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Abstract: The objective of this work is to develop an efficient method to carry out the preliminary
design of the mooring system for a wave energy converter. A practical mooring design procedure is
applied to a specific case of study, and it can be replicated for other cases. Firstly, the static analysis
is performed for a configuration with three mooring cables with different pre-tensions on fairlead,
diameters of the cables, and materials. Based on these configurations from the static analysis, a
quasi-static analysis is carried out in the frequency domain and a preliminary design is conducted
according to DNV rules. Then, a 3-h dynamic analysis in the time domain is performed on several
selected configurations, considering the same environmental conditions in the quasi-static analysis
using the finite element method. Extreme dynamic responses of the system, such as extreme surge
motion and mooring tensions, are estimated by the global maximum method, which is performed
by fitting 20 individual maximum observations by Gumbel distribution. The quasi-static method
is validated by comparing the results of extreme tension and displacement with the coupled time
domain analysis. In addition, the influence of pre-tensions and cable diameters on the static and
dynamic responses of the mooring system are discussed.

Keywords: mooring system; WEC; renewable energies; quasi-static analysis; dynamic analysis

1. Introduction

Wave energy converters are considered one of the most promising clean energy sources
in the world of renewable energy. These devices convert the kinetic and potential energy of
a sea wave into useful mechanical or electrical energy. The potential of this energy source is
extremely wide, but this type of system is relatively recent and most of them are still in the
preliminary study phase [1,2]. Compared to nearshore regions, offshore locations present
significantly larger amounts of wave energy and free sea space, which could facilitate the
deployment of larger numbers of wave energy converters (WECs).

For conventional floating structures, mooring is an important component to assure
survivability during extreme sea states. For floating WECs, the mooring design is im-
portant, not only for station keeping but also for effective power capture and economic
issues. Extensive experiences on mooring designs in the offshore oil and gas industry [3]
have provided useful references to mooring system design of WECs; however, a detailed
discussion of how existing mooring standards from the oil and gas industry fitted in the
application of station-keeping of WECs can be found in [4,5]. The main differences between
WECs mooring systems compared to those from other offshore applications are discussed
in [6], such as enabling resonance at the dominant wave frequency of target site, installation
in shallow water (generally less than 100 m), accounting for PTO characteristics, enabling
converters to be densely deployed for a WECs farm, a lower return period and relatively
high cost.

As known, there are different types of WECs concerning the working principle, which
is also relevant to the mooring design. For the motion-independent devices (e.g., OWC),
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the mooring design is similar to conventional oil and gas platforms, i.e., the resonant period
of mooring should be designed outside the wave period to reduce dynamic loads. On the
contrary, for the motion-dependent device, the mooring system needs to be designed to
make the resonant period of energy extraction primary modes match the classical wave
period of the target site as close as possible [6].

Mooring design procedures for WECs are not very frequent in the literature, however,
some useful studies can be found. A static method for preliminary mooring design for
WECs was presented in [4] based on statistics of mooring design used for CALM and
SALM buoys. With this method, the initial mooring configuration, line properties and
mooring pretension can be determined, combining with estimated mean environmental
loads. Martinelli et al. [7] presented a detailed procedure to design a mooring system and
anchor for SEABREATH (an OWC). The mooring systems assessment for large WECs in
Demark were studied in [8,9], where the cost of different mooring systems was coarsely
estimated. Mooring and foundation design of marine renewable energy (MRE) devices
was performed in [10] using an open-source solution DTOcean (Optimal Design Tools for
Ocean Energy Arrays), which is capable of capturing several key aspects of MRE array
design and providing the design with lowest capital cost.

A conceptual mooring system design procedure is given in IEC TS 6200-10 [11]
considering the ultimate limit states (ULS), the accidental limit states (ALS), serviceability
limit states (SLS) and the fatigue limit states (FLS) design. Based on this research, a
clear mooring design procedure was proposed in [12]. A review and discussion on the
development of the OWC concept of wave energy converters in general and the evolved
variation of the Multi-OWC were presented in [13]. Recently, a preliminary design of a
floating offshore version of CECO was presented in [14] with two main designs, where
the first was a spar solution with the use of catenary mooring (chain) lines while the
second design was based on a tension leg platform (TLP) solution with the use of tethers
as mooring system. Their analysis on moorings concluded that particular attention should
be paid to mooring system design, in terms of properties and materials selection, in order
to increase efficiency and at the same time reduce extreme mooring loads and fatigue.

Bergdahl and Kofoed [15] carried out a preliminary design of the mooring system for a
WEC, following a quasi-static approach. Chakrabarti [16] published a book that covers the
basic background materials and their application in offshore engineering. Particular empha-
sis is placed on the application of the theory to practical problems. It includes the practical
aspects of the offshore structures with handy design guides and simple description of the
various components of offshore engineering and their functions. Recently, Ma et al. [3]
presented in-depth knowledge on all aspects of mooring systems, from design and analysis
to installation, operation, maintenance and integrity management for offshore structures.
Xu et al. [17] performed a study on the calculation of the most probable maximum extreme
(MPME) responses for floating structure. The global maximum method, which is applied
by fitting, using the L-moments method, the individual maximum observations by Gum-
bel distribution, is used to obtain extreme surge motion and mooring tensions. A slack
mooring and two hybrid mooring systems for a WEC buoy were experimentally studied
in [18], which showed that the snap load can frequently occur in the slack mooring system.
The effects of wave-induced response of floating CALM buoys on the load combination of
submarine hose systems and sensitivity studies were performed by Amaechi et al. [19,20]
using the hydrodynamic models developed using ANSYS AQWA and the coupled simu-
lation in Orcaflex. An experimental and numerical investigation of a taut-moored wave
energy converter system was performed in [21] where the wire ropes were applied in the
mooring cables. Yang et al. [22] simulated the dynamics of the WEC system using both
coupled and de-coupled models in the time-domain. The coupled approach in DeepC
was recommended to be used since the coupling effect was crucial for the fatigue damage
analysis of the mooring line.

