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Abstract: With the increasing volume of ship traffic, maritime traffic safety is facing a great challenge
because the traffic in port becomes more and more crowded and complicated, which will make ship
collisions more likely to happen. As a special water area of the port, the anchorage is also threatened
by collision risk all the time. For accurately assessing the collision risk in anchorage and its adjacent
waters in real time, this paper proposed an analytic model based on Automatic Identification System
(AIS) data. The proposed anchorage collision risk model was established in microscopic, macroscopic,
and complexity aspects, which considered ship relative motion, anchorage characteristics, and ship
traffic complexity, respectively. For validation, the AIS data of the anchorages near the Shandong
Peninsular were used to carry out a series of experiments. The results show that the proposed
model can identify the anchorage collision risk effectively and has an advantage in dealing with
complicated scenarios. The proposed anchorage collision risk model can help maritime surveillance
better monitor and organize the ship traffic near the port and provide mariners with a reference
about the collision risk situation of the anchorage on their route, which are important to improving
maritime traffic safety.
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1. Introduction

After entering the 21st century, with the continuous development of the global econ-
omy and shipping industry, ship traffic around the world has increased rapidly, especially
in areas with frequent ship activities, such as port areas [1,2]. The increase in ship traffic will
complicate ship traffic, making the already busy port waters more crowded and increasing
the possibility of ship collisions [3]. In port ship traffic, according to the arrangement of
the port authority or the plan of the ship itself, some ships choose to anchor in the port
anchorage so as to prepare for their next activities [4]. For the port waters with heavy and
complicated ship traffic, the collision risk exists not only in the channel of the ship but also
in the anchorage. Anchorage is a special navigable functional water area, which was paid
less attention to in the studies of ship collision risk in the past compared with common
waters. For some anchorage collision risk studies, there are still some limitations. The char-
acteristics of anchorage and the ships within were not well considered. More importantly,
the impact of traffic complexity on collision risk in anchorage was not incorporated into
the model. This not only made the collision risk in the anchorage difficult to be accurately
identified, endangering the navigation and anchoring safety of ships in the anchorage
and its vicinity but also hindered the effective supervision of traffic in busy and complex
port waters by relevant personnel, affecting their monitoring and analysis of ship traffic
risks in the anchorage and even port waters. Therefore, it is crucial to propose a collision
risk identification model which can assess the real-time danger in anchorage accurately,
especially under complicated traffic situations. This paper proposed an analytic model for
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identifying real-time anchorage collision risk based on AIS data, which not only considered
the microscopic relative motion between ships and calculated the microscopic collision risk,
but also considered the macroscopic characteristics of anchorage through a special ship
domain arena. Moreover, a higher safety criterion was adopted through the introduction of
an arena and the setting of a dynamic variable range of anchorage boundaries. More im-
portantly, this paper considered the impact of traffic complexity on anchorage collision risk
from the perspective of ship position in establishing the model, which was more helpful in
accurately identifying the collision risk in anchorage under complex traffic scenarios. The
reminders of this paper were arranged as follows. In Section 2, the literature on collision
risk identification was reviewed. Section 3 described the modeling of anchorage collision
risk, which considered the microscopic, macroscopic, and complexity aspects. In Section 4,
some experimental case studies were carried out to validate the proposed model. Some
discussions were made to explain the advantages and limitations of the proposed model in
Section 5. At last, the conclusion was drawn in Section 6, and some future works on the
anchorage collision risk model were outlooked.

2. The Literature Review

Collision risk identification is one of the hot issues in the maritime research field.
To enhance navigational safety, many scholars have been researching how to accurately
quantify the collision risk between ships or in a specific water area. In terms of the research
scope, collision risk identification research can be divided into two categories, which
are microscopic collision risk, which is to quantify the collision risk between ships, and
macroscopic collision risk, which is to quantify the collision risk of a specific water area.
The two kinds of collision risk have different uses in the maritime field. Both collision risks
are researched extensively by maritime scholars.

The microscopic collision risk refers to the collision risk between two ships or multi
ships. It is usually used as a safety criterion in collision avoidance or relevant decision-
making. Generally, the methods of modeling microscopic collision risk can be divided
into three categories, which are the analytic method, fuzzy method, and machine learn-
ing method. The analytic method is to model the microscopic collision risk by analytic
expression. At an early stage, Kearon [5] proposed an analytic expression to calculate the
collision risk index, namely, the microscopic collision risk. In this analytic expression, two
crucial parameters in collision avoidance, Distance to the closest point of approach (DCPA)
and Time to the closest point of approach (TCPA), were used. Since then, some scholars
have improved or proposed analytical expressions of microscopic collision risk based on
other parameters [6–10]. The advantage of the analytical method is that it can simply and
clearly quantify the relationship between the collision risk and the input variables, which
is convenient to use and has strong objectivity. However, the input variables considered
in this method are limited, and a lot of models only involve DCPA and TCPA variables,
which is slightly insufficient in representing collision risk. To overcome the limitation of the
analytic method, some scholars began to model the microscopic collision risk by the theory
of fuzzy mathematics, including fuzzy inference and fuzzy comprehensive assessment.
Most of the early studies on microcosmic collision risk calculation by fuzzy inference only
included DCPA and TCPA as input variables [11]. Gradually, scholars began to involve
more influencing factors [12] or combined this method with other approaches, such as
ship domain [13] and neural network [14]. Although the fuzzy method can overcome
the disadvantage of the analytic method in considering factors to some extent, it also has
drawbacks. It is limited in strong subjectivity because the fuzzy method should rely on
the knowledge of an expert. There were also some scholars modeling microscopic collision
risk with a machine learning approach, mainly by the neural network. As a black box, the
neural network cannot model microscopic collision risk directly but needs to rely on the
sample training data derived from other microscopic collision risk models. Earlier studies
mostly used DCPA and TCPA as network inputs [15]. Considering the computing efficiency,
some scholars began to use the raw data of the ship’s movement as input variables [16].
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The advantage of the neural network method is that it can establish the nonlinear mapping
relationship between the input variable and the output variable and obtain the result of the
collision risk quickly. However, as a black box to simulate the human brain, the mechanism
has not been clarified, so it is difficult to clearly explain this nonlinear mapping relationship.

