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Featured Application: This study provides the valuable data to assess the failure mechanism of
CFRP strengthened reinforced concrete beams and structural systems.

Abstract: The bending and shear behavior of RC beams strengthened with Carbon Fiber-Reinforced
Polymers (CFRP) is the primary objective of this paper, which is focused on the failure mechanisms
and on the moment-curvature response prior-to, and post, strengthening with different amounts
and layouts of the CFRP reinforcement. Seven reinforced concrete beams were tested in 4-point
bending, one without any CFRP reinforcement (control beam, Specimen C1), four with the same
amount of CFRP in flexure but with different layouts of the reinforcement for shear (Specimens
B1–B4), and two with extra reinforcement in bending, with and without reinforcement in shear
(Specimens B6 and B5, respectively). During each test, the load and the mid-span deflection were
monitored, as well as the crack pattern. The experimental results indicate that: (a) increasing the
CFRP reinforcement above certain levels does not necessarily increase the bearing capacity; (b) the
structural performance can be optimized through an appropriate combination of CFRP flexural and
shear reinforcement; and (c) bond properties at the concrete–CFRP interface play a vital role, as the
failure is very often triggered by the debonding of the CFRP strips. The experimental values were
also verified analytically and a close agreement between the analytical and experimental values
was achieved.

Keywords: concrete cracking; crack patterns; carbon fiber-reinforced polymers—CFRP; RC
strengthening (in bending and shear); RC beams

1. Introduction

The Kingdom of Saudi Arabia, as well as rest of the world, contains a wide range of reinforced
concrete infrastructure which ranges from small residential houses to multi-story buildings, towers,
and pre-stressed concrete bridges. The majority of the infrastructure in Saudi Arabia was designed and
constructed on old design codes, standards, and specifications, and as a result of that, it is currently
experiencing weathering because of harsh climate, saltwater, acid attack, extreme temperature changes,
and due to the inferior quality of building material. There is a necessity to strengthen old existing
infrastructure in Saudi Arabia, which lacks in strength and stiffness. There are many different ways to
strengthen reinforced concrete structures, and one of the most common methods is the application of
CFRP (Carbon Fiber Reinforced Polymer) to the reinforced concrete member.
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CFRP has been widely used for the purpose of strengthening reinforced concrete, masonry, and
steel infrastructure. Over the past few decades, many researchers have proved the suitability of CFRP
material for structures composed of different materials, stiffness, and ductility [1–6]. By adopting the
correct retrofitting technique, CFRP can significantly increase the shear and flexure strength of concrete
structures as compared to the normal concrete structure. CFRP gains its strength via epoxy, which
is the glue that makes a bond of CFRP with the concrete surface. Flexure, shear, and compression
cracks can be prevented in reinforced concrete beams with the help of CFRP application. The benefit
of using CFRP retrofitting comes from its low density and its resistance to higher tensile forces, fatigue,
and corrosion.

However, the debonding failure mechanism, structural ductility, and long-term durability are the
main problems, which CFRP is facing due to poor bonding and reduced vapor pressure [7–9]. Fracture
of CFRP concrete beams is mainly attributed due to debonding of CFRP from the concrete surface.
Hence, flexural strength, failure behavior, and structural ductility are the most important parameters
that are always under consideration in structural design, especially when the structure is located in
the higher earthquake zone region. CFRP is a material which is brittle in nature and fails suddenly,
and has a linear elastic behavior up until failure, i.e., the tensile failure strain of FRP ranges from
2% to 4% [6]. Once the failure strain is reached, CFRP shows no signs of warning, breaks suddenly,
and results in the loss of its strength. This behavior of low ductility in reinforced concrete structures
retrofitted with CFRP is not desirable, as it does not provide any kind of early warning before failure,
thus resulting in the sudden collapse of the structure.

2. Literature Review

CFRP has been widely used in the past for repair and rehabilitation of civil infrastructure that was
showing signs of deterioration and distress due to aging. If applied properly, CFRP can increase the
service life of the structure. CFRP is a brittle material and usually fails (i.e., debonding or horizontal
crack propagation) at a lower load level, hence the ultimate capacity of the reinforced concrete structural
member is very hard to achieve [10]. In the past, many researchers conducted experiments on reinforced
concrete beams retrofitted in flexure by CFRP and resulting failure patterns were observed.

