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Abstract: Bone marrow mechanical conditions play a key role in multiple myeloma cancer. The
complex mechanical and chemical conditions, as well as the interactions with other resident cells,
hinder the development of effective treatments. Agent-based computational models, capable of
defining the specific conditions for every single cell, can be a useful tool to identify the specific tumor
microenvironment. In this sense, we have developed a novel hybrid 3D agent-based model with
coupled fluid and particle dynamics to study multiple myeloma cells’ growth. The model, which
considers cell–cell interactions, cell maturation, and cell proliferation, has been implemented by
employing user-defined functions in the commercial software Fluent. To validate and calibrate the
model, cell sedimentation velocity and cell proliferation rates have been compared with in vitro
results, as well as with another previously in-house developed model. The results show that cell
proliferation increased as cell–cell, and cell–extracellular matrix interactions increased, as a result of
the reduction n maturation time. Cells in contact form cell aggregates, increasing cell–cell interactions
and thus cell proliferation. Saturation in cell proliferation was observed when cell aggregates
increased in size and the lack of space inhibited internal cells’ proliferation. Compared with the
previous model, a huge reduction in computational costs was obtained, allowing for an increase in
the number of simulated cells.

Keywords: in silico; 3D model; multiple myeloma; tumor aggregate; dense discrete particle model

MSC: 92-08

1. Introduction

Multiple myeloma (MM) is a heterogeneous cancer in the bone marrow, in which
malignant cells grow from the resident plasma cells. These malignant cells can spread via
the circulatory system and peripheral soft tissues [1]. MM is currently the second-most
common hematological cancer in the world, being the cause of 15–20% blood cancers,
and is incurable in most cases [2,3]. MM’s mortality rate is remarkably high, with less than
10% of patients achieving complete remission [1,2,4]. Appropriate diagnostic techniques
can be key to establish patient-specific therapies, such as autologous hematopoietic stem
cell transplantation—that may improve survival [1]. As this is a heterogeneous tumor,
with multiple conditions related to malignant cells, high rates of drug resistance are com-
mon [1]. Likewise, the interaction of myeloma cells with the extracellular matrix (ECM) and
other resident cells can also increase the risk of metastasis [4–6]. Indeed, the mechanical
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properties of the ECM have a high impact on both cell motility and the multiple myeloma
cell (MMC) proliferation rate [4–6]. Feng et al. (2010) reported an increase in MMC stiffness,
associated with the activation of focal adhesion kinases (FAKs) in hydrogel matrices as the
collagen concentration increased [6]. In turn, this increased stiffness resulted in an increase
in cell motility and tumor growth. A similar phenomenon was also observed when MMCs
interacted with different cells in their microenvironment, such as mesenchymal stem cells
(MSC), which increased tumor growth [5–7]. As such, the mechanical properties of the
cellular environment, the ECM’s stiffness and cell–cell interactions, for instance, seemed to
play a key role in tumor development, thereby affecting treatment efficacy and metastasis
risk [5,8].

A better understanding of this heterogeneous tumor should lead to the development
of new and more efficient treatments and better diagnostic techniques. In this regard,
microfluidic chips and hydrogel matrices are widely used to study the cell response to
different stimuli produced by the culture medium’s mechanical properties and mechanical
interactions with other cells in the tumor environment [9,10]. However, given the complex
nature of the bone marrow microenvironment, adjusting in vitro culture conditions to
mimic in vivo conditions is not always straightforward [11,12]. In this sense, computational
models can play a key role in conducting preliminary studies of these conditions, thereby
allowing lower costs, as well as saving time [13,14]. In this context, there are two broad cat-
egories of computational models: 1—Continuous computational models, which are widely
used to analyze the cell culture conditions—such as fluid dynamics, nutrients, chemical
species’ concentrations [15–17]—and cells’ distribution in the medium [18–20], but which
cannot analyze cell–cell and cell–ECM interactions, are critical for understanding MMC
behavior; 2—Single-agent models, which can provide detailed information about each
single cell considered—including their response to the cell-specific mechanical, chemical,
electrical, and thermal stimuli received from their surrounding microenvironment [21–30]—
but these are limited to small cell populations and require a detailed characterization of the
cell environment.

