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Abstract: For the rigid impact and flexible impact in space operation tasks, impact dynamic models
between two objects are established in this paper, laying the model foundation for controlling or
suppressing the impact. For the capture task between a grapple shaft and a rigid body, the impact
dynamic model is established based on the Zhiying–Qishao model. Moreover, by introducing a
friction factor into the original impact model, an improved dynamic model between two rigid bodies
is proposed. For the capture task with flexible impact, an impact dynamic model between the grapple
shaft and a flexible wire rope is established based on the dynamic model of the flexible wire rope.
The ground experiments and simulations are carried out with two objects on an air flow table. The
experiment results validate the impact dynamic model proposed in this paper.

Keywords: impact dynamics; friction influence; experimental testbed; flexible impact

1. Introduction

In recent years, with the deepening of space exploration, many space operation
tasks need to be completed, such as satellite acquisition, cabin docking and assembly,
load handling, and so on. In this process, the active object inevitably impacts on the
operation target. Unlike the ground environment, the space target is located in a weightless
environment [1]. It moves freely under the reaction force and moment generated during
contact and impact. Sometimes, a small external impact influences the whole system
significantly, affecting its posture and stability and even causing the failure of the capture
task. Therefore, it is necessary to study the impact between space operation objects, which
will lay the foundation for controlling or suppressing the impact.

In the process of contact and impact, the capture device contacts directly with the
target load, whose structural characteristics have a direct influence on the capture task.
Capture devices can be divided into rigid capture devices, flexible capture devices, and
rigid flexible coupling capture devices, according to their contact characteristics [2]. A
capture device with rigid parts is called a rigid capture device, which has the advantages of
a simple structure design, relatively mature technology, easy control, and high connection
rigidity [3]. A device using flexible parts for capture is called a flexible capture device.
Compared to the rigid capture device, the impact of the flexible capture device is smaller
due to the contact of flexible parts. Meanwhile, the flexible capture device can easily
achieve a wide range of capture and has a strong tolerance. These characteristics reduce the
accuracy requirements of the relative pose between the capture device and the target load.
The flexible capture device mainly contains three flexible wire ropes, which can realize
flexible capture and rigid connection at the same time, and the operation is relatively
simple. It has been widely used in the typical space manipulators, such as the SSRMS [4]
in Canada and the JEM Remote Manipulator System (JEMRMS) [5] in Japan. It is more
suitable for a task with a noncooperative target, such as space debris cleaning and waste
satellite recovery tasks [6]. Through reasonable structural design, it perfectly inherits the
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advantages of the rigid capture device such as a high connection stiffness, and owns unique
advantages such as a strong tolerance and a small impact. The reduction of impact will
reduce the influence of external impact on the combined system, increasing its stability and
decreasing the possibility of capture failure.

An impact between two objects is a complex phenomenon that occurs in a very short
period when two or more bodies collide. During the impact period, a high force is applied,
causing a quick change of the objects’ velocity and kinematic restoration, release, and
transfer to another object of kinematic energy. To study this, the impact period is divided
into a compression phase and a restitution phase [7]. When the objects start to contact, the
compression phase begins. This phase terminates with the normal relative velocity of the
contact objects going to zero. Then, the restitution phase begins until the objects separate.

There are two different approaches for impact analysis. The first approach is called
impulse–momentum or discrete method, which assumes that the interaction between the
objects occurs in a short time and the outside force can be ignored. To simulate the process of
energy transfer and dissipation, a restitution coefficient is employed, which can be defined
by Newton’s model [8] and Poisson’s model [9]. However, these methods have been
confined primarily to an impact between rigid bodies [10]. The situation is complicated in
some more general cases that involve multiple contacts and intermittent contact.

Therefore, the continuous method was proposed since the interaction forces act con-
tinuously during the impact. There are three important continuous impact models based
on the penetration depth [9]: Kelvin–Voigt model, Hertz model, and Hunt–Crossley model.
The Kelvin–Voigt is the simplest model, which simulates the force with a parallel spring-
damper element [11]. Meanwhile, there are three common problems with this model:
first, the damping force is not zero upon initial contact; second, the forces between the
objects exhibit tension property before leaving contact; third, determining the coefficient of
restitution depends on experience [12,13]. The Hertz model [14,15] increased the accuracy
of the stiffness portion of the impact force by approximating the stress distribution in the
contact region based on the theory of elasticity. Based on this model, Liu [16] and Qiao [17]
studied the dynamics of a space robot when capturing a floating target. Kosenko [18]
proposed an invariant form for the force function, which depends on the geometric prop-
erties of an intersection for undeformed rigid bodies’ volumes; therefore, this model was
called volumetric model. It can realize the computational reduction. However, the Hertz
model is still limited to an impact with elastic deformation and its original form does not
include damping. To overcome the disadvantages of the Kelvin–Voigt model and to retain
the advantages of the Hertz model, Hunt [19] proposed an alternative model for energy
dissipation, which includes a non-linear damping term. From Hunt and Crossley’s model,
many other nonlinear damping models were proposed, such as that of Gonthier [20] and
Zhiying–Qishao [21]. However, the only difference between them was the definition of the
damping parameter. Recently, Andre [13] extended Gonthier et al.’s work by proposing
an alternate damping model based on material properties. The advantage was that the
damping factor was a constant internal material property, which depended only on the
material and not on the impact velocity or the contact geometry.

All the literature surveyed above considered an ideal environment, which ignores the
interference of friction. However, when the impact occurs at a low velocity, the friction
cannot be ignored. As a result, this paper introduces a friction parameter into the nonlinear
model, extending it to the normal condition. Though the influence of friction does not exist
in real space capture task, it cannot be eliminated or ignored in ground experiment. To fit
the condition of ground experiment, a friction parameter was introduced to the impact
model. Moreover, based on the experimental testbed, some experiments were carried out,
and the experimental data were compared with theoretical result, which can verify the
advantage of the improved nonlinear model.