The macroscopic collision risk refers to the collision risk in a specific water area, and it
is normally used in maritime surveillance. As the water area near the port is the busiest
and the most crowded water area, many scholars pay attention to the study of collision
risk in port waters. At an early stage, Fujii and Shiobara [17] and Macduff [18] proposed a
framework to identify the collision risk in the water area, which multiplied the geometric
collision numbers or probability with causation collision probability. The framework was
widely used in regional collision risk identification by probability means [19–21]. Under
the framework, a famous model proposed by the International Association of Lighthouse
Authorities (IALA) is the International Association of Lighthouse Authorities Waterways
Risk Assessment Program (IWRAP) model [22]. Silveiria et al. [23] developed an algorithm
to assess the relative importance and risk profile of routes associated with ports and
proposed a method to identify the collision risk by estimating future distances between
ships off the coast of Portugal. Zhen et al. [24] proposed a novel framework to identify
and analyze the collision risk of the west coastal waters of Sweden. The collision risk near
the port area can be obtained in an analytic way using DCPA and TCPA. To reduce the
collision probability in Istanbul Strait, which is busy with the crossing traffic from port
to port and passing traffic, Korçak and Balas [25] defined the hot spots for encounters
and calculated the collision probability between ships. Breithaupt et al. [26] plotted the
ship routes between ports along the Atlantic coast of the United States, which can indicate
the distribution of collision risk in the waters to some extent. Li et al. [27] proposed an
integrated method for regional collision risk analysis. The random forest was used to
integrate the accident risk model and non-accident critical events risk model. Lan et al. [28]
proposed a data-driven method integrating association rule mining, complex network, and
random forest to explore the correlation among collision risk factors. Via this method, the
critical factor can be found and used to assess the severity of collision accidents.

Although the studies on macroscopic collision risk were extensively carried out, there
was little research on collision risk in anchorage. Burmeister et al. [29] utilized the famous
IWRAP model and improved it to MKII to assess the collision risk between the underway
ship and the anchored ship in the anchorage. However, the influencing factors of collision
risk were not considered sufficiently, and the model was limited in real-time collision
risk identification. Weng and Xue [30] evaluated the ship collision frequency in port
fairways. Through some case studies in Singapore Strait, they found the hot spots of
different dangerous encountering types. Debnath and Chin [31] utilized a binomial logistic
model to determine the relationship between the anchorage collision risk and various
characteristics by the Navigation Traffic Conflict Technique proposed by them [32]. This
method can be used to identify the anchorage collision risk, but the model relatively relied
on expert judgment. Liu et al. [33] proposed an anchorage collision risk model. This model
assessed the collision risk in anchorage by calculating the collision risk between any two
ships within anchorage and the safe room in anchorage for navigation. However, this
model was limited in expressing the impact of the complication of maritime traffic.

Compared with the study of macroscopic collision risk, the study of microscopic
collision risk was more extensive. These microscopic collision risk studies mainly focused
on the microscopic factors that affect the collision risk between ships, such as the relative
motion parameters of ships. Therefore, they had a wide range of applications in the actual
collision avoidance of ships and were helpful as a safety criterion to assist the decision-
making of collision avoidance. However, because it was limited to the relative motion
between ships and took little consideration of the overall influencing factors of collision
risk, it was difficult to be directly applied to evaluate the macroscopic collision risk of the
water area, and it was difficult to assess the overall collision risk of the special water area,
such as the collision risk of anchorage. At present, the studies of macroscopic collision risk
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mainly focus on some open waters or straits and pay less attention to special navigational
waters, such as anchorage. Although some scholars have researched the collision risk of
anchorage, there were still some limitations in these works, such as a lack of consideration
of the characteristics of anchorage and difficulty in obtaining instantaneous anchorage
collision risk. More importantly, under the increasingly complicated ship traffic, no matter
the macroscopic collision risk study or the anchorage collision risk study, complexity was
not considered as a factor affecting the possibility of ship collision, and the consideration of
safety criterion was insufficient, so it was difficult to identify the potential collision risks in
anchorage accurately.

3. The Anchorage Collision Risk Model

The anchorage collision risks modeled in this paper refer to the global risk levels of
ship collision within the scope of the anchorage and its adjacent waters. For identifying the
anchorage collision risks more efficiently under the complicated traffic situations nowadays,
the anchorage collision risk model was established in three aspects in this paper, which are
collision risk in microscopic, macroscopic, and spatial complexity, respectively.

The microscopic collision risk refers to the collision risk objectively existing between
two ships in the anchorage waters due to their relative motion. As a ship can exist in
anchorage either in an underway state or anchored state, there are three different situations
for a pair of two ships in the anchorage, which are two underway ships, one underway
ship, one anchored ship, and two anchored ships. Since anchored ships have no sailing
speed, they were considered fixed objects in this paper. For the three situations mentioned
above, the microscopic collision risk between two ships can be calculated as follows.

For two underway ships, the method to calculate the microscopic collision risk between
them is the same as the calculation of the collision risk between two ships in open water,
which is obtained in an analytic way. For them, one ship is considered as its own ship, and
the other ship is considered as a target ship. Then, the relative motion relationship between
these two ships can be established in a Cartesian coordinate system, as shown in Figure 1.
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Using the theory of analytic geometry, the two crucial collision risk parameters, DCPA
and TCPA, can be obtained in the coordinate system as follows:

DCPA = dis×|sin(CR − CB − π)| (1)

TCPA =
dis

speedR
× cos(CR − CB − π) (2)
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where dis refers to the distance in space between two ships. CB refers to the bearing of the
target ship relative to its own ship, which can be obtained by the arctangent trigonometric
function according to the coordinates of the two ships.

CB =

{
arctan longT−longO

latT−latO
latT > latO

arctan longT−longO
latT−latO

+ π latT ≤ latO
(3)

speedR refers to the speed of the target ship relative to the own ship, which can be
calculated by the speed and course information of the two ships.

speedR =
√

speedO
2 + speedT

2 − 2speedOspeedTcos(courseT − courseO) (4)

CR refers to the course of the target ships relative to the own ship, which can be
calculated based on speedR.

CR = courseO + π ± arccos
speedO

2 + speedR
2 − speedT

2

2speedOspeedR
(5)

After obtaining the DCPA and TCPA between two ships, referred to the analytic
expression of collision risk index proposed by Kearon [5] which considered DCPA and
TCPA, and the negative exponential function used in Zhen [24] when established the
relationship between collision risk and DCPA/TCPA, the microscopic collision risk between
two ships in anchorage can be expressed as follows:

CRmicro =

√
αDCPAe−βDCPA ·DCPA2

+ αTCPAe−βTCPA ·TCPA2 (6)

where α and β are the parameters in a negative exponential function, which can be obtained
by setting two extreme scenarios between DCPA and collision risk and between TCPA and
collision risk.

