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Abstract: The multifractal relationship between reference evapotranspiration (ETy), computed by the
Penmann-Monteith equation (PM), relative humidity (RH) and mean surface temperature (Tyeqn)
was studied in the middle zone of the Guadalquivir River Valley (south Spain) in a previous study.
This work extends that study to the average wind speed (U>) and solar radiation (SR), focusing
on more recent years. All agro-meteorological variables were analyzed by multifractal detrended
cross-correlation analysis (MFCCA) and multifractal detrended fluctuation analysis (MFDFA). The
outcomes revealed persistent long-term autocorrelations, with Ty;eqn and RH having the highest
persistence (H > 0.75). More precise results of multifractal properties than in the previous study were
obtained for ETy, Tinean, and RH due to the elimination of trends in the signals. Only medium and
large fluctuations in ETy showed multifractal cross-correlations with its controlling factors, except
for Up. Moreover, joint scaling exponents differed from individual exponents. These phenomena
contrast with what has been observed in previous cross-correlation studies, revealing that some
differences exist in the dynamics of multifractality among the analyzed variables. On the other hand,
the Tyean—ETp relation showed that extreme events in ETj are mainly ruled by high temperature
fluctuations, which match conclusions drawn in the previous study:.

Keywords: reference evapotranspiration; persistence; multifractal cross-correlations; scaling
exponents; meteorological factors

1. Introduction

Evapotranspiration is an important variable for scheduling irrigation systems and
water resource planning, which directly influence crop yield and are strongly dependent on
climatic conditions [1]. This variable is the combination of two factors: water evaporation
from the soil, ruled by climatic conditions, and crop evaporation and transpiration, which
are governed both by physical and biological processes [2]. In 1975, the United Nations
Food and Agriculture Organization (FAO) established a conventional computing technique
to determine an approximation of actual evapotranspiration when measuring it using
lysimeters and evaporation pans is not possible. It simply involves separating these
two factors into two different variables: reference evapotranspiration (ETj) and crop
coefficients [2—4]. The former variable describes maximum evapotranspiration based on a
reference crop: a natural grass surface with some specific features [5]. The most frequently
used ETy computing methods are based on the Thornthwaite, Hargreaves and Penman-
Monteith (PM) equations [6]. However, the superiority of the FAO-56 PM equation [3] over
other equations has been demonstrated [7,8].
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Reference evapotranspiration has been a widely studied variable in the last decades, in-
cluding investigations of its temporal and spatial patterns related to the climate
change [1,6,9-11] and its role in models of the phenological response of olive crops [12].

Different agro-meteorological variables (such as ETj, surface temperature, and wind
speed), are characterized by nonlinear characteristics which evolve differently at distinct
timescales, showing a multifractal nature [13]. The multifractal theory states that some
systems and, particularly, some time series might be described by a combination of mixed
fractal subsets [14,15], each characterized by a different scaling exponent or singularity
strength [2,16]. The variable ETj has also nonlinear relationships with its controlling factors,
which reveals multifractal cross-correlations, as has been shown in previous studies [17-20].
Therefore, the study of the nonlinearity and scaling properties of ETp might be of help in
improving the modelling of the interrelationships between these variables [17,20].

A common method for studying the multifractality of a nonlinear time series is
multifractal detrended analysis (MFDFA), proposed by Kantelhardt et al. [21]. However,
to analyze the multifractality of cross-correlations between two time series, multifractal
detrended cross-correlation analysis (MFCCA) is increasingly being used [22-24]. This
technique was proposed by O$wiecimka et al. as a proper generalization of the computation
of the fractal cross-correlation scaling exponent, A, for different statistical moments to
determine multifractal cross-correlations between two time series [25]. The A exponent is
based on the detrended fluctuation analysis (DCCA), which was first used by Podobnik
and Stanley [26] to investigate power law correlations between different time series in
the presence of nonstationarity. Additionally, it quantifies the strength of these cross-
correlations for fluctuations of different sizes, identifying the main dominant fluctuations
in the interaction between different variables [27].