The research of discrete impact dynamics and continuous impact dynamics focuses
on the impact between rigid bodies but does not consider the flexible impact between
flexible objects such as flexible wire ropes. Aiming at the impact problem of the flexible
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wire rope, the impact model becomes very complex. The discrete impact dynamics can
only be successfully applied for flexible wire ropes when the duration of impact, the
change rule of impact force with time, the contact velocity and the depth of the contact
zone can be calculated. These parameters cannot always be calculated especially when
the dynamic model is very complex, so continuous impact dynamics is more suitable
for impact modeling of flexible ropes than discrete impact dynamics. It is necessary to
modify the continuous impact model with the help of the dynamic model of the flexible
wire rope. For the dynamic modeling of a flexible wire rope, Russel et al. [22] regarded
the flexible wire rope as a discrete model composed of several rigid rods, which had a
concentrated mass and were connected by pins. Aiming at the motion of tethered satellite,
Carter et al. [23] used the lumped mass model to divide the tethered satellite into several
small segments. The mass of each segment was concentrated at the end point, and the
adjacent particles were connected by a retractable spring damper. Tan et al. [24] proposed
a plane bending flexible wire rope model based on a torsional damping spring. Through
adding a driving force at the end of the flexible wire rope, they established the force and
torque balance equations of the system. This method simplified the modeling process of a
flexible wire rope, but the tensile characteristics of flexible wire rope were not considered.
Pan et al. [25] discretized the flexible wire rope into a group of element beam models. The
adjacent elements were connected by six-dimensional force/moment to fully consider the
deformation characteristics of the rope, such as tension, shear, bending, and torsion. Based
on this, the relation between the force and relative displacement of each discrete segment
was established. The existing research on the impact modeling of a flexible wire rope is
scarce, and most research works directly regard the contact action with a flexible wire rope
as a collision pulse or known force [26,27]. With the establishment of the dynamic model
of a flexible wire rope in [25,28], the Hertz contact theory was directly used to obtain the
impact force model. However, because the impact between an object and a flexible wire
rope is accompanied by large flexible geometric deformations and local micro deformations
of the flexible wire rope, the expression results of this method are insufficient. Besides,
the existing studies about continuous impact modeling of a flexible wire rope mainly
consider the impact between two single bodies. This kind of method rely on the initial
position and velocity of the two objects, and there is a conflict between the calculation
speed and calculation accuracy. Meanwhile, the existing related studies have offered few
clear standards on choosing a model to describe the impact of a flexible wire rope.

According to the above investigation, the current research on the impact between
objects is mainly divided into discrete impact dynamics and continuous impact dynamics.
Discrete impact dynamics mainly depends on the classical theory of coefficient of restitution,
which is simple and efficient. The dynamic model of continuous impact mainly depends
on Hertz’s theory, which can display the impact force. In addition, there are few studies on
the impact force model of a flexible wire rope with large flexibility at present. The existing
methods of impact modeling of a flexible wire rope are mainly based on continuous impact
modeling. Such methods usually assume impact between single bodies rather than multiple
bodies, and there is a conflict between calculation speed and accuracy. The existing research
also offers few clear standards on what model to choose for impact modeling of flexible
rope wires. As a result, how to derive the impact force model of a flexible wire rope based
on the existing contact impact theory needs further research.

This paper is organized as follows. In Section 2, based on Zhiying and Qishao’s
nonlinear model, the impact dynamic model between a grapple shaft and a rigid body is
established. Then, friction is introduced into the impact dynamic model of two objects,
making it close to actual impact cases. In Section 3, the impact dynamic model between a
grapple shaft and a flexible wire rope is established. In Section 4, the ground experimental
testbed is first constructed, and impact experiments and simulations of the two satellite
simulators are then carried out. Section 5 is the conclusion.
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2. Impact Dynamics between Grapple Shaft and Rigid Body

In this section, an impact dynamic model between a grapple shaft and a rigid body
is established to simulate the case of a rigid capture device capturing a rigid body object.
As mentioned in Section 1, a continuous impact dynamic model is suitable for general
impact cases and the interaction force during the impact acts in a continuous manner. As
a result, the continuous impact dynamic model was applied. Generally, the continuous
impact dynamic model includes three types: linear damping model, Hertz model, and
nonlinear damping model. The nonlinear model not only absorbs the advantages of Hertz
model, such as the relatively accuracy in the stiffness portion of the impact force, but also
considers the energy loss during the impact process. Therefore, this section adopts the
nonlinear damping model to establish the impact dynamic model of two objects without
friction. In addition, since the capture target may be affected by friction in actual space
capture tasks, the friction is then introduced into the impact dynamic model.

2.1. Impact Dynamic Modeling of a Rigid Body

For two objects, their impact dynamic model based on the nonlinear damping model is:

F = kδn + λ
.
δδn (1)

where F is the normal impact force, δ is the deformation, λ is the damping parameter,
n = 1.5, and k is the stiffness coefficient of the rigid body.

The damping parameter λ can be constructed by some models, such as Gonthier’s
model, Flores’s model, and Zhiying and Qishao’s model. In this paper, the Zhiying–Qishao
model is introduced to construct λ, which is shown as follows:

λ =
3(1− c2)e2(1−c)

4
k

.
δ
(−) (2)

where c is the restitution coefficient. The value of stiffness coefficient k is decided by the
Poisson ratio, Young’s moduli, and the contact radius:

k =
4

3π(h1 + h2)

(
R1R2

R1 + R2

)1/2
(3)

where Ri (i = 1, 2) is the contact radius of the impact objects, and h1 = (1− ξi)/πEi, where
ξi is the Poisson ratio and Ei is Young’s moduli.

According to the equivalent mass and Newton’s second law, we have:

m
..
δ = −λδn

.
δ− kδn (4)

m =
m1 + m2

m1m2
(5)

where m1 and m2 are the impact objects’ mass.
As the relative contact velocity v =

.
δ, combining with Equation (4), we have:

dv
dδ = dv/dt

dδ/dt

=
..
δ
v = (av+ω)δn

v

(6)

where a = −λ/m, ω = −k/m.
Integrating Equation (6) from the initial contact velocity, the relation between δ and v

can be derived as follows:

δn+1 =
n + 1

a2

[
a(v− v0)−ω ln

∣∣∣∣ av + ω

av0 + ω

∣∣∣∣] (7)
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where v0 is the initial contact velocity during the contact phase. Since there is no deforma-
tion at the initial moment, we can set δ = 0 to obtain v0.