Herein, we present a novel computational multiphase model designed for the ad-
vanced analysis of cell–cell, and cell–ECM interactions during MM tumor evolution. This
model defines cells using the discrete particle model (DPM) in a fluidic environment, in
which fluid and particle dynamics are coupled, thereby combining the concepts of the
previously mentioned models (continuous and single-agent models) to enhance the per-
formance of single-agent models while maintaining the advantages of continuous models.
The cell processes are implemented via user-defined functions (UDF), taking into account
fluid dynamics and cell-specific conditions.

This approach offers a valuable tool to support in vitro experiments by providing
detailed information about the specific MMC environment and opening novel perspectives
on the cell–ECM and cell–cell interactions.

2. Methods

The present computational model was developed to analyze the interactions between
MMCs and their ECM. It couples particle dynamics with fluid dynamics, considering
cell–cell interactions by analyzing the cells using the discrete element method (DPM-DEM),
implemented in Fluent (Ansys [31]) (ANS). The results were compared with those of a
model developed previously in-house, using the commercial software Abaqus (ABQ) [32],
which was adapted and calibrated with appropriate parameters to simulate MMCs [33,34].
Cell processes in both models were modulated by the specific cell conditions and imple-
mented via UDFs. Both models were used to analyze the progression and development of
MM tumor aggregation.

2.1. Multiphase Coupled Fluid-Particle Model (ANS)

In this article, we present a hybrid computational model, which combines the for-
mulation of two classical methods: continuous and discrete methods. Indeed, due to the
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mathematical incompatibility of both models, each one calculates the corresponding phase
in parallel, and the bidirectional interactive coupling of the methods is achieved through
the intercommunication of the properties and conditions of each phase. Fluid dynamics are
included in the cell through the inclusion of velocity, density, and viscosity values of the
fluid in the motion equation of the cell. Besides, the perturbation of the continuous phase,
due to the motion of the cells, is included as an external contribution to the momentum
balance equation. Therefore, although both models are calculated in parallel, consistency
and stability are guaranteed through common variables such as cell and fluid velocities.

In the discrete phase, our objective was to determine the cell velocity, vc, at every
time step, t. In such a case, cell motion was transferred as a moment applied to the
particle corresponding to the drag forces applied during the cell–ECM interaction. Other
contributions, such as the gravity or collision forces, were also taken into account, with the
trajectory of the discrete phase being obtained using the force balance acting on the cell
as [31]:

m
dvc

dt
= Fdrag + Fr + Fgrav + Fij, (1)

where m is the cell mass, and Fdrag, Fr, and Fgrav are the corresponding contributions of the
drag force, domain motion, and gravity, respectively. As the considered experiments have
been developed in static conditions, in this paper, there is no contribution of Fr component.
Besides, the contribution of the gravity forces is defined by considering differences in the
cell and media mass density as:

Fgrav = m
g(ρc − ρ f )

ρc
, (2)

where g is the gravity acceleration, ρc is the cell mass density, and ρ f is the fluid mass density.
Other forces acting on the cell, such as cell–cell, and cell–wall collision forces, are

referred to as Fij.
The drag force on cells, as calculated using the cell constant spherical shape, is propor-

tional to the difference between the cell and fluid velocity, as follows:

Fdrag =
1
2

CDρ f Ac ‖ v f − vc ‖ (v f − vc), (3)

where CD is the drag coefficient, Ac is the cell cross-section, and v f is the fluid velocity.
In the event of overlap, cell–cell and cell–wall collision forces were taken into account

using the discrete element method (DEM) (Figure 1). These collision forces were described
by defining the stiffness of the contributing parts (cell–cell or cell–wall) and the overlap
distance, δij, which was calculated as follows [31]:

δij =‖ xi − xj ‖ −(ri + rj), (4)

where xi and xj are the positions of the participating cells, while ri and rj are their radii.
The cell–cell contact direction, eij, can be defined as:

eij =
(xi − xj)

‖ xi − xj ‖
. (5)
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Figure 1. Forces acting on the cell. The cell–cell overlap distance and cell stiffness were considered
when computing contact forces. Drag forces were determined using the momentum exchange
between the cell and the fluidic ECM.