Arduini and Nanni [11] conducted a parametric analysis to investigate the effects of CFRP
reinforcement on serviceability, strength, and failure mechanisms of repaired RC beams. They
presented the results of their analysis in terms of repaired/un-repaired strength and deflection ratios.
They observed that a brittle failure mechanism can develop at loads much lower than expected
when considering only flexural performance of the FRP Strengthened beams. Their research work
also concluded that the application of CFRP reinforcement can considerably result in an increase in
load-bearing capacity and can also limit deflection at the service level. Smith and Teng [12] conducted
a comprehensive review of existing plate debonding strength models that were presented by many
researchers in past. Each model was summarized and classified into one of the three categories based
on the considered approach. Teng et al. [13] conducted extensive research that has been carried out in
recent years on the use of fiber-reinforced polymer (FRP) composites for the purpose of strengthening
of reinforced concrete (RC) structures. Their paper provides a concise review of existing research on
the behavior and strength of FRP-strengthened RC structures, with a strong focus on those studies
that contribute directly to the development of strength models. Topics that were covered in their
research work includes flexural and shear strengthening of beams, flexural strengthening of slabs, and
strengthening of columns subjected to both static and seismic loads. For each of the topics covered, the
methods of strengthening were first explained, followed by a description of the common failure modes.
Kotynia [14] conducted tests on reinforced concrete (RC) beams that were strengthened externally with
CFRP strips in flexure only. The flexural behavior of the beams, as well as their failure modes, were
discussed in detail. Teng and Chen [15] provided a summary of debonding failure modes of reinforced
concrete beams that were strengthened externally with FRP reinforcement. Their paper addressed the
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following three issues: (a) classification of debonding failure modes; (b) mechanisms and processes of
debonding failures; (c) and theoretical models for debonding failures.

Kang et al. [10] conducted a detailed review of previous research programs that were conducted
by past researches in relation to debonding failure of FRP attached externally to the concrete surface.
Li et al. [16] conducted a series of experimental tests on reinforced concrete beams that were
strengthened with externally bonded CFRP sheets in flexure. They investigated debonding initiation
and the allowable tensile strain of FRP sheets in flexurally-strengthened RC beams in comparison to
different design code provisions. Hasnat et al. [17] conducted research on simply supported reinforced
concrete (RC) beams that were strengthened by carbon-fiber-reinforced polymer wrap. A CFRP
wrap resisted the premature cover debonding and acted as a U-clamp that results in an increase in
the ultimate moment capacity. Mostafa and Razaqpur [18] conducted the experiment on reinforced
concrete beams made of T-section. The load was applied and deflection responses were measured for
each beam. The complete post-peak load/softening response of each beam was also captured.

Fu et al. [19] conducted research on the effectiveness of a U-jacketing system on delaying or
preventing debonding failure. In their experimental research study, they tested eight large-scale RC
beams in order to study and investigate the effects of different forms of FRP U-jacketing on debonding
failure. Abid and Al-lami [20] conducted an extensive review of past research studies that emphasis
the strength and durability of concrete beams that were externally bonded with FRP reinforcement.
The focus of the research review was on the bond behavior, testing techniques, and models used to
assess bond strength. Flexure, shear, and fatigue behaviors of different strengthening techniques were
also reviewed and discussed in detail.