Equation (6) is derived as:

dt =
dv
..
δ

=
dv

(av + ω)xn (8)

Substituting Equation (7) into Equation (8), the relation between contact time t and
relative contact velocity v is:

t =
∫ v

v0

dv

(av + ω)
{

n+1
a2

[
a(v− v0)−ω ln

∣∣∣ av+ω
av0+ω

∣∣∣]} n
n+1

(9)

2.2. Impact Dynamic Modeling of a Rigid Body Considering Friction

In the actual space capture task, the capture target may be affected by friction. Accord-
ing to Equation (4), the friction force is introduced into the impact dynamic model:

m
..
δ = −λδn

.
δ− kδn + f (10)

Compared with Equations (6) and (10), it can be transformed as follows:

dv
dδ

=

..
δ

v
==
−λδn

.
δ− kδn + f

mv
(11)

3. Impact Dynamic between Grapple Shaft and Flexible Wire Rope

In this section, to study the case of a rope capture mechanism that is used in a flexible
capture device, the impact dynamic model between a grapple shaft and a flexible wire rope
is established. The flexible capture device can achieve a wide operating range and have
strong tolerance, as well as a small impact during a space capture task, which can reduce
the possibility of causing plastic deformation on the object. Therefore, flexible capture
devices are widely used in actual space capture cases while a rope capture mechanism
is applied in such capture devices. Because the flexible wire rope is the main executive
element of the rope capture mechanism, the impact problem is essentially aimed at the
impact between the flexible wire rope and the target, which is assumed to be a rigid body.
Therefore, this section mainly focuses on the impact dynamic modeling of the flexible wire
rope. The basic dynamic model of the flexible wire rope is first established. In this stage,
the flexible wire rope is first separated into a sequence of nodes and the kinematic relation
is obtained with the help of an inertial coordinate system, a fixed coordinate system, and a
moving coordinate system. Then, the dynamic model of the flexible wire rope is established
with Newton’s second law. Based on the dynamic model, the constraint of the space snare
capture is introduced, and the modeling and analysis of the impact between the flexible
wire rope and the rigid body object is achieved.

The space snare capture is mainly composed of three modules: a rope catching module,
a dragging module, and a locking module, as shown in Figure 1. The rope capture module
is to capture the target and limit its free movement in space. This module is installed on
the support shell and consists of a fixed ring, a rotating ring, and three flexible wire ropes.
For each flexible wire rope, one end is installed on the fixed ring (called fixed point), while
the other end is connected with the rotating ring and rotates with it (called moving point).
When the driver drives the rotating ring to rotate, three flexible wire ropes begin to move
with it, and the closed capture area gradually shrinks and finally locks the target payload.
The exact capturing steps are as follows:
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Figure 1. The space snare capture.

Step 1: The space manipulator carries the space snare capture device near the target
load, locating the target load within the capture zone of the three flexible wire ropes.

Step 2: The rotating ring begins to rotate, making the capture zone shrink and the free
movement of the target load is gradually limited. During this step, several impacts will
occur between the target load and the flexible wire ropes.

Step 3: When the shrinking of the capture zone is finished, the target load is fixed
in the center of the capture device. The position and posture of the target load will be
adjusted by the dragging module. When the target load fully fits the capture device, the
target load is locked by the locking module.

3.1. Dynamic Modeling of the Flexible Wire Rope

In a microgravity environment, the impact between the flexible wire rope and target
becomes complex. To obtain the impact force between the grapple shaft and the flexible
wire rope, it is necessary to establish a dynamic model of the flexible wire rope first.

3.1.1. Basic Motion Equation of the Flexible Wire Rope

The flexible wire rope is separated into a group of nodes connected in sequence in
space. The node number is increased from one end of the rope to the other (B1, B2, B3, · · · , BN),
and the adjacent nodes are connected by a mass-free tensile spring, which shows the tensile
characteristics of the flexible wire rope, as shown in Figure 2.

Figure 2. The discrete model of the flexible wire rope.
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The external force on the flexible wire rope is concentrated on each node, and with the
linear density through the lumped mass method, the mass of each node is determined as:

mi =



1
2 ρlin Ai l̂i i f i = 1

1
2 ρlin

(
Ai−1 l̂i−1 + Ai l̂i

)
i f i = 2 ∼ N− 1

1
2 ρlin Ai−1 l̂i−1 i f i = N

(12)

where ρlin is the linear density of the flexible wire rope, and Ai and l̂i are the cross-sectional
area and original length of the ith section on the flexible wire rope, respectively. If the mass
of the flexible wire rope is evenly distributed and the length of discrete section is equal, the
mass of each node can be calculated simply as follows:

mi =


mtot

2(N−1) i f i = 1 or i = N

mtot
N−1 i f i = 2 ∼ N− 1

(13)

where mtot is the total mass of the flexible wire rope.
To describe the motion state of the flexible wire rope, we establish the inertial coordi-

nate system O− XYZ, fixed coordinate system Bi − xyz, and moving coordinate system
Bi − xyz. The establishment of the coordinate system is shown in Figure 3. The moving
coordinate system Bi − xyz can be obtained by the following steps. First, the coordinate
system Bi − xyz overlaps with Bi − xyz; then, rotate the fixed coordinate system Bi − xyz
around the z-axis with angle ϑi, obtaining a middle coordinate system; finally, rotate the
middle coordinate system around the x-axis with angle ϕi. ϑi and ϕi are used to describe
the deflection and pitching motion of the flexible wire rope, respectively.

Figure 3. The coordinate system of the flexible wire rope.

Set the rotation matrix of the dynamic coordinate system Bi − xyz relative to the fixed
coordinate system Bi − xyz at node i as Hi. The rotation matrix Hi is the product of the
basic rotation matrices around the z-axis and x-axis.

The basic rotation matrix around the z-axis is:

R(z, ϑi) =

 cϑi −sϑi 0
sϑi cϑi 0
0 0 1

 (14)
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where the parameters c and s represent the operator cos and sin, respectively. The basic
rotation matrix around the x-axis is:

R(x, ϕi) =

 1 0 0
0 cϕi −sϕi
0 sϕi cϕi

 (15)

We consider that the two rotation matrices move around the moving coordinate system
Bi − xyz, which is not a fixed coordinate system. Therefore, the rotation matrix is the result
of the product of two rotation matrices from left to right, as shown as follows:

Hi = R(z, ϑi)R(x, ϕi) =

 cϑi −sϑicϕi sϑisϕi
sϑi cϑicϕi −cϑisϕi
0 sϕi cϕi

 (16)

Since Hi is continuously differentiable in time, its derivative can be expressed as
follow [29]: .