For an underway ship and an anchored ship, the calculation of the microscopic
collision risk is similar to that of two underway ships. The only difference is that one ship
was considered a fixed object with no speed. In other words, the relative motion between
the two ships can be seemed as the relative motion of the underway ship relative to a fixed
object, as shown in Figure 2.
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Therefore, the two crucial collision risk parameters, DCPA and TCPA, can be calculated
as follows:

DCPA = dis× sinCRB (7)
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TCPA =
dis

speedO
× cossinCRB (8)

where CRB refers to the bearing of the target ship relative to the own ship, which can be
obtained via Equation (9).

CRB = CB − CO (9)

Similarly, after obtaining DCPA and TCPA, the microscopic collision risk between them
can be obtained via Equations (7) and (8). For two anchored ships, as an anchored ship was
considered a fixed object, the relative motion between them does not exist. Therefore, the
microscopic collision risk between them does not exist. After identifying the microscopic
collision risk between two ships in the three situations mentioned above, for the entire
anchorage, the global microscopic collision risk can be obtained by average processing.

The macroscopic collision risk of anchorage is calculated by considering the character-
istics of the anchorage itself and from the perspective of the safe navigable waters in the
anchorage and its adjacent waters so as to evaluate the overall collision risk of the anchor-
age that ships sailing to or through the waters. For a ship sailing to or through the waters,
the smaller the safe navigable waters, the more difficult it is to conduct collision avoidance
maneuvers, and, thus, the higher the possibility of a collision accident. Therefore, the key
to calculating macroscopic collision risk is to identify the size of safe navigable waters.

To identify the size of safe navigable waters, the first step is to determine the scope of
the studied waters. Considering that the macroscopic collision risk of anchorage is for ships
sailing to or through the waters, this study’s area includes not only the anchorage area
but also the area around the anchorage area. This paper extended the anchorage outward
according to the average ship domain scale of the ships in the anchorage, as shown in
Figure 3. The extended range is a variable dynamic range and will vary depending on the
size and number of ships within the anchorage.

J. Mar. Sci. Eng. 2023, 11, x FOR PEER REVIEW 6 of 22 
 

Therefore, the two crucial collision risk parameters, DCPA and TCPA, can be calcu-

lated as follows: 

𝐷𝐶𝑃𝐴 = 𝑑𝑖𝑠 × 𝑠𝑖𝑛𝐶𝑅𝐵 (7) 

𝑇𝐶𝑃𝐴 =
𝑑𝑖𝑠

𝑠𝑝𝑒𝑒𝑑𝑂
× 𝑐𝑜𝑠𝑠𝑖𝑛𝐶𝑅𝐵 (8) 

where 𝐶𝑅𝐵 refers to the bearing of the target ship relative to the own ship, which can be 

obtained via Equation (9). 

𝐶𝑅𝐵 = 𝐶𝐵 − 𝐶𝑂 (9) 

Similarly, after obtaining DCPA and TCPA, the microscopic collision risk between 

them can be obtained via Equations (7) and (8). For two anchored ships, as an anchored 

ship was considered a fixed object, the relative motion between them does not exist. There-

fore, the microscopic collision risk between them does not exist. After identifying the mi-

croscopic collision risk between two ships in the three situations mentioned above, for the 

entire anchorage, the global microscopic collision risk can be obtained by average pro-

cessing. 

The macroscopic collision risk of anchorage is calculated by considering the charac-

teristics of the anchorage itself and from the perspective of the safe navigable waters in 

the anchorage and its adjacent waters so as to evaluate the overall collision risk of the 

anchorage that ships sailing to or through the waters. For a ship sailing to or through the 

waters, the smaller the safe navigable waters, the more difficult it is to conduct collision 

avoidance maneuvers, and, thus, the higher the possibility of a collision accident. There-

fore, the key to calculating macroscopic collision risk is to identify the size of safe naviga-

ble waters. 

To identify the size of safe navigable waters, the first step is to determine the scope 

of the studied waters. Considering that the macroscopic collision risk of anchorage is for 

ships sailing to or through the waters, this study’s area includes not only the anchorage 

area but also the area around the anchorage area. This paper extended the anchorage out-

ward according to the average ship domain scale of the ships in the anchorage, as shown 

in Figure 3. The extended range is a variable dynamic range and will vary depending on 

the size and number of ships within the anchorage. 

 

Figure 3. The dynamic extended range of an anchorage. Figure 3. The dynamic extended range of an anchorage.

In addition, it is necessary to calculate the overall area of the anchorage and its
surrounding waters Areaanc, according to the coordinates of the anchorage edges, and the
size of safe navigable waters Areasa f e, based on the area of all arenas within anchorage.
The size of the arena of the ship was determined according to the relationship between the
arena and ship domain summarized by Davis et al. [34]. The safe navigable waters in this
paper are shown in Figure 4.
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Then, the macroscopic collision risk can be obtained by calculating the ratio of the safe
navigable waters Areasa f e to the total area of the study waters Areaanc and combining with
the negative exponential function in Equation (6), which can be expressed as Equation (10).

CRmacro = αmacroe−βmacro ·
Areasa f e
Areaanc (10)

In addition to the microscopic and macroscopic collision risk, this paper also con-
sidered the complexity of ship traffic in the anchorage and its adjacent waters in the
identification of the anchorage collision risk, so that the collision risk of the anchorage can
be identified more accurately and effectively under the increasingly complex ship traffic
situation. The consideration of the complexity of ship traffic in the anchorage in this paper
is based on the compactness of the spatial distribution of ships in the anchorage and its
adjacent waters, which can be obtained by applying the radial distribution function in
statistical mechanics [35,36].

In the radial distribution model, the ships in anchorage were considered particles, and
all ships within the boundary of anchorage were considered a particle system. In other
words, to calculate the spatial complexity of the ships within anchorage, the first step is to
calculate all distances between any two ships, as shown in Figure 5.

Then, the radial distribution function was brought in by considering the anchorage
and its adjacent waters as the distribution space. It should be noted that due to the
characteristic of ship traffic, which sails on a two-dimensional plane, the distribution space
is also a two-dimensional space, so the corresponding radial distribution function needs
to be transformed from three-dimensional to two-dimensional. As the ship is regarded
as a particle, its radial distribution in the two-dimensional space of the studied water is
described, and the radial distribution is integrated within a certain threshold to obtain
the spatial complexity according to the characteristic of the radial distribution function, as
expressed in Equations (11) and (12).

comp =
∫ Ranc

2

0

N

∑
i

Ni(r, ∆r)
λNρS(r, ∆r)

dr (11)

CRcomp = αcompe−βcomp ·comp (12)
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Figure 5. The ship distribution in an anchorage.