Wenwei and Guo conducted flexural testing on six reinforced concrete beams reinforced with
external CFRP laminates in order to study the effects of initial load or load history on the ultimate
strength [21]. Experimental results were explained in quantitate terms and for that purpose, a
theoretical model for flexural behavior was developed. Lee and Moy carried out an experimental and
an analytical study and developed a design-oriented expression to determine an effective laminate
strain in bonded CFRP [22]. The developed expression was also used for predicting the deboning
failures. Barros et al. conducted experimental and analytical research on reinforced concrete structures
strengthened with CFRP systems [23]. Their experimental studies show that the CFRP debonding
strain is dependent on the CFRP percentage and the longitudinal steel reinforcement ratio. Mansour
and Mahmoud conducted an experimental and analytical study to predict the ultimate moment
capacity of RC beams externally strengthened with CFRP [24]. They proposed prediction models to
obtain the load capacities for rectangular as well as T beam sections. Pan et al. conducted experimental
testing on eight reinforced concrete beams that were strengthened with FRP sheets [25]. They also
proposed an analytical model that accounts for the opening of shear and flexural cracks along the
beam. Later the results of the experimental data were compared with the proposed analytical model.
Ghandour conducted three-point loading testing on seven half-scale reinforced concrete beams, which
were strengthened with CFRP longitudinal sheets and U-wraps [26]. Kara and Ashour developed a
numerical method for predicting the curvature, deflection, and moment capacity of reinforced concrete
beams strengthened with FRP [27]. Later, the analytical results obtained from the numerical model
were compared with the published experimental data. Pellegrino and Vasic [28] did the assessment
on the design procedures that were available to predict the shear capacity of reinforced concrete
beams externally strengthened with FRP composites. Their research work was based on a database,
which was collected from recent literature and mainly focused on the basic codes for reinforced
concrete structures (without strengthening) and current models for FRP structures strengthened in
shear. Li et al. investigated debonding initiation and tensile strain of FRP laminates adhered externally
to concrete beam surfaces [16]. Experimental testing was carried out and the allowable tensile strain
in FRP sheets proposed by prevalent code provisions was assessed. Jung et al. presented both
experimental and analytical research results to predict the flexural capacity of reinforced concrete
beams strengthened in flexure with fabric reinforced cementitious matrix (FRCM) [29]. Six beams were
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strengthened in flexure with FRCM composite under four-point testing. A new bond strength model
was proposed using a test database to predict the strengthening performance of the FRCM composite.
Foster et al. did an experimental investigation on reinforced concrete T-beams of varied sizes to
determine the effectiveness of unanchored and anchored externally bonded U-wrapped CFRP [30].
Beams were subjected to three-point bending with a span to depth ratio of 3.5. Dias and Barros did
experimental research to understand the effectiveness of near surface mounted (NSM) technique by
using CFRP laminates in shear [31]. T-Sections reinforced concrete beams were externally reinforced
in shear with the help of CFRP laminates at 52- and 90-degree angles. Furthermore, they discovered
that inclined laminates are more effective than vertical laminates. Osman et al. did experimental
testing on seven CFRP strengthened reinforced concrete beams under four-point loading having
different shear span-to-depth ratios [32]. A numerical analysis was also carried out on 27 reinforced
concrete beams with and without CFRP sheets. The results achieved using ANSYS were close to the
experimental results.

Keeping in mind the aforementioned literature review, it is found that there are very few
researchers who studied the effect of different CFRP reinforcement amounts and layouts on beam
moment capacity and on the failure behavior of the RC beams. The current study evaluated the effect of
the CFRP reinforcement ratio on failure patterns of reinforced concrete beams. The CFRP reinforcement
ratio was varied in the form of flexure and shear strips that resulted in different strengthening layouts
and failure patterns of the concrete beams. The originality of this research work mainly lies in the
determination of specific load levels at which debonding failure of the CFRP initiates and how different
layouts of CFRP strengthening affect the shear and flexural strength and failure modes of the reinforced
concrete beams. RC beams strengthened with different amounts and layouts of CFRP were tested under
four-point bending. Moment-curvature behavior, failure loads, deflections, and failure modes were
determined experimentally, which later were also compared with the analytical capacity evaluation
models proposed by American Concrete Institute ACI 440.2R-08 [33] provisions.

3. Experimental Plan and Setup

In this research work, seven reinforced concrete beams were prepared and tested under four-point
loading. The cross-sectional sizes of all seven reinforced concrete beams were kept constant and
are selected equal to 100 mm × 200 mm with an overall equal length of 1200 mm. The beams were
designed as per ACI 318-08 [34] for tension controlled failure. Two deformed rebars of 14 mm nominal
diameter were used as a flexural steel reinforcement. Figures 1 and 2 give the details of the beams
tested under the current experimental plan. The load is applied under a displacement control system
at a constant strain rate of 0.03/min. The bending setup located in highway laboratory of King Faisal
University was used to carry out the experimental research work as shown in Figure 3. The beams
were tested under four-point loading, which gives a constant mid-span bending moment for a given
increment of load between the two loading points. Effective span in all beams was kept equal to
1100 mm. The applied bending moment M of the beam is calculated by Equation (1). As the moment
between loading point remains constant, the Sagital Method was used to calculate the curvature ϕ by
using mid-span deflection δ of the beam.