Hi = S(ωi)Hi (17)

where S(ωi) is the angular velocity operator matrix, which can be obtained from Equation (17):

S(ωi) =
.

HiH−1
i =

 0 −
.
ϑi

.
ϕisϑi.

θi 0 − .
ϕicϑi

− .
ϕisϑi

.
ϕicϑi 0

 (18)

Let ωi =
[
ωix, ωiy, ωiz

]T. Since the angular velocity operator matrix is antisymmetric,
we define it as follow:

S(ωi) =

 0 −ωiz ωiy
ωiz 0 −ωix
−ωiy ωix 0

 (19)

Combined with Equations (18) and (19), the rotational angular velocity of the moving
coordinate system Bi − xyz relative to the fixed system Bi − xyz can be obtained as follows:

ωi =
[ .

ϕicϑi,
.
ϕisϑi,

.
ϑi

]T
(20)

The acceleration of the rotation angle can be derived from Equation (20):

.
ωi =

[ ..
ϕicϑi −

.
ϑi

.
ϕisϑi,

..
ϕisϑi +

.
ϑi

.
ϕicϑi,

..
ϑi

]T
(21)

Define the length vector of the ith section on the flexible wire rope as li. Then, the
velocity vector can be expressed as:

.
li =

.
li ji + ωi × li (22)

In Equation (22), the first and second terms on the right of the equation are the
speed change caused by the length change and the rotation change of the discrete section,
respectively.

By deriving Equation (22), the acceleration vector of the ith section on the flexible wire
rope can be obtained as follows:

..
li =

..
l iji + 2

.
liωi × ji + li

.
ωi × ji + liωi ×

(
ωi × ji

)
(23)

The motion equation of the flexible wire rope is established from the perspective of
kinematics, and its motion characteristics are described from the perspective of dynamics.
First, the stress on nodes Bi, Bi+1 is analyzed, as shown in Figure 4.
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Figure 4. Force analysis on nodes Bi, Bi+1.

According to Newton’s second law, the relation between the acceleration of the ith
section on the flexible wire rope and the external force is obtained as follows:

..
li =

(Ti+1 + Ti+1
′ + Fi+1)

mi+1
− (Ti + Ti

′ + Fi)

mi
(24)

where Fi =
[
Fix, Fiy, Fiz

]T and Fi+1 =
[

F(i+1)x, F(i+1)y, F(i+1)z

]T
are the external forces ex-

erted on the nodes Bi and Bi+1, respectively. Ti, Ti
′ and Ti+1, Ti+1

′ are the pulling forces
exerted on the nodes Bi and Bi+1, respectively. According to Newton’s third law, they meet
the following constraints:

Ti
′ = −Ti−1, Ti+1

′ = −Ti (25)

Ti = ktes∆li + ctes
.
li (26)

where Ti is the amplitude of the vector Ti, ktes is the stiffness coefficient of the tension
spring, ∆li is the change of the length of the ith section on the flexible wire rope, and ctes is
the damping coefficient of the tension spring.

In the ith moving coordinate system, Equation (24) is also expressed as follows:

..
l i =

(
Ti+1 + Ti+1

′ + Fi+1
)

mi+1
−
(
Ti + Ti

′ + Fi
)

mi
(27)

Hi−1 = HiH
i
i−1 ⇒ Hi

i−1 = (Hi)
−1Hi−1 (28)

Hi+1 = HiHi
i+1 ⇒ Hi

i+1 = (Hi)
−1Hi+1 (29)

According to Equations (28) and (29), the following relations can be further obtained:

Ti−1 =

 s(ϑi − ϑi−1)cϕi−1
sϕi−1sϕi + c(ϑi − ϑi−1)cϕi−1cϕi
sϕi−1cϕi − c(ϑi − ϑi−1)cϕi−1sϕi

Ti−1 (30)

Ti+1 =

 −s(ϑi+1 − ϑi)cϕi+1
sϕisϕi+1 + c(ϑi+1 − ϑi)cϕicϕi+1
cϕisϕi+1 − c(ϑi+1 − ϑi)sϕicϕi+1

Ti+1 (31)

Fi =

 cϑiFix + sϑiFiy

−sϑicϕiFix + cϑicϕiFiy + sϕiFiz

sϑisϕiFix − cϑisϕiFiy + cϕiFiz

 (32)
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Fi+1 =

 cϑiF(i+1)x + sϑiF(i+1)y

−sϑicϕiF(i+1)x + cϑicϕiF(i+1)y + sϕiF(i+1)z

sϑisϕiF(i+1)x − cϑisϕiF(i+1)y + cϕiF(i+1)z

 (33)

Combining Equations (23) and (27)–(33), the dynamic equation of the flexible wire
rope with deflection angle ϑ, pitch angle ϕ, and tensile length of discrete section l as state
variables can be obtained as follows:

Hr
..
xr + Cr

( .
xr, xr

)
+ Pr(xr) = Fr (34)

where xr = [ϑi, ϕi, li]
T is the state variable of the flexible wire rope, and Hr, Cr, Pr(xr), Fr

are the inertia matrix, nonlinear term, potential energy term, and equivalent external force
term of the flexible wire rope system, respectively.

As a result, the motion equation of the flexible wire rope has been established.

3.1.2. Capture Constraint Analysis of the Snare Capture

As shown in Figure 5, we assume that the fixed ring and the rotating ring are located
at the same plane whose radius is Rcm. In the initial state, the end A of the flexible wire
rope AA′ is installed on the fixed ring, and the end A′ is connected to the rotating ring. The
initial angle between the adjacent discrete segments is β1, β2, . . . , βN−1, which is initially
in a static equilibrium state. To obtain the initial state of the flexible wire rope, a stress
analysis is carried out, as shown in Figure 6.

Figure 5. The initial position of the flexible wire rope.