In a preceding study, multifractal relations between ETy and two of its predictor vari-
ables, mean temperature (Tyeqn) and relative humidity (RH), were found in the area of the
middle zone of the Guadalquivir River Valley (south Spain) by using joint multifractal anal-
ysis [2]. Despite the successful application of this methodology in different fields [28-30], it
presents some difficulties when attempting to interpret more than three variables’ distribu-
tions [2]. For this reason, a study of correlations between ETy and meteorological variables
using a method whose results are more easily interpretable, such as MFCCA, is relevant for
a better understanding of the interactions between these variables. This method has gained
popularity in the study of ETj in recent years [17,19]. Therefore, the aim of this study is
to extend the research into the interaction of ETj in the work of Ariza-Villaverde et al. [2]
with the mentioned Tj;eqn and RH, as well as the average wind speed at 2 m above the
surface (L) and solar radiation (SR). For this purpose, an agro-meteorological time series
of 21 years data (in the period 2001-2021) and daily resolution were selected to be analyzed.
Individual multifractal exponents were also computed by MFDFA to compare them to the
cross-correlation results.

This work is organized as follows: Section 2 describes the area of study, data infor-
mation of agro-meteorogical variables, and the methodology used; Section 3 contains the
results and discussion; and Section 4 contains the conclusions drawn from these results.

2. Materials and Methods
2.1. Data

Daily records of mean temperature (Tyeqr), relative humidity (RH), wind speed at
2 m heigh (Uy), and solar radiation (SR) in the period 2001-2021 were used in this study
(a total of N = 7670 data). Raw data from climatic variables had less than 1% missing
values and were obtained from the Open Data website https://www.juntadeandalucia.
es/agriculturaypesca/ifapa/riaweb/web/datosabiertos (accessed on 27 December 2022).
Missing values were omitted in our calculations. The station is located in the city of
Cdrdoba, southern Spain (37°51'25” N, 4°48'10” W; 94 m above sea level) and belongs to
the Agroclimatic Information Network of Andalusia. The maintenance of this network
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and the cited website are carried out by the IFAPA (Andalusian Institute for Research and
Training in Agriculture, Fishery, Food and Ecological Production) [31].

The area of study is characterized by a continental Mediterranean climate [32]: a
temperate climate with dry and hot summers, classified as Csa according to the Képpen
climate classification [2]. Reference evapotranspiration data from the same period were
computed by the IFAPA from the climatic variables according to the FAO-56 Penman-
Monteith (PM) equation [3]. All data series can be seen in Figure 1 and the main descriptive
statistical parameters can be found in Table 1.
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Figure 1. Meteorological time series and reference evapotranspiration. (a,c,e,g i) Original series. (b,d,fh,j)
Daily anomalies of time series. (a,b) Mean temperature (Tjean). (¢,d) Relative humidity (RH). (e, f) Wind
speed at 2 m heigh (Uy). (g/h) Solar radiation (SR). (i,j) Reference evapotranspiration (ETy).

Table 1. Statistical properties of the agro-meteorological time series.

Variable Maximum Minimum Mean SD
Tnean (°C) 34.71 0.05 17.66 7.42
RH (%) 100 21.12 64.03 18.38

U, (m/s) 8.22 0.03 1.62 0.75

SR (M]/mzday) 33.25 0.58 17.85 8.43
ETy (mm) 10.25 0.38 3.86 241
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2.2. Seasonal Detrending

The agro-meteorological time series display seasonal trends (see Figure 1). Because
periodicities can influence the analysis of nonlinear properties of time series [17,33], the
seasonal component of these series must be eliminated before applying multifractal meth-
ods. For this purpose, the standardized anomalies of daily series were obtained using the
following formula [16,34-37]: x} = (x; — ;) /0;, where ; is the calendar mean and o is the
calendar standard deviation.

2.3. Multifractal Detrending Analysis Algorithms

The MFCCA and MFDFA algorithms are closely related. The former is based in DCCA
and was conceived by O$wiecimka et al. [25] to study the multifractal cross-correlations
between two time series. The MFDFA method was developed by Kantelhardt et al. [21] as
a generalization of the detrended fluctuation analysis [38] to obtain the scaling properties
of one single multifractal stationary or nonstationary signal. Both consists of the following
initial steps.

First, the integrated series after subtracting the mean or “profile” is computed in
MFDFA (MFCCA) for the (two) time series x; (x; and y;), withi =1, 2,..., N:

X(j) = 2, (i = %), Y() = 2, (i - 7) (1)

Next, the profile is divided (both profiles are divided) into N5 = floor(N/s) nonover-
lapping segments of length s, where floor(-) denotes the greatest integer number lower
than the quotient. The segments, v, must be taken in both directions [19] to avoid the
omission of the remaining part of the series in the calculations.