The use of synthetic fibre ropes in the moorings for floating WECs has resulted in
significant improvements in safety, performance and economical aspects, due to the lower
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submerged mass, a lower cost and the potential to reduce peak loads [23]. The typical
synthetic rope used for mooring lines is polyester, aramid, HMPE and nylon. A detailed
discussion of the performance of different synthetic ropes in the application for marine
renewable energy devices was presented in [24], which concluded that polyester and nylon
were considered as the suitable material for compliant mooring systems for WECs. Aiming
to improve the knowledge of using elastic mooring lines for floating WECs, experimen-
tal study [25] and numerical analysis [26] of two mooring systems for WECs have been
performed previously. It was found that the slack system, which contains the polyester
component in mooring lines provides significantly lower spectral peaks. A clear charac-
terization of the mechanical behaviours is essential to a reliable and economic mooring
design for WECs. A large number of investigations regarding the time-dependent material
behaviour of synthetic fibre ropes has been reported, e.g., [27–31]. Thomsen et al. [32] in-
vestigates the behaviour of a synthetic mooring system applied to the Floating Power Plant
wave energy converter using experiments and a quasi-static analysis based on existing
guidelines, showing that the simple method underestimated the tensions. A quasi-static
analysis and sensitivity investigation of two different mooring configurations—a single
anchor leg mooring (SALM) and a three-legged catenary anchor leg system (CALM)—were
presented and compared in [33].

Though extensive synthetic material tests exist in the literature, the numerical simu-
lation of the hydrodynamics of floating body moored with nylon and polyester ropes is
still limited, as the material exhibit highly nonlinear and time-dependent load-elongation
properties. Recently, Pham et al. [34] suggested a practical procedure to perform numeri-
cal dynamic modelling of nylon mooring ropes for a floating wind turbine, considering
the empirical dynamic stiffness models that were proposed based on the measurements
from [35]. Before performing the numerical dynamic modelling of elastic mooring cables,
it is necessary to establish an efficient method for preliminary mooring design from which
the mooring configurations with the minimum size of the elastic cables could be designed
and be optimized easily.

The objective of the work is to develop a reliable and time-efficient method to perform
a preliminary design of the mooring system for a wave energy converter. The procedure is
presented by applying this method to a case of study, considering a specific location and
floating system. The preliminary design of the mooring system is effectuated considering
the extreme environmental conditions, relative to the location under examination, with
return periods chosen accordingly to the DNV indications [36]. Firstly, considering different
possible mooring configurations a static mooring analysis considering various pre-tensions
on fairlead, diameters of the cables and different material of mooring lines, is performed
for the WEC buoy. Based on these configurations from the static analysis, a quasi-static
analysis is carried out in the frequency domain. In this method, wind and current are
considered as steady forces and their loads are calculated using the same approach, and
wave loads are calculated for first order waves, including loads from superposed regular
wave components in irregular waves and mean wave drift load. A static force-displacement
study of the system is carried out, in order to be able to perform a quasi-static analysis,
considering the different configurations under examination. At this point, through an
iterative method, a preliminary design of the mooring system is carried out, following rules
and indications of DNV [36,37]. Moreover, the mean offset, top angle, maximum tensions
and surge excursion of the system are estimated and analysed, for each configuration.
Then, considering several selected configurations and the same environmental conditions
of the quasi-static analysis, this method is validated performing 3 h dynamic analysis in the
time domain, using the FEM program, which is implemented in the commercial software
SESAM. Extreme dynamic responses of the system, such as extreme surge motion and
mooring tensions are estimated with the global maximum method, which is performed by
fitting 20 individual maximum observations by Gumbel distribution. The results obtained
with the two methods (quasi-static and dynamic analysis) are compared and discussed,
and considering the small discrepancy of results the quasi-static method is validated.
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In addition, the effects of different pre-tensions and cable’s diameters on the static and
dynamic responses of the mooring system are discussed.

2. Methods
2.1. Description of the Buoy

The water depth (h) of the location under examination is equal to 50 m, while the main
characteristics of the WEC are presented in Table 1 and Figure 1. This buoy is a simpli-
fied model of a point absorber WEC type and it harvest incoming wave-energy from all
directions. This study is mainly focused on the design and analysis of the mooring system.

Table 1. Main characteristics of the wave energy converter.

Wave Energy Converter

Diameter, D 10 m
Draft, Db 12 m

h1 5 m
Weight 832,598 kg

Submerged volume 811 m3

Vertical section area 109.3 m2
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Figure 1. Sketch of the floating structure.

2.2. Quasi-Static Analysis

When a floating structure is exposed to different environmental forces and sea states,
the mooring lines are subjected to different types of loads that occur simultaneously:

• Mean loads;
• Low frequencies loads;
• Wave frequencies loads.

Therefore, the mean environmental loads lead the system to a mean horizontal offset
(Xmean). In the quasi-static analysis, low frequency and waves loads are computed around
this initial offset, considering the stiffness of the mooring system in this position, so that
possible resonance effects are taken into account [15]. Then, the larger of the combined
horizontal offset (XC) is used to calculate the maximum tension acting on the line:

XC1 = Xmean + XWF−max + XLF−sig (1)

XC2 = Xmean + XWF−sig + XLF−max (2)

where XC1 and XC2 are the characteristic offset to be considered, XWF-max and XWF-sig
are, respectively, the maximum and significant offset caused by wave-frequency loads
and XLF-max and XLF-sig are the maximum and significant offset caused by low frequency
loads. The index sig and max represent, respectively, the significant and the most probable
maximum amplitude motion in three hours [37].
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This study is focused on the motion in surge direction and the irregular wave loads
are analysed as a superposition of harmonic loads. Solving the equation of motion for
the damped system, considering a harmonic load, it is possible to express the horizontal
response amplitude (x̂) as [15]:

x̂ =
F0√

(S− (M + Ma)ω2)
2 + b2ω2

(3)

where:

• F0 is the force amplitude;
• S is the mooring stiffness;
• M is the mass of the floating body and Ma the relative added mass;
• ω = 2π

T is the angular frequency;
• b is the radiation damping of the system.