Figure 6. The stress analysis of the flexible wire rope at initial state.
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According to Figure 6, the following equilibrium equation for each node can be
obtained as follows:

− Ti−1 + Ti + Fi,i + Fi−1,i + Fi+1,i = 0 (35)

where Ti−1, Ti are the elastic tensions generated at the i-1th and ith section on the flexible
wire rope, respectively, and Fi,i, Fi−1,i, Fi+1,i are the equivalent structural forces of the torsion
spring generated at nodes Bi, Bi−1, and Bi+1, respectively.

Since Equation (35) can be divided into two groups of scalar equations in direction
y and z, a total number of 2(N− 2) static force balance equations can be established. In
addition, from the perspective of geometric constraints, since the flexible wire rope only
moves in the plane yoz, let ϑi = 0, and the following two geometric constraint equations
can be established simultaneously:{

l1cϕ1 + l2cϕ2 + . . . + lN−1cϕN−1 = dse

l1sϕ1 + l2sϕ2 + . . . + lN−1sϕN−1 = 0
(36)

where dse is the distance between the beginning and end of the flexible wire rope. Its value
range is defined as follows:

(1) When the flexible wire rope is located at the initial position AA′ (as shown in
Figure 7), the minimum value of dse can be calculated according to the following formula:

dse = 2Rcm sin γA A ′ (37)

where γA A ′ represents half of the center angle corresponding to the arc AA′.

Figure 7. Determination of the distance range between the beginning and end of the flexible wire rope.

(2) When the flexible wire rope is located at AA′′ , the maximum value 2Rcm of dse is
taken. Therefore, the reasonable range of the distance between the two ends of the flexible
wire rope is dse ∈ [2Rcm sin γA A ′, 2Rcm].

So far, a total of 2(N− 1) equations have been established, and we have βi = (ϕi−1 − ϕi).
Since the number of basic unknown variables (li, ϕi) is 2(N− 1), the equation composed
of Equations (35) and (36) can be solved. Then, the tension and bending preloads in the
initial state can be obtained as follows:

Ti0 = ktes

(
li −

ltot

N− 1

)
(38)

Mi0 = ktor(βi − βi0) (39)

where ltot is the total length of the flexible wire rope.
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3.2. Impact Modeling and Analysis

To simplify the impact modeling process, some assumptions are made below:

1. The impact force only acts on the node. If the number of nodes is large enough, this
could be realized.

2. The relative velocity between the grapple shaft and the flexible wire rope is low
enough. Based on this, we assume that the velocity-dependent term makes no
contribution to the force equilibrium equation. For the space capture task, the relative
velocity between the target object and the capture device at the beginning of contact
is controlled at a low level to reduce the impact force. The maximum of this relative
velocity is about 0.1 m/s in most cases [29–31]. At this velocity level, even if this
velocity is considered in the impact dynamic model, the result of the calculated impact
force does not vary significantly from that of this paper, considering the difference of
mass of the target object [32]. As a result, this assumption is reasonable and able to
simplify the calculation process.

3. Considering the small deformation caused by contact, the impact force direction stays
the same during the contact process and only a single point contact happens.

When the flexible wire rope is subjected to external force, we assume that there is a
virtual spring between the flexible wire rope and the support shell according to its reaction
state. One end of the spring is connected to the node of the flexible wire rope while the
other end is connected to the support shell. Because the stiffness coefficient of the virtual
spring is not constant, the contact impact force cannot be simply calculated according to
the Hertz damping model. In fact, the stiffness coefficient of the virtual spring is related to
the pressing depth δv and the distance dse between the beginning and end of the flexible
wire rope. The pressing depth is defined as the distance that the flexible wire rope moves
in the contact direction from the initial position to the current position, which is shown in
Figure 8.

Figure 8. Virtual spring impact model of the flexible wire rope.

We assume that the contact occurs on node n of the flexible wire rope, and the force
condition is shown in Figure 9. The static force equilibrium equations for node 2 ∼ (N− 1)
can be established as:{

Fc − Ti−1 + Ti + Fi,i + Fi−1,i + Fi+1,i = 0 i f i = n

−Ti−1 + Ti + Fi,i + Fi−1,i + Fi+1,i = 0 else
(40)

where Fc is the external force applied on node n.
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Figure 9. Force analysis of the flexible wire rope (including impact force).

By combining Equation (40) with Equation (36), the equilibrium equations of the
flexible wire rope in the presence of an external force can be obtained. When a group of Fc
and dse is given, the corresponding indentation depth δv can be obtained. In a sense, the
contact condition of the flexible wire rope can be compared with that of a spring. However,
the difference is that the stiffness of the flexible wire rope in the contact process is not the
only constant. It is related to the pressing depth and the distance between the beginning
and end of the flexible wire rope. The stiffness coefficient of the virtual spring is defined as
the ratio of the normal pressure at the contact point to the corresponding pressing depth,
which can be solved by the following steps.

(1) The initial ranges for dse ∈ [dmin, dmax] and Fc ∈ [Fmin, Fmax] are set first. The range
of dse is determined by the constraints of the institution. However, the range of Fc is set
through a tentative process. The minimum value is 0 and the maximum value is first set to
be FA.

(2) A set of start–end distances [2Rcm sin γA A ′, ds1, ds2, · · · 2Rcm ] ∈ <1×m with
2R c m sin γA A ′ < d s1 < d s2 < . . . < 2R c m , a n d [0, Fn1, Fn2, · · · , FA ] ∈ <1×n w i t h
0 < Fn1 < Fn2 < · · · < FA are given. By substituting these values into Equations (36) and (40),
the corresponding indentation depth δv ∈ <m×n of these values can be obtained. Then, the
high-order polynomial is used to fit the surface of the calculation results, and the following
functional relation can be obtained as follows:

Fc = f (δv) + g(dse) + h(δv, dse) (41)

where f (δv) and g(dse) are the polynomial functions of δv and dse, respectively, while
h(δv, dse) represents the coupling function with variables δv, dse. If the precision of curved
surface fitting is not high enough, the method of piecewise fitting can be used.