The Hertzian–Dashpot Collision Law was then used to establish the collision normal
force, Fn,:

Fn = (KHδ3/2
ij + γ(vijeij))eij, (6)

where γ is the damping coefficient, and vij represents the relative velocity of the collision,
defined as vij = vj − vi. Finally, KH is the stiffness coefficient of the collision, which was
calculated using the stiffness of the participating cells, as:

KH =
4
3

EiEj

Ej(1− ν2
i ) + Ei(1− ν2

j )

√
rirj

ri + rj
, (7)

where Ei, Ej and νi, νj are the stiffness and the Poisson coefficient of the cells involved, respectively.
The tangential force, Ft, in the contact area described by the friction coefficient, µ, is

defined as:
Ft = Fnµ. (8)

The contribution of the collision force, Fij, to cell motion (Equation (1)) was then
calculated for each cell using tangential and normal forces as follows:

Fij =
n

∑
i!=j

(
Fij

n + Fij
t

)
. (9)

For its part, in the continuous phase, the objective is to determine the fluid velocity,
v f , taking into account its active interaction with the cells. In such a case, the momentum
exchange between the continuous and discrete phases, Fex, is the change in the particle’s
momentum as it goes through each control volume at each flow time, ∆t. During the
momentum balance, this momentum exchange is regarded as a momentum source in the
continuous phase and is defined as [31]:

Fex = ∑
[

18µCDRe
ρc(2ri)224

(vc − v f )

]
ṁc∆t, (10)

where µ is the fluid viscosity, Re is the relative Reynolds number, ρc is the cell density,
and ṁc is the mass flow rate of the discrete phase.

Thus, the general equation for the momentum conservation of the continuous phase
results in [31]:

∂

∂t
(ρ f v f ) +∇(ρ f v f v f ) = −∇p +∇τ + ρ f g + Fex, (11)
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where ∇ is the divergence operator, p is the static pressure, g is the gravitational accelera-
tion, and τ is the contribution of the stress tensor given by:

τ = µ

[
(∇v f +∇vT

f )−
2
3
∇v f I

]
, (12)

where I is the unit tensor.
Cells evaluate and respond to the specific mechanical conditions to which they are sub-

jected during cellular processes, such as proliferation and differentiation [35,36]. Thus, we
defined the cell-cycle progression as the maturation index (MI), which is a time-dependent
process, as:

MI =


tc

tmat
tc < tmat,

1 tc ≥ tmat,
(13)

where tc is the cell-cycle progression time, and tmat is the time needed for the cell to undergo
cellular processes, such as proliferation and differentiation [30]. In addition, the maturation
time is dependent on the mechanical conditions of the cell. In this model, due to the
consideration of the fluidic environment, the mechanical conditions perceived by the cell
were defined in terms of the number of cell–cell (Nc) and cell–wall (Nw) contacts at each
time step increment as:

tmat =
tn

1 + γwNw + γcNc
, (14)

where γw and γc are the proportional time factors for the cell–wall and cell–cell interactions,
respectively, and tn is the natural maturation time, which is the time needed by the cell
to complete the cell cycle without stimulus. As a cell progresses through the cell cycle, it
becomes ready to divide into two new cells, thereby implying that the cell expands in size
before proliferating. Thus, we assumed that the cell radius increases proportionally to the
state of maturation as follows:

ri = r0(1 +
MI
2
), (15)

where ri is the cell radius for each ith cell at each time step, and r0 is the nominal cell radius
obtained from the literature [37].

2.2. Design of In Vitro Experiments and Data Collection

Experimental data from MMC lines were used to validate the model. The MMC
line RPMI8226 was cultured in vitro in multi-well plates. RPMI8226 was purchased
from the American Type Culture Collection (ATCC, Rockville, MD, USA) and cultured in
RPMI1640 medium supplemented with 10% fetal bovine serum (FBS), 2 mM L-glutamine
and 100 µg/mL penicillin, and 100 µg/mL streptomycin. Cells were cultured at 37 ◦C un-
der a 5% CO2 atmosphere in a Galaxy S incubator (Eppendorf New Brunswick, Hamburg,
Germany). A total of 100,000 cells were seeded in 500 µL of medium in p24 multi-well
plates. Every 24 h, 50% of the volume of culture medium was renewed. After 24, 72,
and 96 h of culture, cell proliferation was determined using the colorimetric MTS assay,
according to the manufacturer’s instructions, pipetting the supernatant onto a 96-well plate
and reading at 490 nm (Victor 3 microplate reader, Perkin Elmer, Waltham, MA, USA).
The results obtained are presented in [38].