M =
P
2
× L1 (1)

where P is the load directly obtained from the Universal Testing Machine at each increment of
displacement. L1 is the distance between the support and point of application of load = 475 mm
and L is the effective span of the beam = 1100 mm, as given in Figure 3b.
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Figure 1. Details of beam specimens (a) Control specimen, (b) CFRP-B1, (c) CFRP-B2, (d) CFRP-B3, 
(e) CFRP-B4, (f) CFRP-B5, and (g) CFRP-B6. 

 
 

(a) C and CFRP-B5 (b) CFRP-B1 

  
(c) CFRP-B2 (d) CFRP-B3 

  
(e) CFRP-B4 (f) CFRP-B6 

Figure 1. Details of beam specimens (a) Control specimen, (b) CFRP-B1, (c) CFRP-B2, (d) CFRP-B3,
(e) CFRP-B4, (f) CFRP-B5, and (g) CFRP-B6.
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Figure 2. Lateral views of the beams strengthened with CFRP layers and strips.

One out of seven beams was selected as a control specimen, while the rest of the six beams
were strengthened and retrofitted with external CFRP reinforcement ratios given in Table 1. The
thickness of external flexure and shear CFRP strips was kept equal to 1.5 mm. For all beams, the
cross-sectional sizes, internal reinforcement ratios, overall length, and thickness of CFRP strips were
kept constant, while the external flexure and shear CFRP reinforcement ratios were varied. Table 1
shows the strengthening scheme of the beams, which were divided into two groups. Beams B1, B2, B3,
and B4 were placed in group-1, where the external CFRP flexural reinforcement ratio was kept constant
(0.38%). Beam B5 and B6 were placed in group-2, where the external CFRP flexural reinforcement ratio
was doubled and kept equal to 0.75%. The flexural reinforcement ratio refers to the quantity of CFRP
that is applied at the bottom surface of the beam. Reinforcement ratio is calculated by dividing the
cross-sectional area of CFRP with the cross-sectional area of the concrete beam. In a similar way, the
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shear reinforcement ratio was calculated. Hence, the total CFRP reinforcement ratio is the sum of the
flexural and shear CFRP reinforcement ratio. However, the external CFRP shear reinforcement ratio
was also varied and was selected equal to 0 and 0.38% for Beam B5 and B6, as given in Table 1.
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Table 1. Testing specimen details.

Sr. No. Specimen
Designation

External CFRP
Flexural

Reinforcement
Ratio (% Age)

External CFRP
Shear

Reinforcement
Ratio

Total CFRP
Reinforcement

Ratio

Number of
CFRP Shear

Strips

Width of
Flexural CFRP

Strips (mm)

1 Control-C1 N/A N/A N/A N/A N/A
2 CFRP-B1 0.38 0.25 0.63 8 50
3 CFRP-B2 0.38 0.31 0.69 10 50
4 CFRP-B3 0.38 0.37 0.75 12 50
5 CFRP-B4 0.38 0.56 0.94 18 50
6 CFRP-B5 0.75 0.00 0.75 N/A 100
7 CFRP-B6 0.75 0.38 1.13 12 100

Material Properties

Concrete with a compressive strength of 28 MPa was used for the preparation of reinforced
concrete beam specimens. The average compressive strength of concrete was determined by the
procedure mentioned in ASTM C-39 [35] and was found equal to f ′c = 28 MPa. The modulus of
elasticity and shear modulus of concrete were 24,870 MPa and 10,360 MPa, respectively. The modulus
of elasticity of concrete was calculated using the ACI 318-08 [34] and shear modulus of elasticity was
computed using poison ratio of 0.2. For quality control, the ready-mix concrete was delivered by a
local supplier from a plant located in Saudi Arabia. For internal reinforcement, the yield strength of
fy = 420 MPa was selected for deformed rebar. The steel reinforcement has a tensile rupture strength
of 620 MPa with elastic and shear modulus values of 200,000 MPa and 76,920 MPa, respectively.