According to the definition, the expression of the virtual spring contact stiffness
coefficient can be obtained as follows:

kv =
Fc

δv
=

f (δv) + g(dse) + h(δv, dse)

δv
(42)

(3) In the process of capturing, when the pressing depth and the distance between the
beginning and end of the flexible wire rope are known, the contact stiffness coefficient of
the virtual spring can be obtained through Equation (42). The detailed calculation process
of the contact stiffness coefficient of the virtual spring is shown in Figure 10. Furthermore,
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the dynamic contact impact force between the target and the flexible wire rope can be
calculated according to the Hertz damping model:

Fc
′ = kvδv + cv

.
δv (43)

where
.
δv is the relative compression velocity in the contact process.

Figure 10. Fitting process of contact stiffness coefficient of the flexible wire rope.

It is notable that the proposed polynomial function fitting method can be used to
calculate the contact stiffness coefficient of the virtual spring of the flexible wire rope, which
has a certain scope of application, that is dse ∈ [dmin, dmax] and Fc ∈ [Fmin, Fmax]. In the
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process of capturing, the calculation accuracy can only be guaranteed when the above two
variables are within this range. If the static impact force Fcmax = kvδvmax at the maximum
compression position δvmax is greater than the upper limit value of the fitting range FA, the
upper limit value FB should be reset to such a value FB > Fcmax, and the above calculation
process should be repeated until the calculation results meet the constraint conditions. To
avoid similar repetitive work, we can set the upper limit of Fc as large as possible in the
initial stage. However, it will cost more time in the data fitting stage.

4. Experiments

To validate the impact dynamic model, ground experiments and simulations were
carried out with two objects on an air flow table.

4.1. Experiments of the Impact Dynamic Model Analysis of a Rigid Body
4.1.1. Ground Experiments

An experimental testbed on ground was constructed. It includes four parts: the air
flow table, the active satellite simulator, the passive satellite simulator, and the collection
system. The general scheme of this testbed, the two satellite simulators with the impact pole
and cone installing are shown in Figures 11–13, respectively. The air flow table was made
of tempered glass, which was polished to reduce friction. The air bearings were NEW WAY
S108001 air bearings with a diameter of 80 mm and working air pressure of 0.4 MPa. The
air flow was supplied by two 5 L nitrogen gas bottles whose initial pressure was 30 MPa.
The active satellite simulator was fixed to the air flow table, while the passive satellite
simulator was able to move and be accelerated manually to simulate the randomness of
the motion state of the target object in a space capture task.

Figure 11. The general scheme of the ground experimental testbed.
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Figure 12. The passive satellite simulator.

Figure 13. The active satellite simulator.

By virtue of the gas power system, the satellite simulators could float on the air flow
table. Therefore, the friction force was largely reduced. The DT50-P1113 laser range finder
was used to measure the relative position of two satellite simulators. The measuring
range of this laser range finder was 10 m with a measuring accuracy of ±1 mm and a
repeated accuracy is ±2.5 mm. The linear velocity can then be derived by data processing
software by calculating the first derivative of the change of relative position over time.
The MTi gyroscope was used to measure the angle of the passive satellite simulator,
and the ATI-Nano17 six-dimensional force sensor was used to measure impact force. The
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measuring range of the MTi gyroscope was 0 to 360 degrees clockwise and counterclockwise
with a linear error of 0.1 degree and nonlinear error of 0.1% FS. The ATI-Nano17 force
sensor was 0.907 kg in weight, 17 mm in diameter, and 15 mm in height, which is small and
light. The maximum measurable axial load was ±480 N and ±1.8 Nm. The best resolution
for this force sensor was 1/320 N and 1/64,000 Nm. This force sensor can measure six
forces, which are along the positive and negative direction of the x, y, and z-axis of the
Cartesian coordinate system. In this experiment, only the force along the impact direction
is measured. The relative contact velocity and the impact force were derived and analyzed
according to the experiment recorded data on the working PC.

In Section 2, the impact dynamic model between the grapple shaft and the rigid body
was set. To verify the validity of the model, impact experiments were carried out. The two
simulators moved relative to another, and then the impact occurred between the impact
pole and cone. Meanwhile, the relative displacement and impact force were recorded,
which are shown in Figures 14 and 15, respectively. The relative contact velocity was
derived by the displacement, as shown in Figure 16.

From 0 s to 1 s, the two simulators move relative to another, so the relative displace-
ment keeps decreasing until the impact occurs. After 1 s, the two simulators separate, then
the displacement gets continuously increased. The red marked line in Figure 15 shows the
relative velocity during the impact period. It is obvious that the relative contact velocity
at the initial time and the detached time is v = −94.83 mm/s and vout = 57.48 mm/s,
respectively. Figure 16 shows the actual impact force is F = 214.6 N.

Figure 14. Relative displacement.
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Figure 15. Impact force during the impact period.

Figure 16. Relative contact velocity.

4.1.2. Simulations

(1) Simulations without considering friction

According to the impact dynamics above, a simulation based on MATLAB was
run. The initial parameters (all the parameters were set according to the experimen-
tal testbed from Section 4.1) included: the mass of the two impact objects m1 = 38.4 kg and
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m2 = 21.85 kg, the initial relative contact velocity v = −94.83 mm/s, the contact planar
radius r = 18 mm, and the restitution coefficient c = 0.55. For the Zhiying–Qishao model,
when the value of the restitution coefficient was between 0.5 and 0.6, the value of the
input restitution coefficient was closest to that of the output restitution coefficient, meaning
that the model had the highest accuracy in this interval [29]. It is reasonable to take the
middle point of this interval as the value of the restitution coefficient c, which was c = 0.55.
Figures 17 and 18 show the relative contact velocity and the impact force, respectively. At
the detached time, the theoretical velocity of the two objects is v′out = 62.87 mm/s, and
the theoretical impact force is F′ = 201.5 N.

Figure 17. Relative contact velocity.

Figure 18. Impact force.
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Comparing the theoretical data with the actual ones, we can get the relative contact
velocity error and the impact force error as:

verror =
|vout − v′out|

vout
× 100% = 9.22% (44)

Ferror =
|F− F′|

F
× 100% = 6.1% (45)

To make the data more credible, we carried out several full experiments. All the data
are shown in Table 1.

Table 1. The comparison between theoretical and experimental results.