Then, for each one of 2N; segments, the local trend of the profile (each profile) is
obtained by fitting a polynomial of order m (p ,, py ). Trends are subtracted from the
series and the detrended cross-covariance (detrended variance) can be computed as:

fﬁy(v,s) = %kgl{{x[(v—l)s—i—k] _p%l’(k)} @)

x{Y[(v —1)s+k] — P?,v(k)}}

forv=1,2,...,Nsand

(w9 =1 {XIN= (0= Nogs+K —pit ()}

®)
X {Y[N —(v—=Ns)s + k] — p¥ 1/(k)}}
forv =N;+1,..., 2N;.

It must be pointed out that the detrended variance is recovered in the MFDFA method
by setting x; = y; in Equations (2) and (3) [21]. Next, the average is computed over all
2N; segments for different g statistical moments and is repeated for different values of the
length or scale, s.

For the MFDFA method, the fluctuation function is obtained as:

2N; 1/q
Fi(s) = {211\15 L {fxxzw,s)}m} @

v=1

For g = 0, the expression in Equation (4) diverges and a logarithmic averaging
operation must be applied instead.
If the analyzed signal has long-range power law-correlated fluctuations, the fluctuation
function can be expressed as:
Fi(s) ~ sha) (5)
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The scaling exponent, 1(g), can be computed by the least-squares regression of F9(s)
versus s in a log-log plot and is called the generalized Hurst exponent [39]. In fact, /1(2) coin-
cides with the value of the well-known classical Hurst exponent [39,40] for stationary series,
whereas for nonstationary series the Hurst exponent is obtained from H = h(2) — 1 [16].
For positive values of g, h(q) describes the scaling behavior of the large fluctuations whereas
for negative q it is related to the scaling behavior of the small fluctuations.

From h(q), other interesting exponents can be derived [19]. The singularity exponent,
, and its spectrum, f(a), were considered relevant for this study since their results are
widely used to assess the complexity of the studied signals [16,41-45]. The singularity
exponent or Lipschitz-Holder exponent, a(g), can be obtained as:

a(g) = dflff) ©)

where 7(¢) is the mass exponent and can be computed from the expression 7(g) = gh(gq) — 1 [21].
Then, the singularity spectrum or multifractal spectrum f(«) can be computed by means of
the Legendre transformation:

f(a) =qa(q) —7(q) 7)

Plots of f(a) vs. « commonly have the shape of a concave down parabola with different
properties which characterize them: the singularity of maximum spectrum, «, the width,
W = Qmax — Xpin, and the asymmetry of the spectrum. The first property correspond to the
most dominant scaling behavior, while the width indicates the strength of the multifractality
of the signal [43]. Asymmetry is measured in different ways in the literature [41,43,46].
Here, the asymmetry index (Al) was used, in a similar manner as previous in studies of
reference evapotranspiration [17,19]:

o AD(L — AIXR

Al = ——
Aap + Aag

®)
where Axp = ap — &piy and Aag = ayax — &g are, respectively, the widths of the left and
right tails of the spectrum. Positive values of the Al describe left-skewed spectra, i.e., the
left tail is wider than the right one [47]. These signals are characterized by more complex
extreme events or large fluctuations and more regular and frequent small fluctuations. The
opposite happens with negative values of the Al (right-skewed spectra), where spectra
exhibit small fluctuations with fine structure. If the Al is zero, the spectrum is symmetric
and the complexity of small fluctuations is similar to large fluctuations.

The cross-covariance obtained in MFCCA, unlike the detrended variance, can be
positive or negative [25], and the gth-order covariance function is computed regarding

the sign:
2Ns

Fy6) = ;L [Aos)]

9]} ©

where sgn(-) denotes the sign function.
In this case, if both series are long term power-law cross-correlated, the covariance
function is expected to exhibit the following relation:

ngy(s)l/q = Fy(q,5) ~ sM4) (10)

where Fﬂy(s) =— ’F,‘Zy(s)‘ if the qth-order covariance function is negative and A(g) is the

multifractal cross-correlation exponent and describes the fractal properties of the cross-
covariance [25]. Note that Equation (10) is similar to Equation (5) in the MFDFA method.
For monofractal cross-correlation, A is independent of g4 and has the same value obtained
by DCCA [26]. For multifractal cross-correlation, the value computed by DCCA is equal to
the multifractal exponent for the second statistical moment, A(2).
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Kwapien et al. defined the gq-dependent detrended cross-correlation coefficient as the
ratio between the detrended covariance (F,{?y (s)) and variance (F1, (s)) functions [27]:

Fy(s)
pq(s) = p = 7 (11)
Fxx(s)FW(S)
For q = 2, the definition of the standard detrended cross-correlation coefficient

(0pcca(s)) is retrieved [48]. However, the definition of a g-dependent coefficient allows the
characterization of the cross-correlation of large and small fluctuations between both series
for statistical moments which are higher or lower than 2, respectively [27]. For g > 0, values
of this coefficient are bound within the same range as ppcca(s): —1 < py(s) < 1. For nega-
tive moments, the computation of p;(s) can lead to very large absolute values that deviate
greatly from 1 due to very small values in the denominator in Equation (11). According to
Kwapien et al. [27], this issue might be addressed by applying the multiplicative inverse of
those values higher than the unit and the result, pj (s), is then within the range [-1, 1]. If
the signal fluctuations (for g < 0) are weakly cross-correlated or are uncorrelated, values
of this function either violently fluctuate within the interval [—1, 1] or are close to zero.
On the contrary, if small fluctuations are cross-correlated, a stable non-zero function pj (s)
is obtained for g < 0 and some scales, even if the original values of the cross-correlation
coefficients exceed 1 [27].

3. Results
3.1. MFDFA of Agro-Meteorological Times Series

MFDFA was applied to all four meteorological variables and ETy, considering a range
of scales, s, between 8 and N /10 days, with steps of 1 day, and values of g between —4 and
4, with steps of 0.2. These values are similar to those used in previous studies [2,13,17,19].

As Oswiecimka et al. state, the effects of trends in analyzed data is one of the problems
that multifractal analysis has [49]. The polynomial of order two is most frequently used for
detrending in MFDFA, however, this sometimes leads to less accurate results than using
polynomials of higher orders, as the mentioned authors show. To investigate the optimum
polynomial order, polynomial orders from m = 1 up to 5 were chosen and the computation
of the gth order detrended fluctuation functions were obtained in every case. Next, the
polynomial order of trends for which the fluctuation functions better fitted to a power
law (which yielded the highest Pearson correlation coefficients in the fits of the log—log
plots) was chosen. We found that m = 3 was the best order of the polynomial to perform
the analysis.

The fluctuation functions computed for the detrending polynomial order m = 3 and
q = [—4,—2, 0, 2,4] are shown in Figure 2 for every agro-meteorological variable, and it
can be seen that they are in increasing order of 4. The log-log plots of F7(s) vs. the scale,
s, fit well to a straight line for every moment g and for a wide range of scales between
15-20 and 172-335 days. Fluctuation functions for every g and all agro-meteorological
variables show Pearson correlation coefficients that exceed the value of 0.990. According
to the protocol of Makowiec and Fuliniski [50], scaling exponents can be considered as
representatives for the underlying scaling phenomena when a linear approximation for
each ¢ in a logarithmic scale of the fluctuation function vs. s dependence over the same
range of scales has a Pearson correlation coefficient higher than 0.98.

Generalized Hurst exponents or slopes from these fits with their statistical errors
can be seen in Figure 3a. Since all the scaling exponents were higher than 0.5, small and
large fluctuations of every variable displayed persistent long-range correlations. Similar
outcomes have been obtained by other authors for the time series of daily maximum air
temperature, minimum air temperature, and ETj recorded in years 1992-2019 in India, and
time series of daily air temperature, RH, SR, wind speed, air pressure, and ETy recorded in
the years 1961-1990 in California (USA) [17,19]. Moreover, different scaling exponents for
every g can be observed, which confirms their multifractal nature. The RH series exhibits
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the curve with the highest exponents for almost all the statistical moments considered,
which means that this variable presents the most persistent correlations. For large and
medium fluctuations, RH was followed in order of strength of correlations by Ty;ean, SR,
ETy, and U,. For small and very small fluctuations, SR and RH both had the strongest
correlations, followed by Teqn, ETp, and Up. This is due to the broad range of scaling
exponents (Ah(g)) that SR shows, approximately twice the value of the other variables (see
Table 2). This denotes that the SR series exhibits the highest degree of multifractality and is
the most complex signal.
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Figure 2. Detrended fluctuation functions F1(s) (gray dashed lines) with their linear fits (red solid
lines). For reasons of clarity, only fluctuation functions and their fits for g = [—4, -2, 0, 2,4] are
displayed. (a) Tyean. (b) RH. (c) Up. (d) SR. (e) ETp.
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Figure 3. Multifractal plots of agro-meteorogical variables. (a) Generalized Hurst exponents. (b) Mul-
tifractal spectra.