After obtaining the collision risk in microscopic aspect CRmicro, macroscopic aspect
CRmacro, and spatial compactness CRcomp, referring to the analytic expression proposed by
Kearon [5], the anchorage collision risk can be identified by the analytical expression in
Equation (13).

CRanchorage =
√

a×CRmicro
2 + b× CRmacro

2 + c× CRcomp
2 (13)

where a, b, and c are the weight coefficients of the collision risk in each aspect. The three
coefficients are set equal for normal situations and can be decided by maritime experts
according to the characteristics of the studied water area, traffic situation, and identification
purpose. For example, in the water area with extremely complicated ship traffic, the
coefficient c, which represents the importance of the collision risk in the complexity aspect,
needs to be increased appropriately because the traffic complexity has a significant impact
on collision risk in such water area. The anchorage collision risk CRanchorage can reflect the
risk level of collision within the anchorage and its adjacent waters considering the relative
motion, anchorage characteristics, and spatial complexity, which can provide mariners
and maritime surveillance operators with reference to the collision risk level within the
anchorage waters so as to improve the maritime traffic safety.

4. Case Study

To validate that the proposed model can identify the collision risk of anchorage
effectively, some experimental case studies were carried out using the real AIS data in some
of the anchorages of the Northern Yellow Sea. The studied anchorages are on the north
side of the Shandong Peninsula. There are some busy ports nearby, such as Weihai Port,
Yantai Port, and Penglai Port. The volume of ship traffic here is relatively big, so some of
the ships have to wait in the anchorage according to the schedule. Although anchoring in
the anchorage can relieve the traffic pressure to a certain extent, when the number of ships
in the anchorage increases, the possibility of collision accidents will increase both inside
and outside the anchorage. The studied anchorages are illustrated in Figure 6.
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In this article, the AIS data used in case studies is in June 2022. Before experiments, the
source data should be encoded first. The encoded AIS data were stored in a database. Then,
the data should be filtered to exclude the invalid one. Because the receiving time of AIS
data of ships is different, the time labels of the ship navigation information obtained from
the AIS data of different ships will be inconsistent. Therefore, it is necessary to interpolate
the data according to the time labels before experiments to make the data have the same
time labels.

The first case study is to validate the proposed model in a spatial aspect. Anchorage
No. 2, Anchorage No. 4, Anchorage No. 5, Anchorage No. 6, and Anchorage No. 7 were
selected in this case study. After inputting the required information into the proposed
model, the collision risk of these anchorages for a designated timing can be obtained. Firstly,
the collision risks at 1620 on 18 June 2022 were identified. The results are shown in Table 1.
The ship positions in the anchorages are shown as blue dots in Figure 7.

Table 1. The collision risks of anchorage at 1620 on 18 June 2022.

Anchorage No. 2 No. 4 No. 5 No. 6 No. 7

Collision Risk 0.1116 0.1078 0.1629 0.1320 0.0664
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For analyzing the results in Table 1, another index, ship traffic density, which can reflect
the collision risk to some extent, was adopted. The ship densities for these anchorages at
the moment are shown in Table 2.
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Table 2. The ship densities of anchorage at 1620 on 18 June 2022.

Anchorage No. 2 No. 4 No. 5 No. 6 No. 7

Density 4 2 5 6 1

It can be observed that the anchorage with relatively high density also has a larger
collision risk value, such as Anchorage No. 5 and No. 6. Anchorage No. 7, which has the
least density, also presents the smaller collision risk value. As the ship traffic density can
represent the collision risk to some extent, the capability of the proposed model to identify
the collision risk of anchorage was validated. Further, another timing, at 2350, on 18 June
2022, was selected to carry out the case study mentioned above again. The collision risks
for these anchorages obtained from the proposed model are shown in Table 3, and the ship
densities are shown in Table 4. The ship positions in the anchorages are shown in Figure 8.

Table 3. The collision risks of anchorage at 2350 on 18 June 2022.

Anchorage No. 2 No. 4 No. 5 No. 6 No. 7

Collision
Risk 0.1570 0.1015 0.1710 0.3057 0.0700

Table 4. The ship densities of anchorage at 2350 on 18 June 2022.

Anchorage No. 2 No. 4 No. 5 No. 6 No. 7

Density 6 2 5 7 1
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Comparing the results in Table 3 to that in Table 4, the positive relationship between
the anchorage collision risk and ship traffic density can also be found, where Anchorage
No. 6 has the largest collision risk value and ship traffic density and Anchorage No. 7 has
the smallest collision risk value and ship traffic density. In addition, comparing the results
of 2350 to that of 1620, it can be found that with the increase or decrease in the number of
ships in the anchorage, the collision risk in the anchorage will also increase or decrease in
most cases. Therefore, the effectiveness of the proposed model can be validated.

Apart from validating the proposed model in the spatial aspect, the temporal experi-
ment was also carried out. Anchorage No. 2 and Anchorage No. 4 were selected in this
experiment, where Anchorage No. 2 normally has relatively large numbers of ships. For
the two selected anchorages, the collision risks were identified by the proposed model for
24 h by selecting a timing point for each hour. The results are shown in Figure 9.
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Figure 9. The collision risks of Anchorage No. 2 and No. 4 on 18 June 2022.

It can be observed that the collision risk of Anchorage No. 2 is higher than that
of Anchorage No. 4, generally. By calculating, the average value of collision risks in
Anchorage No. 2 is 0.1286, and for Anchorage No. 4 is 0.1090. For verifying the results, the
ship traffic density was also adopted. The ship densities for the two anchorages in the 24 h
are shown in Figure 10.
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It can also be found that the ship traffic density for Anchorage No. 2 is higher than
that for No. 4, which reveals that the ships in Anchorage No. 2 are more crowded and have
higher possibilities for collision. To check the relationship between the collision risk and
ship traffic density for Anchorage No. 2 and No. 4 on 18 June 2022, a Pearson Correlation
Analysis (PCA) was conducted, and the correlation result is shown in Tables 5 and 6.
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Table 5. The PCA result between the collision risk and ship traffic density for Anchorage No. 2 on
18 June 2022.

Correlation Coefficient p-Value

0.718 <0.001

Table 6. The PCA result between the collision risk and ship traffic density for Anchorage No. 4 on
18 June 2022.