Physical Data 1st 2nd 3rd 4th 5th 6th

Initial velocity v (mm/s) −94.83 −124.5 −81.2 −204.2 −173.8 −101.6
Theoretical detached Velocity v′out (mm/s) 62.57 82.54 53.83 135.4 115.2 67.36

Actual detached velocity vout (mm/s) 57.48 72.21 46.28 122.4 100.8 60.6
Velocity error verror (%) 9.22 14.3 16.3 10.6 14.28 11.15

Theoretical impact force F′ (N) 201.5 279.4 167.3 505.8 416.9 218.9
Actual impact force F (N) 214.6 300.2 195.4 468.2 450.8 250.4

Force error Ferror (%) 6.1 6.92 14.38 8.03 7.52 12.57

The data in Table 1 show that the average velocity error was verror = 12.64%, and the
average force error was Ferror = 9.25%.

(2) Simulations considering friction

(a) The friction experiments

Although the satellite simulators float on the table, they still have some resistance.
We speculated that the error in Section 3 was caused by the table friction. To verify the
conjecture, we designed an experiment. The passive simulator got an initial velocity by
applying an instantaneous force on it. As there was still a relatively small friction on the
table, the satellite would stop itself.

According to satellite kinematics and Newton’s second law, the friction factor can be
derived. Figure 19 shows the displacement data of the satellite simulator from the first
experiment. The original displacement is discrete point sets collected by the laser range
finder. To derive smooth velocity and acceleration curves, the original displacement was
fitted by a polynomial, and the red curve in Figure 19 represents the fitting result. Figure 20
shows the satellite simulator velocity, derivative of the fitting displacement. Furthermore,
Figure 21 shows the acceleration of the satellite simulator. During the 0 s to 0.5 s period,
the satellite simulator speeds up to the maximum velocity by thrust. Then, it moves freely
on the table with only the table friction, and at 4.1 s, the satellite simulator stops.

We can see that the acceleration from 1 s to 3 s is a = 0.088 m/s2. As a result, the
friction applied by the air flow table on the passive simulator is f1 = m1a = 3.3792 N. In
addition, according to the Coulomb’s friction law, the friction factor µ = f1/m1g = 0.0088.

To make the data more credible, we performed six experiments in total. All the data
are listed in Table 2.

Table 2. The data of friction experiment.

Physical Data 1st 2nd 3rd 4th 5th 6th

a (m/s2) 0.088 0.089 0.095 0.092 0.09 0.089
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Figure 19. The simulator displacement.

Figure 20. The simulator velocity.

Figure 21. The simulator acceleration.
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Calculating the average acceleration in Table 2, the expected friction factor is µ = 0.00905.
The mass of the active simulator is m2 = 21.85 kg, so the total friction force during the

impact is f = µ(m1 + m2)g = 5.4526N.

(b) The impact dynamic model with friction

As differential equations of inseparable variables, Equation (11) is solved by the ode15s
function in MATLAB. Using the same initial parameters as in Section 3.1, Figure 22 shows
the relation between relative contact velocity and deformation. We can see that the relative
contact velocity at detached time is v′out_ f = 57.22 mm/s.

Figure 22. The relative contact velocity.

According to Equation (1), the impact force of every step can be calculated. In addition,
based on the formula ∆t = ∆v/

..
δ, the time interval between each step is obtained. Therefore,

Figure 23 was plotted to show the relation between impact force and time. The maximum
impact force during the period is F′ f = 220.1 N.

Figure 23. Impact force.
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Introducing the initial velocity from Table 1 into the improved impact dynamic model,
the output data were compared with the experimental ones as shown in Table 3.

Table 3. The comparison between improved theoretical result and experimental ones.

Physical Data 1st 2nd 3rd 4th 5th 6th

Initial velocity v (mm/s) −94.83 −124.5 −81.2 −204.2 −173.8 −101.6
Theoretical detached Velocity v′out_ f (mm/s) 57.22 79.21 47.22 131.8 107.5 64.41

Actual detached velocity vout (mm/s) 57.48 72.21 46.28 122.4 100.8 60.6
Velocity error verror_ f (%) 0.45 9.69 2.03 7.68 7.42 6.29

Theoretical impact force F′ f (N) 220.1 286.8 185.5 463.3 425.8 240.2
Actual impact force F (N) 214.6 300.2 195.4 468.2 450.8 250.4

Force error Ferror_ f (%) 2.8 4.46 5.1 1.07 5.54 3.99

According to the data from Table 3, the average velocity error is verror_ f = 5.59%,
and the average force error is Ferror_ f = 3.83%. Compared with the results from Table 1,
verror_ f = 5.59% < verror = 12.64%, Ferror_ f = 3.83% < Ferror = 9.25%. It is obvious that the
improved impact dynamic model has advantages over the former, especially when the im-
pact objects contact with the environment. These errors caused by the nonlinear model itself
or the acquisition precision of the sensor are hard to avoid, so these errors are reasonable.

According to the above ground experiments and simulations, the impact dynamic
model considering friction established in this paper is more accurate than that without
taking friction into account. The value of the friction in this experiment was relatively high
for air flow table experiments, and the upgraded impact dynamic model derived here is
dedicated to microgravity simulators with a high friction

4.2. Experiments of the Impact Dynamic Model of a Flexible Body

We used the capture rod installed on the end of the manipulator and the flexible wire
rope attached on the target star to carry out the impact experiments for a flexible body. The
diameter of the flexible wire rope was 3 mm, the maximum load was 571 kg, the effective
length was 0.30 m, the linear density was 0.0365 kg/m, and the initial total bending angle
was 26 degrees. The flexible wire rope was divided into 30 sections, and the installation
distance between the head and end was 0.26 m at the impact time. The target star structure
with the space snare capture is shown in Figure 24, the physical figure is shown in Figure 25,
and its dynamic parameters are shown in Table 4. The control variable method was used to
evaluate the dynamic modeling accuracy of the contact impact between the target load and
the flexible wire rope.

Figure 24. The star target structure.
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Figure 25. Physical map of target satellite.

Table 4. The dynamic parameters of the star target.