Moreover, the surge motion response spectrum in irregular waves can be calculated
using the force spectrum (SF) obtained with the Morison mass force approach (SF) or with
the diffraction theory (SFd), but the applied procedure is the same in both cases:

Sx( f ) =
SF( f )√

(S− (M + Ma)ω2)
2 + b2ω2

(4)

and the significant motion amplitude:

x1s = 2
√

∑
i

Sx( fi)∆( fi) (5)

where ∆( fi) is the frequency step ( fi+1 − fi).
If the structure’s resonant period is not within the wave spectrum periods (zero

up crossing period (TZ) and peak period (TP)), it is possible to apply a simplified equa-
tion (Newman approximation) to express the low-frequency excitation spectrum in the
frequency domain [38]:

SLF(τ) = 8
∫ ∞

0
Sw(ω)Sw(ω + τ)Cd

(
ω +

τ

2

)
dω (6)

where Sw is the wave spectrum and τ the frequency difference ωi −ωj.

2.3. Dynamic Analysis

In the frequency domain analysis, the equations of motions are linearized. Linearity
implies some inaccuracy in effects like drag loads, time varying geometry, variable surface
elevation and horizontal restoring forces [37]. In addition, the dynamic effects on the
moorings are also neglected. To consider the dynamic effects, the moored WEC is modelled
and analysed with the software DeepC. This program allows the user to simulate the static
and dynamic response of the system, using a time-domain couple analysis approach.

To estimate extreme surge motions and maximum mooring tensions, the global max-
imum method is applied by fitting 20 individual maximum observations with Gumbel
distribution. Using different random seed numbers, it is possible to consider the uncer-
tainty associated with the wave traces and extract uncorrelated and independent maximum
values. Usually, at least 20 simulations of 3-h need to be carried out in order to obtain
enough values that will produce valid results [17]. Moreover, the extracted maximum val-
ues are assumed to satisfy the Gumbel distribution. The cumulative distribution function
of this distribution is:

F(x; µ, σ) = exp [− exp
(
− x− µ

σ

)
] (7)
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where σ is the scale factor and µ is the location factor.
In order to obtain these two factors, the L-moments method is applied, where L-

moments are linear combinations of probability weighted moments [39]. The main advan-
tage of this method is that it is robust to possible outliers of the data samples, even for
samples with few values. For this reason, it is much more efficient than other traditional
techniques, especially for the case under examination, where the size of samples is small
and outliers may occur [17]. Therefore, applying this method, the Gumbel parameters are
defined as:

• σ = l2
ln(2) ;

• µ = l1 − γ× σ

where:

• l1 = 1
n ∑n

j=1 xj:n, which is the arithmetic mean;

• l2 = 2× 1
n ∑n

j=2
j−1
n−1 − l1;

• γ is the Euler’s constant.

Then, the most probable maximum extreme (MPME) value is calculated as:

xMP = µ− σ× ln(− ln(F(1− 0.632)) = µ (8)

which is equal to the mode value. This value has a 63.2% chance to be exceeded.

3. Calculations of Environmental Loads
3.1. Environmental Conditions

The environmental conditions considered in the design of a floating device are wind,
current and waves. Different return periods should be considered in accordance with DNV
rules [36] and with the level of safety required. In this section simple and direct methods
are presented to estimate the loads acting on a floating body, generated by varying extreme
environmental conditions.

The design location considered in this study is the Arabian Gulf, which is an arm of
the Indian Ocean, where nowadays a large number of coastal projects are in progress and
many others are being planned for the future [40]. Current velocity (UC) of 1 m/s and
significant wave height (HS) equal to 5 m are considered extreme environmental conditions
according to [40]. Wind forces are not taken into account in this study, but their loads can
be calculated following the same approach presented to estimate the current loads.

A sea state is specified by a wave frequency spectrum with a given significant wave
height, a representative frequency, a mean propagation direction and a spreading function.
The spectrum provides the distribution of energy among different wave frequency. In
applications, the sea state is assumed to be a stationary random process and the standard
time between registrations of sea states is usually equal to three hours.

A Pierson–Moskowitz wave spectrum is considered in this study, which is a one
parameter spectrum of a fully developed sea. Therefore, the density energy of the spectrum
as a function of frequency Sw(f ), can be calculated from the significant wave height as [41]:

Sw( f ) =
8.10 ∗ 10−3 ∗ g2

(2π)4 ∗ f 5
exp

−0.032

( g
Hs

(2π ∗ f )2

)2
 (9)

where g = 9.81 m/s2 is the gravitational acceleration and f the frequency (Hz).
Assuming that the sea state follows a Rayleigh distribution, the 3-h most probable

maximum wave can be calculated as [15]:

Hmax = Hs
√

0.5 ln(N) = Hs
√

0.5 ln(3 h/Tz) = 1.9 Hs = 9.5 m (10)
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where N represent the number of oscillations; considering a 3-h sea state and a zero-crossing
mean period (TZ) of 7.9 s; N is approximatively equal to 1300 (N = 3 h/TZ).

3.2. Environmental Loads
3.2.1. Current Load

The current velocity is considered constant for the whole water column, from the mean
water level (z = 0 m) to the sea bottom (z = −50 m). The current force acting on a floating
structure is found to vary with the square of the flow velocity and as a first approximation,
the mean current load can be calculated using the drag force formulation [15]:

FD = CD A
1
2

ρU2 (11)

where A is the cross-sectional area projected transverse the flow direction, ρ is the density
of the fluid, U is the mean of the fluid velocity at the height of the centre of the exposed
body and CD is the drag coefficient.

To estimate CD, first it is necessary to calculate the Reynolds number (Re):

Re =
U × D

va
= 8.4× 106 (12)

where:

• va is the kinematic viscosity of the fluid (va = 1.19× 10−6 m2/s);
• D is the diameter of the exposed body’s section considered;
• U is the mean speed of the fluid.

For this Reynolds number and smooth elements (low roughness), DNV [36] gives a
drag coefficient (CD) equal to 0.75. When estimating the drag force on a slender member,
the integrated sum of sectional force contributions should be multiplied by a reduction
factor k. In the case under examination, the aspect ratio 2Db/D is equal to 2.4, where Db is
the draught of the body. This gives a reduction factor for finite member k = 0.8 [36]. The
seawater density is assumed to equal 1025.9 kg/m3 and the current force acting on the
system is then:

FC = kCD A
1
2

ρU2 = 33.63 kN (13)

3.2.2. Mean Drift Force

To calculate the mean drift force caused by waves, the simplest and conservative
approach is assumed that the object reflects all the incoming waves, with amplitude ai, in
the opposite direction of the incoming waves [15]:

FD =
1
2

ρg ∑
1
2

ai
2D =

ρgHS
2

32
D = 78.63 kN (14)

However, this method usually overestimates the amplitude of this load, because
normally a floating buoy would not reflect wave with wave-length larger than 5 times the
diameter. In our case, with deep-water assumption, a wave with a wavelength equal to
5 × D = 50 m corresponds to a wave period of 5.66 s. This means that for wave frequency
smaller than 0.18 Hz, the simplified formulation, applied previously, cannot be considered
valid anymore.