Table 2. Multifractal parameters of the agro-meteorogical variables.

Variables H Ah(q) ag w Afla) Al
Tinean 0.764 0.137 0.794 0.265 0.364 —0.333
RH 0.831 0.112 0.857 0.199 0.264 —0.363
U, 0.668 0.089 0.688 0.176 0.219 —0.193
SR 0.729 0.238 0.771 0.479 0.800 —0.540
ETy 0.707 0.067 0.725 0.127 0.134 0.094

In Figure 3b, multifractal spectra of these variables are depicted. As can be seen in
the figure, they are ordered from higher to lower value of ag (from right to left), where
a lower value implies a less correlated signal (and one which has more complex small
fluctuations). The width is much higher for the SR time series, again denoting a higher
degree of multifractality for this variable. Additionally, the right tail of this spectrum
indicates that small fluctuations of SR exhibit a fine structure which is characterized by the
largest range of f observed in these variables (see Table 2). Lastly, the Al suggests that all
meteorological variables had slightly right-skewed spectra, where SR was noticeable by its
clear asymmetric shape, whereas ETy displayed an almost symmetric multifractal spectrum
with a small deviation to a left-skewed spectrum. This means that the small fluctuations
of the main controlling factors of ETj had fine structure and were more complex, whereas
those observed in reference evapotranspiration were more regular and homogeneous.
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These outcomes differ considerably from those obtained by the joint multifractal
analysis in the same area of study in the previous research [2]. Even though a higher
number of years were analyzed here, different individual multifractal spectra for ETy,
Tinean, and RH and their deviation from & ~ 1 can explained due to the elimination of the
trend component in MFDFA, which is known to affect the multifractal properties [33,49].

3.2. MFCCA of Meteorological Times Series with ETy

Similarly, the MFCCA method was applied to pairs of meteorological factors and ETy
with the same range of 4 moments and scales, s, used in the application of MFDFA. The
same procedure explained in Section 3.1 was performed to find the optimum polynomial
order of trends. Once again, the best order of polynomial to eliminate trends was observed
tobem = 3.

Log-log plots of detrended cross-covariance functions F;Zy (s)1/4 for different values
of g vs. s are shown in Figure 4. It was found that the covariance function of RH and ETj
was negative, as might be expected, since a rise in one variable results in a reduction in the
other and vice versa. For relatively high positive moments and several scales, covariance
functions follow a power law. For negative and low positive moments, they are almost
zero or display violent fluctuations around zero, with a sign which strongly depends on
the timescale, leading to irregular curves like those shown in the figure. Consequently,
meteorological variables do not show power law cross-correlations with ETy for small
fluctuations. Only the covariance between U, and ETj also show a nonlinear scaling with
violent fluctuations for g > 0 and all scales (Figure 4c), denoting that neither variable
exhibits multifractal cross-correlations.
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10”
107
2R | L B A LS B A | LI S R SR | BB a | LI S B B A | L L LR R |
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Figure 4. Detrended cross-covariance functions F,?y(s)l/ 1. For reasons of clarity, only fluctuation
functions for g = [—4, —2, 2, 4] are displayed. (a) Tyean—ETp. (b) RH-ETy. (¢) Uy—ETy. (d) SR-ET.
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The existence of power-law cross-correlations between pairs of these meteorological
factors and reference evapotranspiration have also been observed in previous studies [17,19].
However, in those studies they were observed for fluctuations of any magnitude. In this
study, we have established that only large and medium fluctuations exhibit power-law
temporal correlations, whereas correlations between small fluctuations do not follow
Equation (10) or are negligible (see Figure 4). A similar behavior was found for several
time series in a financial context [23,25,47].