2.3. Model Assumptions

In order to reduce the computational costs of the model, we made some assumptions.
Thus, the cell geometry is considered to be spherical with no changes in its morphology [14,22].
We also considered a reduced, but significant, portion of the whole in vitro experiment
to reduce the number of cells simulated. Cell properties were obtained, when possible,
for the RPMI-8226 cell line to adequately compare results with the in vitro experiments
(Table 1). In general, these properties were considered homogeneous for all participating



Mathematics 2023, 11, 1824 6 of 13

cells, although slight discrepancies are possible due to the non-homogeneous nature of MM
tumors [9]. Finally, neither oxygen nor nutrient consumption were considered.

Table 1. Mechanical parameters considered in the model.

Parameter Description Value Refs.

r0 Nominal cell radius 5± 1 µm [37]
ρc Cell mass density 1077 kg/m3 [39,40]
ρ f ECM mass density 940 kg/m3 [41]
ν f ECM viscosity 0.05 Pa s [42,43]
E Cell stiffness 0.4± 0.2 kPa [5,6]
EECM ECM stiffness 0.3± 0.1 kPa [42]
µ Friction coefficient for cell contacts 0.9 [6,44]
tn Natural maturation time without stimulus 60 h [45]
γw Proportional time factor for cell–wall contacts 1.60 –
γc Proportional time factor for cell–cell contacts 0.14 –

3. Results

We proposed two experiments to validate the in silico model. In the first experiment,
we compared cell sedimentation velocity to validate the mechanical model as well as the
ECM and cell interactions considering a few cells in a large-scale ECM. The duration of
the experiment was adapted to the time required for cell sedimentation. In the second
experiment, we compared cell proliferation in a reduced slice of the ECM, starting with
the same cell concentration as described in Section 2.2, considering four days of cell–cell
and cell–ECM interactions. In this experiment, we increased the number of cells and the
geometry to study tumor aggregates’ growth.

3.1. Cell Sedimentation

The velocity of cell sedimentation was compared to that of in vitro models found in the
literature [44]. We compared the evolution of cell sedimentation velocity using a reference
portion of the ECM with a base of 30× 30 µm and a height of 4.5 mm. The results were com-
pared using the mean values from five cases with different initial cell distributions. In all
cases, cells were seeded in the ECM with a random distribution, with an equivalent initial
cell concentration in the in vitro experiment used as a reference (5 × 105 cells/mL) [44].
The time step increment was decoupled for cell position tracking (0.1 s) and fluid time step
(5 s), and the cell sedimentation velocity was obtained for all cells over a simulation time of
15 min.

The mean cell sedimentation velocity for both computational models was around
13 mm/h (Figure 2), which is consistent with the experimental results [44]. The obtained
curves with both models have been compared with the reference data, through the value of
the mean square error (MSE), obtaining values of 0.0026, and 0.0029 for the ABQ and ANS
models, respectively. As the objective of the case was the calibration and validation of the
models, it is possible to conclude that both models give a valid approximation. In addition,
the difference between them is not significant. Higher velocities were obtained using the
ANS model, which considered the inertial effects of cells, as well as the changes in cell
diameter, which is related to the cell maturation state. The ABQ model was unable to
reproduce the maximum velocity (16 mm/h), and the cell distribution velocity observed
was more homogeneous.
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Figure 2. Distribution of mean cell sedimentation velocity per unit cell. The results obtained were
compared to the in vitro results (red). The results of the ANS model showed a wider cell sedimentation
velocity due to variational inertial forces and a non-homogeneous cell diameter (MSE = 0.0029), while
the ABQ model revealed a lower distribution of the cell velocity due to the more homogeneous
conditions considered (MSE = 0.0026).

3.2. Cell Proliferation

Cell proliferation was compared to the experimental data detailed in Section 2.2 [38].
Similarly to the first case (cell sedimentation) the results were compared with five different
initial cell distributions. Based on the initial cell concentration described in Section 2.2,
20 MMCs were randomly seeded in an ECM of 200 × 200 × 200 µm, with their initial state
of maturation being randomly assigned. Due to differences in the timescale of the various
events, different time step increments were considered for the fluid domain (0.5 h), cell
position tracking (1 s), and cell processes (0.5 h), for a total time of 96 h.