Correlation Coefficient p-Value

0.676 <0.001

The results showed in Tables 5 and 6 both reveal the strong positive correlation
between the collision risk and ship traffic density for either Anchorage No. 2 or Anchorage
No. 4. As ship traffic density can represent the collision risk to some extent, the proposed
model was validated in identifying anchorage collision risk. The numbers of receiving AIS
messages within the studied time interval were also identified, and the results are shown
in Table 7.

Table 7. The numbers of receiving AIS messages for Anchorage No. 2 and No. 4 on 18 June 2022.

Anchorage No. 2 No. 4

AIS messages 3029 1579

The number of receiving AIS messages can also represent the busyness of the water
area for a time interval and is applied to identify traffic density [37]. It can be found from
Table 7 that the number of receiving AIS messages for Anchorage No. 2 is higher than that
of Anchorage No. 4, which is in line with the results obtained by the proposed model in
revealing collision risk. Therefore, the effectiveness of the proposed model can be validated.

In addition, a dynamic experiment was also carried out to validate the proposed
model. Anchorage No. 2 was applied, and the scenario is shown in Figure 11.
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Figure 11. The scenario for the dynamic experiment in Anchorage No. 2.

There are six ships shown as blue dots in Anchorage No. 2, which are all anchored
ships. Another ship, which is named Ship 7, was crossing the anchorage from the west
edge to the east edge. For this process, six timing moments were selected and marked as
red dots in Figure 11. The collision risks for these six timing moments were calculated
based on the proposed model, and the results are shown as blue line in Figure 12.
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Figure 12. The change in collision risk during the crossing process for Ship 7.

It can be found that the collision risk increased at first and then decreased. This is
consistent with the fact that as Ship 7 sailed deeper and deeper into the anchorage during
the process of crossing the anchorage, the microscopic collision risk, macroscopic collision
risk, and compactness risk between Ship 7 and other ships increased continuously. When
this situation reached the threshold, Ship 7 gradually sailed out of the anchorage, and the
relevant value began to decrease. Therefore, it can be proved that the proposed model is
effective in identifying the collision risk in anchorage.

5. Discussion

In this paper, an anchorage collision risk model was proposed. The proposed model
was established in microscopic, macroscopic, and complexity aspects, which considered the
relative motion between ships, the characteristic of anchorage, and the spatial complexity
of ship distribution. In Section 3, to validate the effectiveness of the proposed model in
identifying the collision risk in anchorage, some experimental case studies were carried
out. In the spatial and temporal experiments, the ship traffic density was adopted as a
validation index as it can evaluate the collision risk through the busyness of anchorage to
some extent. However, ship traffic density is still inadequate for assessing the collision
risk compared with the proposed model. In other words, the proposed model has the
advantage of assessing anchorage collision risk compared with ship traffic density. To
explain this, some scenarios with the same ship traffic density were selected. Firstly, for the
same anchorage, Anchorage No. 2, we selected five scenarios with a ship traffic density of
5; the scenarios are shown in Figure 13.
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By applying the proposed model, the collision risks can be calculated and are shown
in Table 8.

Table 8. The collision risk in Anchorage No. 2 for the 5 selected scenarios.

Scenario 1 2 3 4 5

Collision Risk 0.1214 0.1141 0.1159 0.1113 0.1304

It can be found that although the five scenarios are with the same ship traffic density,
the collision risks for them are not equal. This is because the different positions and different
motion parameters of the ships in anchorage can lead to differences in micro-collision risk,
macro-collision risk, and compactness. The experiment was also conducted in different
anchorages. Each scenario in Anchorage No. 2 and No. 5 was selected, as shown in
Figure 14, and the ship traffic density is 5 for each scenario.
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Calculated by the proposed model, the results are shown in Table 9.

Table 9. The collision risk in Anchorage No. 2 and No. 5 for the 2 selected scenarios.

Scenario 1 2

Collision Risk 0.1214 0.1629

Other two scenarios, one is in Anchorage No. 2, and another is in Anchorage No. 6,
are shown in Figure 15.
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The collision risk results obtained from the proposed model are shown in Table 10.
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Table 10. The collision risk in Anchorage No. 2 and No. 6 for the 2 selected scenarios.

Scenario 1 2

Collision Risk 0.1140 0.1320

It can be found in Tables 9 and 10 that even in different anchorages, the collision
risks are not equal when the ship densities are the same, which proves the superiority
of the proposed model compared with the ship traffic density in assessing anchorage
collision risk.

In addition, compared with the anchorage collision risk model [33], the main contribu-
tion of the proposed model is the consideration of ship compactness, namely, the spatial
complexity. It can make the model more accurate in complex situations. To prove this
advantage, a scenario in Anchorage No. 2 was selected, as shown in Figure 16.
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For this scenario, a ship on the southwest edge of the anchorage, which is Ship 1, was
simulated to move to different positions in the anchorage, which approach the center of the
anchorage gradually.

There is a total of six different positions for Ship 1, and the collision risks of them were
calculated using the proposed model. The results are shown in Figure 17.

It can be observed that as the position of Ship 1 gradually approached the center, the
collision risk generally increased but fluctuated at some intermediate time points. For
analyzing this phenomenon, the collision risk in each aspect was also calculated and shown
in Figure 18.

It can be found that the microscopic collision risk was always kept very low and
the same because all of the ships in the anchorage in this scenario were anchored ships.
However, the collision risks in macroscopic and compactness are different for each moment.
For macroscopic collision risk, it increased before Moment 2 and started to decrease after
Moment 2. This is because, after Moment 2, the arena of Ship 1 began to overlap with other
ships’ arenas, which led to the enlargement of safe navigable waters. The collision risk in
compactness kept increasing for these moments because Ship 1 was gradually approaching
the center of the anchorage. If the compactness was not considered, the collision risks for
these moments are shown in Figure 19.
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of Ship 1.

It can be found that the trend of the collision risks for these moments is the same
as that of macroscopic collision risk (purple line in Figure 18), where the collision risk
increased before Moment 2 and started to decrease after Moment 2. However, the results
cannot reflect the collision risk in the anchorage sufficiently. Because as Ship 1 continued
to approach the center, that is, close to other ships, even though they were anchored
ships, the complex ship traffic situation was easier to be formed, which made collision
accidents more likely to happen. Therefore, without taking compactness into account, it
is difficult to accurately identify the collision risk in such situations. Therefore, since the
ship’s compactness is considered, the proposed model can identify the anchorage collision
risk more accurately in complicated situations.
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In addition, the proposed anchorage collision risk model was compared with other
relevant approaches. The compared approaches include Nguyen et al. [8], Debnath and
Chin [31], Burmeister et al. [29], Liu et al. [33], Huang et al. [9], Ha et al. [10], which are all
the approaches to identifying the collision risks of a water area or between two ships.