Mass (kg) Centroid (m)

41.7 −0.040931 0.00137 0.342138

Rotational inertia (kg·m2)

Ixx Iyy Izz Ixy Iyz Izx

3.40766 3.15477 1.61416 0.00353 0.02253 −0.08852

(1) Contact at the same point with different contact velocity

We set the joint angle of the manipulator at the impact time as [0.8727,−1.7453, 0.8727](rad),
as shown in Figure 26.

Figure 26. Capture configuration of the manipulator. (a) The 3D simulation drawing and (b) physical map.

First, the polynomial fitting method described in Section 3.2 was used to fit the relation
between the compression and the impact force at the 16th node of the flexible wire rope.
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Since the installation distance between the head and the end was determined, the unitary
polynomial was used to fit the compression, and the fitting result was as follows:

Fc= 4.13× 104δv
2 + 2089δv − 8.79× 10−4 (46)

where the coefficient of determination is close to 1 and the fitting accuracy is close to 100%.
The actual impact force data between the end capture rod of the manipulator and

the flexible wire rope were collected by the six-axis force sensor. According to the actual
parameters, the initial value of the theoretical calculation was set. Based on the theory
proposed in this paper, the contact stiffness coefficient of the flexible wire rope virtual spring
was calculated by Equation (46), and the theoretical contact impact force was calculated
by the Hertz damping model. It was compared to the actual impact force data. As shown
in Figure 27, the three plots show that the capture rod of the end of the manipulator
contacts the 16th nodes of the flexible wire rope at the relative speed of 0.06 m/s, 0.08 m/s,
and 0.10 m/s, respectively. The black point represents the actual sampling value of the
six-axis force sensor, the blue curve is the fitting curve of the actual impact force based
on the sampling value, and the green curve is the theoretical contact curve based on the
method proposed in this paper. The maximum values of the actual impact force are 2.76 N,
3.77 N, and 5.23 N, respectively. The peak value of the impact force increases with the
increase of the relative contact velocity, which proves the theory of reducing the peak value
of the impact force by reducing the relative contact velocity proposed in this paper.

Figure 27. Contact with the flexible wire rope at the same point at different speeds. Relative speed: (a) 0.06 m/s, (b) 0.08 m/s, (c) 0.1 m/s.

It is worth noting that the peak value of the impact force and impact pulse are two
major standards to analyze the effect of the impact force. The peak value of the impact
force is the maximum impact force during the entire impact process. If this peak value is
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too large, the manipulator and the target object will be damaged or destroyed. The impact
impulse is the accumulated effect of the impact force over the entire impact process. It
is the accumulated effect over contact time. This impulse will cause a disturbance to the
capturing process and the target load (mainly on posture and motion state), causing more
difficulties for the capture task [33–35]. For the flexible capture, the capturing device has a
strong tolerance on the motion state and posture of the target load. Thus, the disturbance
caused by the impact impulse is not more significant than the potential structural damage
or destruction caused by the peak value of the impact force in this case. As a result, this
paper compares the peak value of the impact force in the following parts.

(2) Contact at different points with the same speed

Let the capture rod at the end of the manipulator impact with the 5th, 10th, 20th, and
25th nodes on the flexible wire rope at the same contact speed of 0.06 m/s. The obtained
impact force curve is shown in Figure 28. Under the same contact speed, the peak value of
the impact force generated at the 5th and 25th nodes are relatively large, while that at the
10th and 20th nodes are relatively small. Among them, the maximum value is 6.22 N, and
the minimum value is 2.66 N. The maximum value is approximately 2.4 times greater than
the minimum value, which proves that the peak value of the impact force is larger when
the flexible wire rope is close to the installation position, and the peak value of the impact
force is smaller in the middle area.

Figure 28. Contact with the flexible wire rope at different points with the same speed. (a) Impact with the 5th node, (b)
impact with the 10th node, (c) impact with the 20th node, (d) impact with the 25th node.
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(3) Analysis of the experimental results

To calculate the accuracy of the theoretical model of the flexible wire rope proposed in
this paper, the accuracy equation was established as follows:

ξ = 1−
∣∣∣∣ Fp_max − Ft_max

Ft_max

∣∣∣∣× 100% (47)

where Fp_max, Ft_max are the peak values of the impact force obtained by actual data fitting
and theoretical simulation, respectively.

Table 5 summarizes the repeated experiments. For the 5th, 10th, 20th, and 25th node
on the flexible wire rope, positive impact occurs at the speed of 0.06 m/s, 0.08 m/s, and
0.10 m/s, respectively. Comparing the fitting curve of the six-axis force data sampling
points with the theoretical simulation results, we can find that the maximum accuracy is
89.70%, the minimum is 73.18%, and the average accuracy of the model is 81.61%. To a
certain extent, the impact force of the flexible wire rope is predictable. At the same time,
the following common features can be seen from the above figures:

(1) In general, the peak value of the impact force calculated by the theoretical simulation
is larger than that of the numerical fitting curve of the six-axis force collected data.

(2) The contact time between the end capture rod and the flexible wire rope of the actual
manipulator is significantly longer than that of the theoretical simulation.

(3) The fitting curve of the actual impact force sample points obviously fluctuates.
(4) The theoretical simulation results show that the impact force reaches its peak quickly.

Table 5. Accuracy of impact force model for the flexible wire rope.

Speed 5th Node 10th Node 16th Node 20th Node 25th Node

0.06 m/s 78.15% 84.83% 89.70% 81.29% 73.68%
0.08 m/s 73.18% 83.81% 81.78% 89.68% 82.89%
0.10 m/s 76.81% 81.47% 84.70% 85.27% 76.88%

5. Conclusions

Impact dynamic models between two objects were established in this paper. For
the capture task between a grapple shaft and a rigid body, its impact dynamic model
considering friction factor was established based on the Zhiying–Qishao model. For the
capture task with a flexible impact, an impact dynamic model between a grapple shaft
and a flexible wire rope was established. The ground experiments and the simulations
were carried out with two objects on an air flow table. For the impact of rigid bodies, the
experiment results proved that the impact dynamic model considering friction was more
accurate than those without taking friction into account. For the impact of flexible bodies,
the ground experiments and simulations verified the effectiveness of the impact dynamic
model. Finally, to a certain extent, the contact force of a flexible wire rope can be predicted
with the impact dynamic model.
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