The cell distribution and initial state of maturation were randomly assigned for both
computational models (Figure 3 top). After 10–30 h, depending on the initial state of
maturation considered in each case, a few cells proliferated. The proliferated cells were
randomly scattered around the mother cells. After four days of simulation, several cell
distributions were observed in all cases (Figure 3 bottom), although the final number of
cells was always comparable (240–260 cells). The results of cell proliferation were normal-
ized with respect to the initial cell number and compared with the in vitro experiments
(Figure 4a). In general, cell proliferation was consistent with the experimental data, and the
ANS model exhibited greater homogeneity in terms of cell proliferation. An increase in the
variability of cell proliferation was observed at later times, with a higher number of cells
and higher variability in terms of the specific conditions of each cell (Figure 4b).
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time: 0 h

time: 96 htime: 96 h

time: 0 hMI

MI

MI

MI

(a) (b)

Figure 3. MI during 96 h of simulation using the ABQ (a) and ANS (b) models. MMCs
were seeded in a random initial distribution, and at a random initial state of maturation (top).
After 96 h of cell-in-culture simulation, MMC aggregates started to form (bottom) (see also
Supplementary Material Videos S1 and S2).

time [Hours]

(a) (b)

Figure 4. Cell doubling. (a) Comparison of the mean values after 96 h in a cells-in-culture simulation
using the ANS and ABQ models, with results of the in vitro model (Section 2.2). (b) Dispersion of the
results due to the random nature of the experiment.

3.3. Tumor Aggregation Growth

After calibration and validation of the initial model, the formation of tumor aggregates,
due to the proliferation of individual cells, was studied in a long-term case. Cells were
initially distributed into groups to form cell aggregates in an ECM of 400 × 400 × 50 µm,
then were simulated for 360 h.

The number of cells in each cluster increased due to cell proliferation and, after 30 h,
all clusters were considered to be tumor aggregates (minimum of 30 cells). Given the
increase in the number of cell–cell contacts (∼6.1% per hour), the internal cells in these
aggregates showed the highest increase in maturation rate (∼30.3%). However, once the
cell was completely surrounded, cell proliferation was inhibited due to the lack of space
(Figure 5). After 60 h, tumor aggregates started to merge with each other, and by the end of
the simulation, all cells had joined together to form a single cluster. The cell proliferation
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rate was higher in the first 48 h, when exponential cell growth was observed, and then
progressively reduced as more cells became completely surrounded (Figure 5d).

(a)

(b)

(d)

(c)

time [h]

Figure 5. Tumor aggregate growth. (a) Initially, cells were randomly distributed into groups of
20–30 cells. (b) After 48 h, cell groups merged, and the inner cells of the aggregates lost their ability
to proliferate. (c) Surface cells continued to proliferate up until 360 h of simulation. (d) Cell growth
for 360 h of simulation (log scale) (see also Supplementary Material Video S3).

4. Discussion

The results obtained for the two models studied are qualitatively consistent with the
in vitro results found in the literature [9,10,38,44,46,47]. In general, when compared to
the results for the ABQ model, the ANS model appeared to be better. Thus, in the first
experiment, we observed a wider range of cell sedimentation velocities for the ANS model
when compared to the ABQ model. This disparity was caused by two major factors: firstly,
the ANS model considers inertial contributions in the force balance, although the effect
may be very small due to the model’s scale; secondly, in the ANS model, the cell diameter
was considered to be proportional to the state of maturation, which results in an increase
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in both the cell weight and cross-section and, consequently, in the drag coefficient, which,
in turn, may cause higher variability in the distribution of cell velocities, as well as higher
maximum values. As such, the ANS model appears to be more realistic with regard to the
non-homogeneity of cellular properties.

The ABQ model was able to reproduce the mechanical environment more precisely
by considering the internal cell deformations, and cell-active forces that lead to cell–cell
adhesion (Figure 3a) [48,49]. Thus, cells in the ABQ model tended to stay attached, while
cells in the ANS model tended to form layers at the bottom. The results of cell proliferation
for both models were consistent with the in vitro results (Figure 4). The presence of newly
proliferated cells and the formation of new cell–cell contacts accelerated cell maturation.
Due to the reduced number of MMCs simulated, we observed abrupt initial stages of
proliferation, which became more homogeneous as the number of cells increased and the
cells responded to their specific conditions. This increase in homogeneity was higher for the
ANS model, with a continuous progression in cell proliferation after 48 h, (∼9.9% per hour).
In the ABQ model, a complete smoothing of the curve was not achieved (Figure 4), due
to the limited ability of the model to reproduce cell mechanical conditions in fluidic
environments. As the main factor that modulates maturation in the ABQ model was related
to the ECM stiffness and internal cell deformations, the results did not fit well in fluidic
environment simulations. The ANS model appears to be more suitable for defining the
cellular microenvironment of a liquid medium, as it can capture a wide range of conditions
for each individual cell.