Together with the proposed model, these approaches were compared from eight
different perspectives, including the ability to assess collision risk regionally, the ability
to assess the collision risk in anchorage, whether consider the microscopic factors or not,
whether consider the macroscopic factors or not, whether consider the complexity factors or
not, the ability to assess collision risk in real time, and the safety criterion. The comparison
is shown in Table 11.

Table 11. The comparison for the relevant collision risk identification approaches.

Approaches Regional Anchorage Micro Macro Complexity Real-Time Safety Criterion

Nguyen et al.
(2018) [8], 3 3 Relatively High

Debnath and Chin
(2016) [31], 3 3 3 3 Relatively High

Burmeister et al.
(2014) [29], 3 3 3 Medium High

Liu et al. (2020) [33], 3 3 3 3 3 Relatively High
Huang et al.
(2020) [9], 3 3 Relatively High

Ha et al. (2021) [10], 3 3 Relatively High
The proposed model 3 3 3 3 3 3 High

It can be found that some of the approaches were modeled to assess the collision risk
between two ships, such as Nguyen et al. [8], Huang et al. [9], and Ha et al. [10], which
pay attention to the microscopic factors of ship collision, such as DCPA, TCPA, etc. These
methods can be utilized in automatic collision avoidance or relevant decision-making, but
the ability to assess the collision risk regionally was limited. In addition, the characteristics
of the anchorage and the ships within anchorage were not well considered, so it is also
difficult to assess the collision risk of anchorage accurately by these approaches. For some
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other approaches which pay attention to the collision risk of anchorage, such as Debnath
and Chin [31], Burmeister et al. [29], and Liu et al. [33], there also existed some limitations.
Some of the models did not consider the macroscopic factors of anchorage collision risk,
such as Burmeister et al. [29], while some of the models were limited in obtaining real-time
risk value, such as Debnath and Chin [31]. In addition, all these approaches were limited in
considering traffic complexity. The safety criterion for them was not as high as the model
proposed in this paper because most of them applied DCPA and TCPA, or the equivalent
ship domain, which was treated as the encounter radius in all directions, as the safety
criterion. However, the proposed model applied the higher safety criterion, which was the
arena. Compared with DCPA or ship domain, the arena is a super domain of the ship and
can allow two ships to pass safely at a distance beyond the encounter radius or the DCPA,
namely, beyond the scope of the ship domain. Therefore, it has a higher safety criterion
and can make more contributions to the safety of navigation.

In addition, some typical approaches were selected to make a numerical comparison
with the proposed anchorage collision risk model. The scenario in Figure 16 was used
for this comparison experiment. The compared approaches were micro-approach (e.g.,
Nguyen et al. (2018) [8]), traditional anchorage collision risk model (e.g., Burmeister et al.
(2014) [29]), and a recent anchorage collision risk model (Liu et al. (2020) [33]), respectively.

It can be found that the collision risk values obtained via the various approaches
for each moment are different. For the micro-approach, since the ships in each moment
of the scenario were all anchored ships, there was no relative motion between the ships,
and the collision risk calculated based on the relative motion would be almost zero. For
the traditional anchorage collision risk models, such as Burmeister et al.’s (2014) [29], the
anchorage collision risk was calculated based on the traffic parameters or ship parameters
in a period of time, so it was difficult to identify the instantaneous anchorage collision
risk value by such approaches; the collision risk values would be N/A, and they are not
shown in Table 12. Compared with the anchorage collision risk in [33], it can be found that
with the position change of Ship 1, the anchorage collision risk values obtained by [33]
are not only smaller than those of the proposed model but also show a downward trend
overall. This indicates that compared with the proposed model, the model in [33] did not
take into account the impact of traffic complexity on the anchorage collision risk under the
situation of relatively complex traffic. At the same time, due to the relatively low safety
criterion adopted, the results could also be affected. In other words, the proposed model in
this paper can identify the anchorage collision risk more effectively in relatively complex
anchorage waters under the premise of considering the traffic complexity and adopting
higher safety criteria.

Table 12. The results of the comparison experiment.

Approaches Moment 1 Moment 2 Moment 3 Moment 4 Moment 5 Moment 6

Micro-approach (e.g.,
Nguyen et al. (2018) [8]) <0.01 <0.01 <0.01 <0.01 <0.01 <0.01

Liu et al. (2020) [33] 0.1167 0.1192 0.1117 0.1057 0.1006 0.1002
The proposed model 0.1205 0.1243 0.1205 0.1203 0.1204 0.1294

In sum, compared with previous studies on anchorage collision risk, the model has
the following advantages. Firstly, the influence of traffic complexity was considered in the
modeling of anchorage collision risk, which is important for identifying the collision risk
of anchorage under complex traffic conditions accurately. Secondly, this paper adopted
a higher safety criterion, which is the arena, instead of the ship domain when calculating
the safe navigable waters, which can make potential collision risk in the anchorage easier
to spot. In addition, the anchorage boundary in the proposed model was set as a variable
dynamic range, which can further identify some potential collision risk at the boundary
position in addition to the collision risk in the anchorage.
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However, the proposed anchorage collision risk model also has some limitations.
Firstly, in modeling the microscopic collision risk, the anchored ship was considered a
fixed object with no speed. Actually, some anchored ships have a very low drift speed
around the anchor. For the simplification of the model, the effect of this tiny drift speed
was not incorporated into the model. For further improving the model, this tiny drift
speed is supposed to be considered. Secondly, in modeling the complexity level, this paper
only considered the complexity in the spatial aspect, which was obtained by assessing
the distribution compactness of ships. Some other factors in the motion aspect should
also be taken into account. Thirdly, in the case studies of this paper, the three weight
coefficients of the collision risk in microscopic, macroscopic, and complexity aspects were
determined equal. To further improve the accuracy of the results, the relationship between
the coefficient and the characteristic of anchorage should be investigated deeper.