Log-log plots of the second-order covariance functions, ng(s)l/ 1, of each meteorolog-
ical factor with ETy and second-order variance functions, F2(s), obtained in the previous
section, are shown together vs. the scale in Figure 5. Linear trends (solid lines) of F,%y(s)
and F?(s) with scale can be noticed in Figure 5a,b,d, showing the power-law scaling of
these functions. Correlation coefficients of linear fits for these curves can also be seen
in this figure. Once again, the protocol of Makowiec and Fulifiski was applied to the
detrended cross-correlation functions to consider the scaling exponents as representatives
of the scaling phenomenon [50].
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Figure 5. Detrended variance and covariance functions for 4 = 2 of meteorological variables with ETy
(dashed lines) and their linear fits (solid lines). (a) Tean—ETy. (b) RH-ETy. (c) Uo—ETy. (d) SR-ETy.

The multifractal cross-correlation exponents A(g) for ¢ > 0 in the Tyean—ETy, RH-ETy,
and SR-ETj links are shown in Figure 6 (black triangles) together with their individual
scaling exponents (green and red symbols). They were obtained by fitting the covariance
functions to a straight line in the ranges of scales [40, 96], [27, 236], and [36, 227] days,
respectively (see Figure 5). A(q) can only be computed for g > 1 in the case of the Tyean—ETo
relation and for g > 0.4 in the other two cases. Pearson correlation coefficients from least-
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squares regressions were higher than 0.980 for every value of g, and A(g) exponents were
all higher than 0.5 and had larger statistical errors than their individual counterparts. Fur-
thermore, they rapidly increased for medium fluctuations, showing a strong q-dependency
and, thus, multifractal cross-correlations.

h(a), A(a)
o
it

h(q), A(q)

Figure 6. Multifractal cross-correlation exponents, A(g), of meteorological variables with ETj and
their generalized Hurst exponents (q). (a) Tpean—ETy. (b) RH-ETy. (c) Up—ETy. Multifractal cross-
correlation was not observed in this case. (d) SR-ETj.

For the second-order moment, A(2) was approximately the average of the individual
exponents, h,, (see the small differences between both quantities, dy,(2) = A(2) — hyy(2),
in Table 3). However, for different values of g, A significantly deviated from hy, for medium
and relatively small fluctuations (Figure 6a,b,d) and for large fluctuations in the case of
Tinean and SR (Figure 6a,d). This phenomenon has not been observed before in recent
studies of the reference evapotranspiration, where multifractal correlation exponents stay
within the range of the individual scaling exponents [17,19]. According to Oswiecimka
et al., the difference between A(q) and hy,(q) arises from distinct values of proportionality
constants in the power law behavior of each process [25]. This fact suggests that the nature
and dynamics of multifractality of the meteorological factors and ETj differ considerably.
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Table 3. MFCCA parameters and Pearson correlation coefficient (p ) at a significance level of 0.01 of
the agro-meteorogical series.

AQ2) hxy(2) dyy(2) g w Af(w) Al P
Tinean/ ETo 0.732 0.736 —0.003 0.692 0.163 0.368 1 0.399
RH/ET, 0.798 0.769 0.029 0.786 0.064 0.122 1 —0.651
U,/ET, - - - - - - - 0.251
SR/ETy 0.719 0.718 0.001 0.705 0.089 0.173 1 0.618

The multifractal spectra of relations which exhibited multifractal cross-correlations
are depicted in Figure 7. These spectra were completely left-sided spectra (Al = 1) and
their most relevant properties can be seen in Table 3. Spectral widths were lower than the
width found for each individual variable, except for the T;eqn—ETp link (see Tables 2 and 3),
which might also be directly inferred from the wide range of exponents shown in Figure 6a.
This means that infrequent higher singularities of ET were mainly governed by extreme
temperature values, which is consistent with the conclusions drawn in a previous study [2].

1 -
0.9
0.8 1
T ]
0.7 1
] —— T .../ET,
0.6- —— RH/ET,
] —— SR/ET,
0.5 T T T I ' |
0.5 0.6 0.7 0.8
a

Figure 7. Multifractal spectra of various pairs of cross-correlations with ETy.

Lastly, Figure 8 shows the results of the q-dependent detrended cross-correlation
coefficient, which allows us to quantify the strength of correlations between different pairs
of links for fluctuations of different sizes.

Small and very small fluctuations of ETj did not exhibit cross-correlations with any
variable, since the normalized version of the coefficient p,(s) fluctuated around zero or
was highly unstable with violent fluctuations in the range [—1, 1] (see Figure 8a,b and
Section 2.3). For the sake of clarity, the coefficients for Tyean—ETo, Up—ETp and SR-ETj links
are not depicted in Figure 8b due to the extreme fluctuations observed in the range [—1, 1]
in these cases. Therefore, small fluctuations of ETj (for g4 < 0) do not show correlations
with meteorological factors.