In order to understand the real contribution of the drift force, the drift force coefficient
(Cd) is calculated using a panel diffraction program HydroD. Then, it is possible to integrate
the total drift force in the sea state. The P-M spectrum, calculated with Equation (9), together
with the drift force coefficient, are reported in Figure 2.
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Figure 2. Wave spectrum and drift force coefficient as a function of frequency.

The drift force results equal to 29.69 kN, which is less than half of the force estimated
with the previous approximated method.

3.2.3. Regular Waves

For slender structural members, which have cross-sectional dimensions sufficiently
small, wave loads can be calculated using Morison’s load formula [36]:

F = ρV(1 + Cm)
du
dt

+
1
2

CDρA|u|u (15)

where F is the reaction force of the mooring system, ρ is the density of the water, V represent
the displaced volume, Cm is the added mass coefficient and CD the drag coefficient, A is
the cross-section area in the direction perpendicular to the relative velocity, u and du/dt are
the undisturbed horizontal water velocity and acceleration in the centre of the body. The
coefficients of the Morison equation are generally determined from experiments [42]. With
the assumption of circular water motion in deep water, the maximum values are:

umax =
πHmax

TP
;
(

dua

dt

)
max

= gkHmax =
(2π)2

TP2 Hmax (16)

where k is the wave number.
It is usually accepted that the diffraction effect becomes important when the diffrac-

tion parameter (πD/λ) is greater than 0.5, where D is the characteristic dimension of the
structural member in the plane of the wave and λ is the wavelength [36]. In the case under
examination, considering a maximum wave height of 9.5 m and a peak period of 10 s, the
diffraction parameter and the Keulegan–Carpenter number are:

π
D
λ

= πD/(
gTP

2

2 π
) ≈ 0.2 and

Hmax

D
≈ 1 (17)

which set the system in the inertia and drag regime [36]. This type of structure with a
diameter less than 1/4 to 1/5 of the wavelength, has a small effect on the incident wave
and consequently, the diffraction component can be neglected [16,36].

Therefore, considering surge motion and applying the Morison equation to a fixed
body, the resultant wave force can be set as a combination of an inertia force
FM = ρV(1 + Cm)

(
dua
dt

)
max

, which is proportional to the undisturbed relative water ac-
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celeration in the centre of displacement, and a drag force FDrag = 1
2 CDρA|u|u, which is

proportional to the square of the relative velocity between water and body.
The maximum value of the inertia force is: FM = 3.10 MN, while the drag maximum

force value is FDrag = 0.50 MN. However, since the horizontal velocity and acceleration
are 90 degrees out of phase, the maximum value of the wave force acting on the system is
unaffected by the drag component. Therefore, it can be reduced to [15]:

F = FM = ρV(1 + Cm)

(
dua

dt

)
max

= 3.10 MN (18)

where V is the submerged volume of the floating body, Cm can be taken from standard
values in DNV-RP-205 [36], which in this case gives Cm = 1 and assuming deep water
theory:

(
dua
dt

)
max

= 1.86 m/s2 Equation (16).

3.2.4. Irregular Waves Morison Approach

The wave force divided by the wave amplitude (a), or wave force amplitude ratio
fw( f ) would become:

fw( f ) =
F
a
=

ρV
a
(1 + Cm)

dua

dtmax
(19)

Then, the wave force spectrum SF(f ) can be calculated as:

SF( f ) = ( fw( f ))2 × Sw( f ) (20)

where the wave spectrum, SW(f ), has been defined in Equation (9). The resultant wave
force spectrum is reported in Figure 3.
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The significant wave force amplitude is then:

FS = 2
√∫

SF( f )d f = 3.04 MN (21)

Finally, the most probable maximum force can be obtained as:

Fmax =
√

0.5 ln N × FS = 1.9× FS = 5.78 MN (22)
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3.2.5. Irregular Waves Diffraction Approach

However, the method presented above presents a limit of accuracy. Indeed, for large
structures or relative short waves, when the diffraction parameter (πD/L) is smaller than
0.5, the Morison equation cannot be considered valid anymore and the wave forces need
to be calculated with the linear diffraction theory. Therefore, the body’s hydrodynamic
coefficients, radiation damping (b) and added mass (Cm), together with the wave force
amplitude ratio (fwd), are calculated as a function of frequency using a panel diffraction
program HydroD [43]. The values of added mass and radiation damping, as a function of
frequency, are presented in Figures 4 and 5.
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Figure 5. Radiation damping coefficient.

At this point, the wave force spectrum can be calculated according to Equation (20)
using the diffraction wave amplitude ratio (fwd), which has been calculated by the software
HydroD and shown in Figure 6. The results of the wave force spectrums obtained with
the two different methods are presented in Figure 7. The diffraction method gives a force
reduction of 15% due to the lower force amplitude ratio; the difference can be observed
in Figure 8:
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Figure 7. Wave force spectrum Morison/Diffraction.
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Figure 8. Force wave amplitude ratio Morison/Diffraction.

As mentioned before, when the diffraction parameter (πD/L) is greater than 0.5 the
diffraction theory should be used to compute wave forces. In the case under examination
this limit corresponds to a wavelength of 63 m and so, assuming deep water theory, for
frequency greater than 0.16 Hz the Morison equation should not be used. Indeed, this



J. Mar. Sci. Eng. 2021, 9, 782 12 of 27

limit can be noticed in Figure 8, where for frequency smaller than 0.16 Hz, the force
amplitude ratio calculated with the two methods coincides, but for frequency greater than
this value the difference is unneglectable, and the Morison approach tends to overestimate
the computation.