6. Conclusions

In this paper, an analytic model for identifying the real-time anchorage collision
risk was proposed based on AIS data. In modeling the anchorage collision risk, three
perspectives were considered, which are microscopic collision risk, macroscopic collision
risk, and traffic complexity, respectively. Firstly, the microscopic collision risk was modeled
based on the relative motion between ships considering the feature of the anchored ship.
Secondly, the macroscopic collision risk was modeled according to the characteristic of
anchorage by identifying the ratio of safe navigable waters to total water area within a
variable dynamic range of anchorage boundary based on the arena of the ship. Thirdly,
the traffic complexity was evaluated from the perspective of the spatial compactness of
ships based on the radial distribution function in statistical mechanics. Finally, the three
aspects were synthesized to obtain a real-time anchorage collision risk value by a classical
analytic expression. Compared with the previous studies on anchorage collision risk,
the proposed model additionally considered the influence of traffic complexity, which is
important for identifying the anchorage collision risk under complicated traffic situations.
In addition, the proposed model adopted a higher safety criterion in identifying collision
risk by introducing ship arena and setting a variable dynamic range of anchorage boundary,
which is more helpful for identifying the potential collision risk of anchorage. For validating
the proposed model, some experimental case studies were carried out using the AIS data in
the anchorages off the coast of Shandong Peninsular in China, including spatial experiment,
temporal experiment, and dynamic experiment. The experiment results show that the
proposed model can effectively identify the collision risk level within anchorage and its
adjacent waters and has the advantage of dealing with the scenario with relatively higher
complexity. The proposed model is helpful for maritime surveillance operators to monitor
the ship traffic in anchorage and can also provide mariners with a cognitive reference
about the danger in anchorage on their route, which can both facilitate the enhancement of
maritime traffic safety.

Notwithstanding, the proposed anchorage collision risk model still has some limita-
tions which should be overcome in the future. Firstly, in modeling microscopic collision
risk, the drift speed of the anchored ship is supposed to be considered in order to fully
represent the feature of the anchored ship. Secondly, in modeling complexity, it would
be better to incorporate the factors on ship motion to make the consideration of traffic
complexity more sufficient. Thirdly, in determining the final collision risk of anchorage, the
weights of each aspect should be set according to the characteristic of the water area, which
is important to improve the proposed model to a higher level.

Author Contributions: Conceptualization, Z.L.; data curation, Z.L.; formal analysis, Z.L. and D.Z.;
funding acquisition, Z.L. and L.G.; investigation, Z.L.; methodology, Z.L.; project administration, Z.L.
and L.G.; resources, Z.Z. and Z.W.; software, Z.L.; supervision, Z.Z. and Z.W.; validation, Z.L. and
D.Z.; visualization, Z.L.; writing—original draft, Z.L.; writing—review and editing, Z.L., D.Z., Z.Z.
and Z.W. All authors have read and agreed to the published version of the manuscript.



J. Mar. Sci. Eng. 2023, 11, 1553 20 of 21

Funding: This research was funded by “The Fundamental Research Funds for the Central Universi-
ties” (Grant. 3132023145), the National Natural Science Foundation of China (Grant. 52171345) and
the Talent Research Start-up Funds of Dalian Maritime University (Grant. 02500128).

Institutional Review Board Statement: Not applicable.

Informed Consent Statement: Not applicable.

Data Availability Statement: Not applicable.

Acknowledgments: We would like to express our gratitude to the editors and reviewers whose
valuable comments and suggestions will make an improvement in the quality of this paper.

Conflicts of Interest: The authors declare no conflict of interest.

References
1. Jia, S.; Li, C.L.; Xu, Z. Managing navigation channel traffic and anchorage area utilization of a container port. Transp. Sci. 2019, 53,

728–745. [CrossRef]
2. Yeo, G.T.; Roe, M.; Soak, S.M. Evaluation of the marine traffic congestion of north harbor in busan port. J. Waterw. Port Coast.

Ocean Eng. 2007, 133, 87–93. [CrossRef]
3. Xin, X.; Liu, K.; Loughney, S.; Wang, J.; Li, H.; Yang, Z. Graph-based ship traffic partitioning for intelligent maritime surveillance

in complex port waters. Exp. Sys. Appl. 2023, 231, 120825. [CrossRef]
4. Kaptan, M. Risk assessment of ship anchorage handling operations using the fuzzy bow-tie method. Ocean Eng. 2021, 236, 109500.

[CrossRef]
5. Kearon, J. Computer program for collision avoidance and track keeping. In Proceedings of the International Conference on

Mathematics Aspects of Marine Traffic, London, UK, September 1977.
6. Zhao, J.; Song, S. Measurement of the Mariners’ Subjective Collision Risks. J. Dalian Mar. Coll. 1990, 16, 29–31. (In Chinese)
7. Lisowski, J. Determining the optimal ship trajectory in collision situation. In Proceedings of the IX International Scientific and

Technical Conference on Marine Traffic Engineering, Szczecin, Poland, 23 February 2001.
8. Nguyen, M.; Zhang, S.; Wang, X. A Novel Method for Risk Assessment and Simulation of Collision Avoidance for Vessels based

on AIS. Algorithms 2018, 11, 204. [CrossRef]
9. Huang, Y.; van Gelder, P.H.A.J.M. Collision risk measure for triggering evasive actions of maritime autonomous surface ships.

Saf. Sci. 2020, 127, 104708. [CrossRef]
10. Ha, J.; Roh, M.I.; Lee, H.W. Quantitative calculation method of the collision risk for collision avoidance in ship navigation using

the CPA and ship domain. J. Comput. Des. Eng. 2021, 8, 894–909. [CrossRef]
11. Hasegawa, K.; Kouzuki, A.; Muramatsu, T.; Komine, H.; Watabe, Y. Ship auto-navigation fuzzy expert system (SAFES). J. Soc.

Naval Archit. 1989, 166, 445–452. [CrossRef] [PubMed]
12. Bukhari, A.C.; Tusseyeva, I.; Lee, B.; Kim, Y. An intelligent real-time multi-vessel collision risk assessment system from VTS view

point based on fuzzy inference system. Expert. Sys. Appl. 2013, 40, 1220–1230. [CrossRef]
13. Kao, S.; Lee, K.; Chang, K.; Ko, M. A Fuzzy Logic Method for Collision Avoidance in Vessel Traffic Service. J. Navig. 2007, 60,

17–31. [CrossRef]
14. Ann, J.H.; Rhee, K.P.; You, Y.J. A study on the collision avoidance of a ship using neural networks and fuzzy logic. Appl. Ocean

Res. 2012, 37, 162–173.
15. Yao, J.; Wu, Z.; Fang, X. Adaptive Neural Network of Ship Collision Risk Assessment Method of Fuzzy Inference. Navig. China.

1999, 1, 14–19. (In Chinese)
16. Yang, G.; Yang, Z. Research of computing the vessel’s Collision Risk Index by multiple parameters Based on Neural Network with

Genetic Algorithm. In Proceedings of the 2013 Third International Conference On Instrumentation & Measurement, Computer,
Communication And Control, Shenyang, China, 21–23 September 2013.