Medium-sized fluctuations, described by the standard DCCA coefficient ppcca(s),
were weakly cross-correlated with all the analyzed meteorological factors for a wide
range of scales, with the RH and SR being the most correlated ones. As was expected,
the correlation between RH and ET, was negative. Correlations were more stable and
increased slightly with scale up to 60, 300, and 200 days (several months) for SR, RH, and
Tinean, respectively. On the contrary, correlations slightly decreased with scale up to 50 days
for U, becoming negligible (see Figure 8c). For the first three variables, these bounds are
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closely related to the upper limits of the best scales where covariance functions fit well to
power laws. From these boundaries, trends become more irregular and are inverted for
large scales, except for Tyean, whose trend changes twice.

—Tmean/ETO
(a) ——RH/ET, (b)
19— U,/ET, 14
0.5 0.5+
< 0 % 0
a a
-0.5 -0.5
-1 IIII T T T ||||l| T T T ||l|l| -1 TIII ] T I1IIIII T T Tl'l'lll
10 100 1000 10 100 1000
s (days) s (days)
(c) (d)
14 14
0.5 0:5+
v ] =
<
§ 0 ‘a:: 0
a | ]
-0.5_' w -0_5— W
-1 llll T T lllllll T T llll‘ll -1 lll' T T lllllll T T ll'l’ll
10 100 1000 10 100 1000
s (days) s (days)

Figure 8. g-dependent detrended cross-correlation coefficients p,(s) vs. the scale, s, for different
values of q. (a) ¢ = —4. (b) g = —2. Curves of the T;eqn—ETy, Up—ETy and SR-ETj links are omitted
because of the presence of violent fluctuations in the range [—1, 1]. (¢c) § = 2 (opcca(s))- (d) g = 4.

The Pearson correlation coefficients shown in Table 3 are close to the values of ppcca(s)
in every case, as occurred in a previous study [19]. Both coefficients clearly show the
existence of some correlations which cannot be fitted to power-law behavior between ETy
and U,. Nevertheless, they are only significant for low timescales, from days to weeks, and
are negligible for larger scales.

Very extreme events of ET can be analyzed for 4 = 4 and these are correlated with all
the meteorological factors, similarly to medium fluctuations, with a slight decrease in the
strength of correlations in every case.
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4. Conclusions

The behavior of five agro-meteorological variables in the middle zone of the Guadalquivir
River Valley (south Spain) revealed time series with persistent long-range autocorrelations
and multifractality. The variables Uy, SR, and ETy showed moderate persistence, while
Tinean and RH exhibited the highest persistence, denoting more predictable signals. Fur-
thermore, more precise results of multifractal properties than in a previous study [2] were
obtained for ETy, Tean, and RH due to the elimination of trends in the original signals.
The main controlling factors of ETy, especially SR, displayed complex small fluctuations,
whereas ETjy had more regular and homogeneous small fluctuations.

Tiean, RH, and SR exhibited multifractal cross-correlations with ETy only for medium
and large fluctuations. This suggests that complexity of ETy is mainly due to relations
between large events relating to various meteorological factors. On the contrary, previous
studies performed in other regions have found multifractal cross-correlations for fluc-
tuations of any magnitude [17,19]. Results of g-dependent cross-correlation exponents
confirmed the absence of correlations for small fluctuations, whereas correlations existed
for every variable for medium and large fluctuations. Tyeqn—ETy and RH-ETj links had
the strongest correlations. Correlations between ETy and U, were significant only for
small scales, which indicates that U, does not influence the complexity of ETj in the
area analyzed.

Joint scaling exponents, A, were close to the average of the individual scaling exponents
for g = 2, whereas they differed for small and large fluctuations, meaning that some
differences exist in the dynamics of multifractality among the analyzed variables. On the
other hand, the singularity spectra showed that the T};;eqn—ETp link had a wider spectra and
higher singularities, which means that infrequent extreme events in ETj are mainly ruled
by high fluctuations of temperature, which is consistent with the results obtained in the
previously mentioned study [2].

These conclusions allow confirmation of the usefulness of the MFCCA method in
identifying multifractal cross-correlations when more than three variables are involved.
Moreover, it has the advantage of being more easily interpretable than distributions of
many dimensions obtained by the joint multifractal method.
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