The growth of MMCs, which form tumor aggregates, increased as cell–cell and
cell–ECM interactions increased. However, in vitro, once the cell aggregate reached a
certain size, the increase in proliferation rate was reversed, thus indicating that cell prolifer-
ation can be inhibited by a variety of factors. Likewise, in the numerical models, the lack of
available space to generate new cells caused a saturation effect, thus preventing internal
cells from proliferating further. This lack of space was exacerbated in in vitro and in vivo
experiments by the cells’ difficulty in accessing necessary resources, such as O2, nutrients,
and growth factors. At this point, the growth of the aggregate requires the development of
new blood vessels to allow the internal cells to be supplied with the necessary resources.

From a computational point of view, higher computational costs were observed with
the ABQ model, which was discretized using elements with a size proportional to that of
the cell (3 µm), since the definition of the cells was based on the nodes of the mesh. As a
reference, for the second experiment, a mesh of 343,000 trilinear hexahedral elements was
generated. The time cost for the first and second experiments was approximately 30 and
60 h, respectively, in a computing cluster with four cores and 16 GB of RAM. The ANS
model, in turn, can be discretized with a much larger mesh size (10 µm), and use of the
decoupled cell-tracking time allowed us to significantly reduce computational costs. In this
case, the required time cost was approximately 5 h on a personal computer with an i5-650
processor and 16 GB of random-access memory (RAM). We also observed a significant
limitation in the maximum number of cells for the ABQ model, which increased the memory
requirement exponentially. Thus, it was not possible to simulate the third experiment in
the ABQ model due to the computational costs.

As a result, there are several advantages to using the ANS model rather than the ABQ
model, including the ability to define, more accurately, the conditions of the experiments
conducted. In this sense, when mechanical conditions are the most important factor in cell
behavior and a precise description of cellular forces is required, the ABQ model appears
to be more appropriate, as it provides a more comprehensive control of the mechanical
conditions of the cell microenvironment. However, when these conditions were less
important (for example, in fluidic environments) and a large number of cells (and, thus,
a large control volume) was required, the coupled fluid-particle model appears to be the
best choice.
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5. Conclusions

We have presented a new computational model to study MMC behavior and tu-
mor growth. The model was compared to a previous in-house ABQ computational
model [29], as wel as with the experimental results obtained by the authors and from
the literature [9,10,38,44,46,47]. The results obtained are qualitatively consistent with the
literature. The obtained results show that the initial cell concentration has a clear effect on
MMC growth, with cell proliferation increasing as the numbers of cell–cell and cell–ECM
interactions increase. As such, we observed faster cell maturation for cells with more
cell–cell and cell–ECM interactions (reduction in maturation time of up to 69.7%), while
cell proliferation was inhibited when a lack of space was observed.

From a computational viewpoint, the ANS model offers several advantages when
compared with the model developed previously. Better results for the MMC sedimentation
velocity and tumor growth were obtained due to the more representative definition of the
fluidic environment and the consideration of a non-homogeneous cell volume. Compared
with the ABQ model, we observed reduced computational costs for adequately simulating
cells and the cell microenvironment. The maximum number of cells in the ABQ model
was limited and proportional to the number of discretized elements in the ECM. In this
case, increasing the ECM implied increasing the number of elements, which dramatically
increased computational costs. As the ANS model simulation time step seems to be the main
responsible of these computational costs, using a decoupled calculation time step for the
cells and fluid reduced them. Thus, the model developed herein has significant advantages
compared to the previous model in computation, as it results in a significant reduction
(84–91%) in computational costs, which allows a more realistic simulation. Although not
considered in this model, additional advantages can be added to the ANS model, such as
the consideration of nutrient diffusion and consumption, non-stationary fluid flow and
pressure gradients, or the presence of blood vessels in an in vivo analysis.

Supplementary Materials: The following supporting information can be downloaded at: https://
www.mdpi.com/article/10.3390/math11081824/s1, Video S1: Video_Fig_3(a); Video S2: Video_Fig_3(b);
Video S3: Video_Fig_5.
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