Except for the province of Tak, the R2 indicators are higher
than 0.5. The best score (0.62) is obtained in Chiang Mai, a province of northern Thailand.
The R2 associated with the only prediction horizon h_p = 1 month is 0.72.
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Table 1. Best models for provinces with Hurst exponents higher than 0.7, and their performance
indicators. The R2 score for h_p =1 is given in parenthesis.

Province Hurst Best R2| Akaike | DW
Model Indicators
U. Ratchathani 0.74 fBm_25 0.52 (0.53)116.0512.02
Chiang Mai 0.77 ARFIMA_50 0.62(0.72)19.7011.99
Chiang Rai 0.82 fBm*_50 0.59 (0.63)120.1012.02
Tak 0.83 ARFIMA_25 0.47 (0.51)110.2211.97
Thailand 0.93 fBm*_50 0.53 (0.57)118.5512.01

The other provinces show scores comparable to those of Thailand, although their
Hurst exponent, and therefore the memory measure of the number of people infected
with scrub typhus, is significantly lower. The Durbin-Watson indicator indicates a lack
of correlation of the residuals, and the Akaike indicator primarily reports the number of
parameters in each model. Figure 4 shows as an example the observed time series of Tak
province, the predicted data with 3 months of antecedence (h_p = 3) as well as the scatter
plot of the prediction residues.
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Figure 4. (Top) Observed and predicted time series of scrub typhus cases for Tak province with
ARFIMA_25 model and hp = 3 months; (Bottom) scatter plot of the residues (observed minus
predicted data).

Very similar figures are obtained for the other provinces and for Thailand. The number
of scrub typhus cases is a positive variable. The models predict fairly well the local minima
of the series, associated with the months of December through April of the following year.
The scatter diagram (Figure 4 bottom) shows that the maxima are almost systematically
underestimated. The models provide a low estimate of the number of scrub typhus cases
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to come in the following months which, in itself, is useful information for provincial
governments. However, this is another observation that catches our attention. It is neither
always the same type of model (fBm* or ARFIMA), nor the same training length (q = 25
or q = 50), which offers the best predictive capacity. Added to this is the fact that in some
provinces an ARIMA model has a performance only slightly inferior to that of the best
model. On the other hand, nothing in Table 1 indicates that a long learning window is
preferable when the Hurst exponent is higher, neither that national-level data aggregation
is more predictable (compare models” performances in Chiang Mai or Chiang Rai with
Thailand). Nevertheless, the results show that models are available to produce a low
estimate of the number of scrub typhus cases in the next 2 or 3 months in the provinces
where the disease is endemic and has the highest incidence.

Thailand Ouverview and Discussion

None of our results militate in favour of a “universal” model, in the sense that it would
apply to all provinces with equal success and would emerge as the best representation of the
epidemic dynamics of scrub typhus, at least in Thailand. It should also be remembered that
in most provinces the series are generally not stationary, nor can they even be transformed
into stationary series. Our understanding, therefore, tends more in the direction of an
out-of-equilibrium dynamic, somewhat latent (weak background signal), which would
take off towards a more stable regime in favour of contingent local ecological, social and
environmental conditions. It is the establishment of this stable regime and time series
regular behaviour that would condition the capacity to predict with a few months of
antecedence the number of scrub typhus cases, aggregated at the correct spatial and
temporal scales (in this case the province and the month).

Therefore, the most useful strategy is to select a model and a learning window adjusted
to each province whose Hurst exponent is greater than a threshold value (e.g., H_threshold
= 0.6). The prediction horizon must also be adapted to each provincial context so as
to operationalize a compromise between: (1) an acceptable level of performance for the
predictions; (2) taking into account the incubation times of the disease and diagnosis in a
hospital; (3) taking into account the delays for implementing public health measures aimed
at preventing the resurgence of cases and reducing the incidence of scrub typhus.

The preventive public health actions, scaled according to the low estimates of the
predictions, could be implemented by the authorities in the districts where the cases
are concentrated rather than at the level of an entire province. Data analysis identifies
those districts whose relatively persistent ecological and social factors favour the annual
recurrence of local scrub typhus epidemics. Let us add that the results presented here
give a reference level against which to develop other more efficient modelling approaches
(if there are any). Along with other model performance indicators that may obscure their
ultimate utility, the production of reliable predictions of scrub typhus incidences remains
both an excellent criterion for qualifying models and a challenge for research.

5. Conclusions

In the Thai provinces where scrub typhus is endemic, the prediction of the monthly
number of cases is a public health issue of interest for implementing preventive mea-
sures. Applying a difference operation makes the observed data time series station-
ary. The selected series have a Hurst exponent greater than 0.7 and, therefore, a long-
term memory making them suitable for a prediction over horizons of several months.
The ARIMA, ARFIMA and fBm models of these time series, adjusted on moving training
windows of approximately 1, 2 and 4 years, are put in competition in order to iden-
tify the best prediction options and evaluate their performance from three criteria (R2,
Akaike and Durbin-Watson). Predictions for horizons spanning 1 to 14 months are com-
pared to existing observations (up to 2019). The results obtained allow operational use of
the predictions of scrub typhus epidemic events in the provinces concerned with up to
three months of antecedent. However, it is neither the same model nor the same size of
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learning window that give the best predictions from province to province. The performance
of the models presented constitutes a benchmark against which several improvement strate-
gies are possible. These analyses also suggest that the ability to predict the number of scrub
typhus cases (and even of other infectious diseases) several months in advance is a real
challenge that modelling should not avoid.
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