In order to design the mooring lines considering the most extreme situation that the
system will experience, current and waves are assumed to act at the same time and both in
the direction of one cable. Considering this assumption, the up-loaded cable is subjected
to all the loads acting collinearly in its direction and the design of the mooring cables
is based on its dimensions. Tables 2 and 3 reported the summary on the estimation of
mean environmental and wave loads. It can be noticed that the approximated calculation
of the wave drift force gives a high overestimated load, for further calculations only the
diffraction results are taken into account.

Table 2. Estimation of the mean environmental Loads.

Mean Loads Force (kN)

Current 33.63
Wave drift (Simple) 78.63

Wave drift (Diffraction) 29.69

Total (Simple) 112.26
Total (Diffraction) 63.32

Table 3. Estimation on wave loads.

Wave Loads Force (MN)

Regular - 3.10

Irregular Morison Significant 3.04
Maximum 5.78

Irregular Diffraction Significant 2.61
Maximum 4.96

4. Results and Discussions
4.1. Quasi-Static Design

A catenary three-legs mooring system with gravity anchors is considered for the WEC,
as shown in Figure 9, where F indicates the external force acting on the system and A, B,
C are the positions of the gravity anchors. The water depth is equal to 50 m and the total
length of each line is L = 300 m. In the study, two mooring systems with different material
of the cables are considered and analysed:

Case 1: Catenary, with mooring legs composed by only chain.
Case 2: Catenary, with mooring legs composed of different materials (chain, fibre

rope, chain).
The responses of the buoy for both mooring systems are compared varying the pre-

tension (TH0) and the diameter of the mooring lines. For both cases, three different pre-
tensions (10, 20 and 30 kN) and two diameters of the cable, the minimum that matches the
requirements and another one increased by 20%, are applied.

All the configurations are designed in order to satisfy the following requirements:

• The length of the lifted cable must be lower than the length of the cable (LLift-Max < L).
• For Case 2, considering that fibre rope is more sensitive to abrasion than the chain, the

system has been designed in order to have only the chain laying on the seabed in the
initial position [24].

• The calculated maximum tension (TMax), multiplied by a safety factor (γ) must result
in less than 0.95 times the minimum breaking strength (TBR) of the cable, as shown in
the following Equation:

TMax × γ < 0.95× TBR (23)
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where the safety factor (γ) is 1.7 according to DNV rules [36]. Therefore, applying an
iterative process until the requirements presented above are fulfilled the material properties
chosen for the two mooring systems are summarized in Tables 4–6.
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Table 4. Material property of cables for Case 1.

Length Weight EA T Break

(m) (N/m) (MN) (MN)

Diameter1: 36 mm 300 243 116.64 1.125
Diameter2: 44 mm 300 363 174.24 1.654

Table 5. Material property of cables for Case 2 (minimum diameter).

Materials
Diameter Length Weight EA Tbreak

(mm) (m) (N/m) (MN) (MN)

Chain 26 10 126 60.84 0.598
Synthetic
Fibre rope 100 80 67 1000.00 5.250

Chain 45 210 380 182.25 1.726

Table 6. Material property of cables for Case 2 (second diameter).

Materials
Diameter Length Weight EA Tbreak

(mm) (m) (N/m) (MN) (MN)

Chain 32 10 192 92.16 0.895
Synthetic Fibre rope 120 80 97 1440.00 7.56

Chain 54 210 547 262.64 2.44

Based on these four different configurations, the relation between the vertical tension
(TZ), the horizontal tension (TH), the total tension (T) and the top angle (φ) on the fairlead
with the horizontal distance (X) from the anchor point to the fairlead can be calculated and
they are reported in Figures 10–13, respectively.
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Figure 12. Total mooring tension at the fairlead as a function of horizontal distance from the anchor
to the buoy.
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Figure 13. Top angle at the fairlead as a function of horizontal distance from the anchor to the buoy.

It is observed that in all the cases studied, the tensions increase with the increasing
distance from the anchor to the vessel (X). Moreover, for the same system, with a greater
diameter, the response behaviours are similar, but with higher values of vertical, horizontal
and total tension. This happens because for higher diameters the weight of the line
increases. Moreover, it is also found that the three components cable shows almost constant
tensions for small horizontal displacements, but between 280 and 290 m, it reaches a point
where the tension increases rapidly with small displacements.

Figure 13 shows the relation between the top angle and the horizontal excursion.
Unlike tensions, this parameter does not change as the diameter of the lines increases,
however, different responses can be observed between Cases 1 and 2.

4.1.1. Initial Position (Zero Offset)

Considering the different pre-tensions (TH0,i) and using the relations between the
horizontal tension and the horizontal distances (TH − X and TH − x), the horizontal
distance from the anchor point to the fairlead (X0) and from the touch-down point to the
fairlead (x0) in the equilibrium position, is obtained. Moreover, the static tension in the
initial position (T0) is calculated using the relation T =

√
TZ + TH .

Considering the three legs, the total horizontal mooring force as a function of the
system’s excursion (∆) is obtained from the initial offset (X0), in the x-direction, parallel to
the upwind leg, where (∆) is obtained as:

∆ (TH) = X (TH) − X0 (24)

Moreover, summing the restoring forces of each cable, total restoring force (FTot) as a
function of the vessel’s displacement as calculated as:

FTot(∆) = TH(∆)− 2 cos(60)TH

(
− ∆

cos(60)

)
(25)

Figure 14 presents an example of this calculation, for Case 1 with a pre-tension of 30
kN and the minimum diameter. Figure 15 shows the horizontal stiffness of the mooring
system as a function of the horizontal excursion S(∆), which correspond to the slope of
the function presented in Figure 14. It is interesting to notice that the stiffness for the
negative excursion is larger than for the positive excursion, which is caused by having two
interacting legs in the same direction.
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Figure 14. Horizontal force as a function of the excursion (∆), Case 1, pre-tension 30 kN,
minimum diameter.
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4.1.2. Mean Excursion

Using the mean loads acting on the structure, the mean offset of the structure (Xmean)
caused can be calculated. Considering the relation between the horizontal tension and the
horizontal excursion (TH − X), the values of mean offset and the mooring stiffness around
it are obtained, for each configuration. The results are summarized in Tables 7 and 8.

Table 7. Mean offset and stiffness, Case 1.