17. Fujii, Y.; Shiobara, R. The Analysis of Traffic Accidents. J. Navig. 1971, 24, 534–543. [CrossRef]
18. Macduff, T. The probability of vessel collisions. Ocean Ind. 1974, 9, 144–148.
19. Pedersen, P.T. Collision and grounding mechanics. In Proceedings of the WEMT, Copenhagen, Denmark, 4 November 1995.
20. Kaneko, F. Methods for probabilistic safety assessments of ships. J. Mar Sci. Technol. 2002, 7, 1–16. [CrossRef]
21. Montewka, J.; Goerlandt, F.; Kujala, P. Determination of collision criteria and causation factors appropriate to a model for

estimating the probability of maritime accidents. Ocean Eng. 2012, 40, 50–61. [CrossRef]
22. International Association of Lighthouse Authorities (IALA). Risk Management Tool for Ports and Restricted Waterways. IALA

Recommendation O-134 Ed 2 2009, 18–22.
23. Silveira, P.A.M.; Teixeira, A.P.; Guedes Soares, C. Use of AIS data to characterize marine traffic patterns and ship collision risk off

the coast of Portugal. J. Navig. 2013, 66, 879–898. [CrossRef]
24. Zhen, R.; Riveiro, M.; Jin, Y. A novel analytic framework of real-time multi-vessel collision risk assessment for maritime traffic

surveillance. Ocean Eng. 2017, 145, 492–501. [CrossRef]

https://doi.org/10.1287/trsc.2018.0879
https://doi.org/10.1061/(ASCE)0733-950X(2007)133:2(87)
https://doi.org/10.1016/j.eswa.2023.120825
https://doi.org/10.1016/j.oceaneng.2021.109500
https://doi.org/10.3390/a11120204
https://doi.org/10.1016/j.ssci.2020.104708
https://doi.org/10.1093/jcde/qwab021
https://doi.org/10.2534/jjasnaoe1968.1989.166_445
https://www.ncbi.nlm.nih.gov/pubmed/37505851
https://doi.org/10.1016/j.eswa.2012.08.016
https://doi.org/10.1017/S0373463307003980
https://doi.org/10.1017/S0373463300022372
https://doi.org/10.1007/s007730200009
https://doi.org/10.1016/j.oceaneng.2011.12.006
https://doi.org/10.1017/S0373463313000519
https://doi.org/10.1016/j.oceaneng.2017.09.015


J. Mar. Sci. Eng. 2023, 11, 1553 21 of 21

25. Korçak, M.; Balas, C.E. Reducing the probability for the collision of ships by changing the passage schedule in Istanbul Strait. Int.
J. Disaster Risk Reduct. 2020, 48, 101593. [CrossRef]

26. Breithaupt, S.A.; Copping, A.; Tagestad, J.; Whiting, J. Maritime route delineation using AIS data from the atlantic coast of the US.
J. Navig. 2017, 70, 379–394. [CrossRef]

27. Li, M.; Mou, J.; Chen, P.; Chen, L.; van Gelder, P.H.A.J.M. Real-time collision risk based safety management for vessel traffic in
busy ports and waterways. Ocean Coast. Manag. 2021, 234, 106471. [CrossRef]

28. Lan, H.; Ma, X.; Qiao, W.; Deng, W. Determining the critical risk factors for predicting the severity of ship collision accidents
using a data-driven approach. Reliab. Eng. Sys. Saf. 2023, 230, 108934. [CrossRef]

29. Burmeister, H.C.; Walther, L.; Jahn, C.; Töter, S.; Froese, J. Assessing the frequency and material consequences of collisions with
vessels lying at an anchorage in line with IALA iWrap MkII. TransNav. Int. J. Mar. Navig. Saf. Sea Transp. 2014, 8, 61–68. [CrossRef]

30. Weng, J.; Xue, S. Ship Collision Frequency Estimation in Port Fairways: A Case Study. J. Navig. 2015, 68, 602–618. [CrossRef]
31. Debnath, A.K.; Chin, H.C. Navigational traffic conflict technique: A proactive approach to quantitative measurement of collision

risks in port waters. J. Navig. 2016, 63, 137–152. [CrossRef]
32. Debnath, A.K.; Chin, H.C. Modelling collision potentials in port anchorages: Application of the navigational traffic conflict

technique (NTCT). J. Navig. 2010, 69, 183–196. [CrossRef]
33. Liu, Z.; Wu, Z.; Zheng, Z. A novel model for identifying the vessel collision risk of anchorage. Appl. Ocean Res. 2020, 98, 102130.

[CrossRef]
34. Davis, P.V.; Dove, M.J.; Stockel, C.T. A computer simulation of marine traffic using domains and arenas. J. Navig. 1980, 33,

215–222. [CrossRef]
35. Liu, Z.; Wu, Z.; Zheng, Z.; Wang, X.; Soares, C.G. Modelling dynamic maritime traffic complexity with radial distribution

functions. Ocean Eng. 2021, 241, 109990. [CrossRef]
36. Liu, Z.; Wu, Z.; Zheng, Z.; Yu, X. A Molecular Dynamics Approach to Identify the Marine Traffic Complexity in a Waterway.

J. Mar. Sci. Eng. 2022, 10, 1678. [CrossRef]
37. Wu, L.; Xu, Y.; Wang, Q.; Xu, Z. Mapping Global Shipping Density from AIS Data. J. Navig. 2017, 70, 67–81. [CrossRef]

Disclaimer/Publisher’s Note: The statements, opinions and data contained in all publications are solely those of the individual
author(s) and contributor(s) and not of MDPI and/or the editor(s). MDPI and/or the editor(s) disclaim responsibility for any injury to
people or property resulting from any ideas, methods, instructions or products referred to in the content.

https://doi.org/10.1016/j.ijdrr.2020.101593
https://doi.org/10.1017/S0373463316000606
https://doi.org/10.1016/j.ocecoaman.2022.106471
https://doi.org/10.1016/j.ress.2022.108934
https://doi.org/10.12716/1001.08.01.07
https://doi.org/10.1017/S0373463314000885
https://doi.org/10.1017/S0373463309990233
https://doi.org/10.1017/S0373463315000521
https://doi.org/10.1016/j.apor.2020.102130
https://doi.org/10.1017/S0373463300035220
https://doi.org/10.1016/j.oceaneng.2021.109990
https://doi.org/10.3390/jmse10111678
https://doi.org/10.1017/S0373463316000345

	Introduction 
	The Literature Review 
	The Anchorage Collision Risk Model 
	Case Study 
	Discussion 
	Conclusions 
	References