Case 1
Pre-Tension Mean Force Mean Offset Stiffness

(kN) (kN) (m) (kN/m)

Minimum
Diameter

10

63.32

12.5 13
20 7.1 14
30 4.3 15

Increased
Diameter

10 13.8 11
20 8.0 12
30 4.9 13
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Table 8. Mean offset and stiffness, Case 2.

Case 2
Pre-Tension Mean Force Mean Offset Stiffness

(kN) (kN) (m) (kN/m)

Minimum
Diameter

10

63.32

5.6 21
20 3.6 22
30 2.4 25

Increased
Diameter

10 5.8 21
20 3.5 22
30 2.3 25

From this results, it can be noticed that by increasing the diameter the mean offset
decrease, while the mooring stiffness tends to increase.

4.1.3. Response Motion to Wave Loads

Considering harmonic loads acting on the structure, the horizontal motion amplitude
can be calculated with Equation (3). Three examples of the horizontal response amplitude
ratio as a function of frequency are shown in Figures 16–18, among all the possible configu-
ration exanimated in this study (Case 1, minimum diameter, pre-tensions of 10 and 30 kN,
and Case 2, minimum diameters and pre-tension of 30 kN). The response amplitude ratio
is calculated by dividing the surge motion amplitude, obtained with Equation (3), by the
wave force F0 = 3.04 MN, which was calculated previously.
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Figure 16. Case 1, Minimum diameter, pre-tension 10 kN.
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Figure 17. Case 1, Minimum diameter, pre-tension 30 kN.
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Figure 18. Case 2, Minimum diameter, pre-tension 30 kN.

Moreover, in these graphs, the surge natural frequencies (different for each config-
uration), the peak periods (TP) and the zero up crossing periods (TZ), are marked out
with dotted lines. In all the figures, it can be seen that the response amplitude has its
peak in correspondence with the natural frequency, which underlines the importance of
considering possible resonance effects in the system design. In this case, the peak and zero
up crossing periods are far enough from the natural frequency to make unlikely possible
resonance effects. Moreover, in the same figures, the response of an unmoored system is
plotted as well, which have stiffness (S) and natural frequency equal to zero. As expected,
it can be noticed that in this case the response diverges for a frequency equal to zero.

As mentioned before, the surge motion response spectrum in irregular waves can be
calculated with Equation (4), while Equation (5) gives the significant motion amplitude.
Finally, the relative probable maximum excursion in 3-h can be calculated as:

xmax = 1.9× x1s (26)

where x1s is the significant motion amplitude and has been defined in Equation (5).
Moreover, the wave force spectrum (SF(f )) can be calculated with the Morison mass

approach or with the diffraction theory. Consequently, different significant and maximum
motion amplitudes are obtained, depending on which method is considered. The results
obtained with these two approaches for each configuration are reported in Tables 9–12.
For further calculations and final design of the diameter of the cables, only the diffraction
results will be considered since they are obtained with a more accurate method.

Table 9. Case 1, wave results from Morison equation.

Pre-Tension
(kN) Mean Offset (m) Stiffness

(kN/m)

Significant Amplitude
Morison (x1s,M)

(m)

Maximum Amplitude
Morison (xmax,M)

(m)

D1:
36 mm

10 12.5 13 2.69 5.11
20 7.1 14 2.70 5.13
30 4.3 15 2.70 5.13

D2:
44 mm

10 13.8 11 2.69 5.11
20 8.0 12 2.70 5.13
30 4.9 13 2.73 5.19
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Table 10. Case 1, wave results Diffraction.

Pre-Tension
(kN) Mean Offset (m) Stiffness

(kN/m)

Significant Amplitude
Morison (x1s,M)

(m)

Maximum Amplitude
Morison (xmax,M)

(m)

D1:
36 mm

10 12.5 13 2.48 4.71
20 7.1 14 2.49 4.73
30 4.3 15 2.50 4.75

D2:
44 mm

10 13.8 11 2.48 4.71
20 8.0 12 2.49 4.73
30 4.9 13 2.49 4.73

Table 11. Case 2, wave results Morison.

Pre-Tension
(kN) Mean Offset (m) Stiffness

(kN/m)

Significant Amplitude
Morison (x1s,M)

(m)

Maximum Amplitude
Morison (xmax,M)

(m)

Minimum
Diameter

10 5.6 21 2.7 5.1
20 3.6 22 2.7 5.1
30 2.4 25 2.7 5.1

Increased
Diameter

10 5.8 21 2.6 4.9
20 3.5 22 2.7 5.1
30 2.3 25 2.7 5.1

Table 12. Case 2, wave results Diffraction.

Pre-Tension
(kN) Mean Offset (m) Stiffness

(kN/m)

Significant Amplitude
Morison (x1s,M)

(m)

Maximum Amplitude
Morison (xmax,M)

(m)

Minimum
Diameter

10 5.6 21 2.5 4.8
20 3.6 22 2.5 4.8
30 2.4 25 2.5 4.8

Increased
Diameter

10 5.8 21 2.4 4.6
20 3.5 22 2.5 4.8
30 2.3 25 2.5 4.8

From Tables 9–12, it can be seen that the surge amplitude motion induced by waves,
is almost unaffected by the variation of pre-tension and diameter of the cables. This
happens because for a small difference of these two parameters, the stiffness does not
vary significantly, consequently the wave induced motion does not present a significant
change. However, it is important to point out that the pre-tension and the diameter of the
cable have an important influence on the calculation of the mean offset and so also on the
total maximum surge excursion. Moreover, from the tables present above, it is found that
the Morison approach tends to overestimate the wave response amplitude of about 10%
compared to the diffraction approach. In the cases under examination, since the drift force
coefficient is particularly small and the resonance period is off the peak of the drift force
spectrum, the low frequency motion can be neglected as the first approximation and they
will not be considered.

4.1.4. Quasi-Static Analysis Results

Considering the mean offset (Xmean) and the maximum excursion caused by wave
loads calculated with the diffraction theory, (XWF-Max,D), the maximum horizontal offset of
the system from the initial position is estimated as XC = Xmean + XWF−Max,D, using the
total distance from the anchor (XTOT) and the maximum tension acting on the mooring lines
(TMax). Moreover, in order to fulfil the requirements reported previously, it is necessary to
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verify that the maximum length of the lifted cable is smaller than the length of the cable
(LLift-Max < L) and that the utilization factor (u) is lower than 1, where u is expressed as:

u =
TMax × γ

0.95× TBR
< 1 (27)

where γ is the safety factor (γ = 1.7 [36]) and TBR is the breaking strength of the cables.
In the following Tables 13–16, all the results obtained for each configuration are

reported. The results were obtained with an iterative method until the requirements
mentioned above were achieved.

Table 13. Case 1, Minimum Diameter = 36 mm, quasi-static results.

Pre-Tension
(kN)

Top Angle T0 X0 x0 Xmean LLift-Max XTOT XC TMax
u

(deg.) (kN) (m) (m) (m) (m) (m) (m) (kN)

10 27 22.2 277.7 59.0 12.5 294.7 294.9 17.2 218.7 0.348
20 38 32.2 283.1 86.7 7.1 294.9 294.9 11.8 219.1 0.349
30 45 42.2 285.9 107.7 4.3 295.4 294.9 9.0 219.7 0.350

Table 14. Case 1, Increased Diameter = 44 mm, quasi-static results.

Pre-Tension
(kN)

Top Angle T0 X0 x0 Xmean LLift-Max XTOT XC TMax
u

(deg.) (kN) (m) (m) (m) (m) (m) (m) (kN)

10 21 28.2 274.2 46.7 13.8 220.9 292.7 18.5 189.1 0.205
20 32 38.2 280.1 69.5 8.0 221.1 292.8 12.7 189.3 0.205
30 39 48.2 283.2 86.9 4.9 221.3 292.8 9.6 189.7 0.205

Table 15. Case 2, Minimum Diameter: D1 = 26 mm, D2 = 100 mm, D3 = 45 mm, quasi-static results.

Pre-Tension
(kN)

Top Angle T0 X0 x0 Xmean LLift-Max XTOT XC TMax
u

(deg.) (kN) (m) (m) (m) (m) (m) (m) (kN)

10 45 14.2 284.9 84.2 5.6 295.6 295.3 10.4 313.0 0.937
20 53 25.1 287.0 99.8 3.6 296.0 295.3 8.3 314.1 0.940
30 57 35.9 288.2 112.8 2.4 297.3 295.3 7.2 316.8 0.945

Table 16. Case 2, Increased Diameter: D1 = 32 mm, D2 = 120 mm, D 3 = 54 mm, quasi-static results.

Pre-Tension
(kN)

Top Angle T0 X0 x0 Xmean LLift-Max XTOT XC TMax
u

(deg.) (kN) (m) (m) (m) (m) (m) (m) (kN)

10 39 15.8 283.6 78.3 5.8 248.9 294.1 10.6 310.7 0.621
20 48 26.7 285.9 90.7 3.5 249.2 294.1 8.3 311.6 0.623
30 53 37.6 287.1 101.0 2.3 250.1 294.2 7.1 314.0 0.628

The results for Case 1 and minimum diameter are presented in Table 13. In this case,
the utilization factor (u) is widely below 1 and the diameter was increased until the value
of the length of the maximum lifted cable results smaller than the length of the cable.
The results of Case 2 and minimum diameter are reported in Table 15. In this case, the
requirements were achieved with more iterations, since all the diameters can be modified.
As mentioned before, in order to avoid abrasion of the fibre rope component, in the initial
position only the first section of the line (chain) should lay on the sea bottom. Moreover, the
utilization factor (u) is close to 1 and at the same time, the maximum lifted cable is close to
the length of the cable. It means that the design is not over-dimensioned and consequently,
is cost-effective.

Finally, the results for Case 1 and Case 2, with the increased diameter, are summarized
in Tables 14–16, respectively. In these cases, no iterations are needed, since considering the
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same force input and increasing the diameters, the length of the suspended cable decreases,
as the utilization factor. Analysing the results obtained from the quasi-static analysis, the
effects of different pre-tension and diameter of the cable, on the response of the system, are
investigated. These effects are summarized in Table 17.

Table 17. Effects of pre-tension and diameter of the cable on the response of the system.

Top Angle T0 X0 x0 Xmean LLift-Max XTOT XC Tmax

Increasing
Pre-tension Increase Increase Increase Increase Decrease Increase

slightly Constant Decrease Increase
slightly

Increasing
Diameter Decrease Increase Decrease Decrease Increase Decrease Decrease

slightly
Increase
slightly Decrease

As seen in Table 17, a higher pre-tension would ensure a higher control on the plat-
form’s horizontal displacement, but at the same time, the lines would be subjected to
higher tensions. This happens because the length of the suspended line increases and
consequently the gravity load generated from the lines, which characterize the catenary
systems, also increases. It is also observed that incrementing the diameter and the weight
of the cable, the length of the suspended line reduces together with the maximum tension
of the mooring system. Moreover, the total distance from the anchor to the vessel reduces,
but at the same time the horizontal excursion from the initial position (Xmean), due to mean
loads, together with the maximum horizontal excursion (XC) increases. For this reason, an
increment of diameter not always leads to a better configuration, not only because of the
cost of the material and installation, but also particular attention should be given to the
maximum offset limitations of the project under consideration.

4.2. Dynamic Analysis

Three configurations within all the cases presented and analysed in the quasi-static
analysis, are considered, and evaluated with static and dynamic coupled analysis through
the software DeepC [44]:

• Case 1, pre-tension = 30 kN, minimum diameter: D = 36 mm;
• Case 2, pre-tension = 10 kN; minimum diameter: D = 26 mm, 100 mm, 45 mm;
• Case 2, pre-tension = 30 kN; minimum diameter: D = 26 mm, 100 mm, 45 mm.

The moored WEC is modelled are represented in Figure 19 with the same dimensions
and properties of the buoy analysed in the quasi-static analysis (Table 1 and Figure 1). Both
static and 3-h dynamic coupled analysis are performed. More in particular, for each case,
considering different random seed numbers ranging from 0 to 100, 20 different dynamic
simulations of 3-h are conducted. Then, only the maximum surge amplitude response,
together with the maximum tensions acting on the three fairleads, are extracted from
each simulation.

4.2.1. Validation

First, by performing a static analysis in DeepC, the values of tension in the initial
position (T0) are compared in Table 18 with the values obtained in the quasi-static analysis.

Table 18. Comparison between the quasi-static results with the DeepC static model on T0.

Case

Static Tension (T0) Static Tension (T0)
Difference (%)Quasi-Static DeepC

(kN) (kN)

Case 1, TH0 = 30 kN 40.6 41.6 2.5
Case 2, TH0 = 10 kN 14.02 14.2 1.5
Case 2, TH0 = 30 kN 35.8 34.9 2.5
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Figure 19. DeepC model, 3 components cable.

As expected, in the initial position with no external forces acting on the system, the
tension calculated by DeepC shows almost identical results of the quasi-static analysis.
More in particular, the horizontal mooring force (TH) is equal along the cable and the
vertical component (TZ), which depends on the weight of the cable, increases from the
bottom to the surface. For this reason, the maximum value of the total tension, which is
composed of these two components (T =

√
Tz2 + TH2), is found to act on the fairlead,

that is the top end of the mooring line. Moreover, the quasi-static analysis carried out
previously has estimated these values with high accuracy, since for all the cases, the
difference is below 3%.

4.2.2. Extreme Values from Dynamic Analysis

After validating the static analysis results, 20 time-domain dynamic analysis of 3-h
are performed for each case. The results of maximum tension and surge motion amplitude,
vary significantly with the seed number, as can be seen in the examples reported in
Figures 20 and 21. This proves that the system dynamic responses are sensitive to the
wave train.
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Figure 20. Maximum mooring tensions for different seed numbers.
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Figure 21. Maximum horizontal excursion for different seed numbers.

The maximum values extracted from each simulation are fitted to the Gumbel distri-
bution Equation (7), estimating the distribution parameters (σ and µ) with the L-moments
method. Moreover, to evaluate the accuracy of fitted Gumbel distribution, two examples
of the quantiles of the sample data versus the theoretical quantile values from a normal
distribution are plotted in Figures 22 and 23. It can be observed that most points distribute
along the reference line despite some discrepancy of tail points. This indicates that the
estimated Gumbel distribution matches well with empirical data.
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Next, the most probable maximum extreme (MPME) value of tension and horizontal
motion of the system is calculated based on Equation (8) and compared with the quasi-
static analysis results in Tables 19–21. In order to consider the worst scenario, the loads are
assumed to act collinearly in the direction of one cable. The results of the most probable
extreme tensions, calculated with the 3-h coupled analysis (Table 19), show, as expected,
higher tensions in the cable parallel to the direction of the environmental forces. More in
particular, the up-loads line, presents tensions between 7 to 20% higher than the other two
cables, which display a symmetrical behaviour.

Table 19. MPME tension values calculated on each fairlead.

Case

Max Tension Cable 1 Max Tension Cable 2 Max Tension Cable 3

(TMax,1) (TMax,2) (TMax,3)

(kN) (kN) (kN)

Case 1, TH0 = 30 kN 317.5 249.3 249.0
Case 2, TH0 = 10 kN 329.0 303.4 303.4
Case 2, TH0 = 30 kN 391.4 355.6 355.6

Table 20. Difference of maximum line’s tension between quasi-static and couple analysis.

Case

Max Tension (TMax) Max Tension (TMax)
Difference

(%)
Quasi-Static DeepC

(kN) (kN)

Case 1, TH0 = 30 kN 219.7 317.5 30
Case 2, TH0 = 10 kN 313.0 329.0 5
Case 2, TH0 = 30 kN 316.8 391.4 20

Table 21. Difference of maximum horizontal excursion between quasi-static and couple.

Case

Surge Max Excursion (Xc) Surge Max Excursion (Xc)
Difference

(%)
Quasi-Static DeepC

(m) (m)

Case 1, TH0 = 30 kN 9.0 9.0 0.5
Case 2, TH0 = 10 kN 10.4 11.42 1
Case 2, TH0 = 30 kN 7.2 6.7 7

Table 20 presents the results of maximum mooring tension, obtained with the two
different methods (quasi-static and dynamic analysis). The dynamic time-domain simula-
tions estimate higher values of maximum tension. However, the difference never exceeds
30%, which means that in this case, also the quasi-static analysis provides a good indica-
tion of the response of the system. The results of the maximum horizontal excursion are
compared in Table 21. It is found that the two different analysis provide similar results in
the estimation of the maximum surge excursion, where the higher difference is about 7%.

5. Conclusions

In the study, the quasi-static analysis in the frequency domain and the dynamic analy-
sis in the time domain are performed for a WEC with different mooring configurations. The
loads considered in the quasi-static analysis are calculated with two different approaches:
the Morison equation and the diffraction theory approach. Different configurations are anal-
ysed considering different materials and dimensions of the mooring cable, and pre-tensions,
in order to understand the influence of these parameters on the response of the system.
Finally, three different configurations are modelled and analysed in the software DeepC.

The comparison between the quasi-static and the coupled dynamic analysis shows
almost equal tensions results in the equilibrium position. Moreover, the differences between
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the maximum excursion of the buoy, from the equilibrium position, calculated with the two
different methods (quasi-static and dynamic analysis), are 0.5 to 7%. However, quasi-static
analysis tends to underestimate the maximum tensions experimented from the mooring
system, which in the coupled analysis are between 5 up to 30% higher. These results
show that the approximated quasi-static analysis carried out in this study provides good
indications on the extreme values of surge excursion and tensions, but in order to get precise
results, a more accurate and time-demanding coupled analysis should be performed.

Comparing the two different configurations evaluated in this study, it is possible to
notice that in Case 2, where lines are composed of different materials (chain and synthetic
fibre rope), the requirements can be matched varying more of the lines’ parameters than
Case 1. Consequently, it is possible to make a more accurate and cost-effective design,
considering the different cost of the cables’ materials.

However, unlike rigid lines, synthetic materials such as fibre ropes present highly
nonlinear load-elongation characteristics. For this reason, when these types of materials
are considered in the design, a coupled dynamic time-domain analysis should be always
performed, in order to consider and analyse such nonlinear behaviours. In this study,
only the surge motion is considered. To better understand and have a complete view
of the behaviour of the system, the other degrees of motion should be analysed as well.
Depending on the type of WEC, the heave component can have an important and significant
effect on the efficiency of the system. Finally, more configurations, considering different
cable’s length and materials, such as wire rope, can be studied and analysed in order to be
able to choose the best mooring system among more possible configurations.
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