Concrete beam specimens were cast and cured as per ASTM-C31 [36]. On completion of curing
time, the external surfaces of the beam specimens were cleaned with a wet cloth and acetone. Epoxy
(Sikadur 330) of uniform thickness was used to attach external CFRP strips to the concrete surface.
After the application of CFRP strips on the surface of the concrete, the beams specimens were cured
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for three days by using a wet layup method. Figures 1 and 2 show the layout of beam specimens along
with their external and internal reinforcement details. The CFRP has a tensile strength of 1600 MPa
with the ultimate tensile elongation value of 1.8%. The tensile modulus of elasticity of CFRP was
120,000 MPa. The epoxy has tensile bond and compressive bond strength values of 9.6 MPa and
21 MPa, respectively. The aforementioned material properties of CFRP and epoxy were provided by
their respective suppliers.

4. Results and Discussions

Figure 4 shows the mid-span bending moment-curvature behavior for the beam specimens C1,
CFRP-B1, CFRP-B2, CFRP-B3, and B4, respectively. The control specimen has shown a peak moment
value of 17.73 kN-m with the curvature value of 0.0031. Once the peak moment was reached, the control
beam specimen C1 started losing its strength and finally, it reduced to 4.92 kN-m at a curvature value
of 0.0057. The control specimen has shown a residual strength of 9.5 kN-m, which was approximately
half of the peak strength (17.73 kN-m) of the control specimen. The residual strength of the concrete
beam was mainly attributed to the cracked concrete section, which contains tensile reinforcement
having a tensile strain greater than yield but lesser than the rupture strain. In the case of different
CFRP strengthened beam specimens, higher peak moments were observed. The presence of CFRP
strips has contributed to the flexural capacity and increased not only the peak strength but has also
undergone higher displacements at the peak moment values. All of the beam specimens have shown
peak strengths ranging from 27.7 kN-m to 26.6 kN-m. The maximum peak moment of 27.7 kN-m
was observed in the case of beam CFRP-B4. All of the beams (CFRP-B1, B2, B3, and B4) carry a
uniform external CFRP flexural reinforcement ratio of 0.38%, however, the shear reinforcement was
gradually increased from 0. 25% to 0. 56%, respectively. The effect of this change in CFRP shear
reinforcement ratio could be seen in the form of small variations in peak moment carrying capacities of
the beams. For all of the beams, the relationship between curvature and moment capacities remained
linear until the curvature value of 0.0017 was reached. After this value, the inelastic behavior of
reinforced concrete became dominant and stiffness of the beam gradually started decreasing. All of
the CFRP strengthened beams have shown a high residual strength compared to the control specimen
C1. However, the highest residual strength was provided by specimen B3 and it was approximately
1.5 times the residual strength of the control specimen. Moreover, compared to the control specimen,
the deformation capacities or curvature of the CFRP strengthened beams B1, B2, B3, and B4 were also
higher. Beams B1, B2, B3, and B4 have shown a rise and fall in the moment values. This rise and fall
behavior in the moment values represents the debonding of CFRP strips from the surface of the beam.
After a small segment of CFRP strip was detached from the beam surface, a drop in strength occurred.
With a further increase of load, the remaining bonded part of CFRP and concrete came into action and
beams again started taking the load until the peak moment capacities of the beams was reached. Beam
B1 has the minimum CFRP reinforcement compared to all other beams, and as a result, a sudden drop
in strength was observed due to complete detachment of the CFRP strip from the concrete surface. As
the beams were subjected to further load increments, the strength of beams B1, B2, B3, and B4 became
equal to the control specimen. It showed that the contribution of CFRP reinforcement had completely
gone and only reinforced concrete beam residual strength was in action.

The mid-span bending moment-curvature behaviors of beam CFRP-B5 and CFRP-B6 and the
control specimen C1 are given in Figure 5. In the case of beam CFRP-B5 and CFRP-B6, the external
CFRP flexural reinforcement was doubled compared to beam specimens CFRP-B1, B2, B3, and B4.
Both beams B5 and B6 carry the same flexural reinforcement of 0.75%. However, beam B6 has a 0.38%
shear CFRP reinforcement ratio, whereas beam B5 does not carry any shear reinforcement. Beam
B5 has shown flexural strength of 26.52 kN-m that is 1.5 times higher than the peak strength of the
control specimen (17.73 kN-m). On the other hand, beam B6 has shown a peak strength value of
33.71 kN-m, which is approximately double the strength of the control specimen. Adding 0.38% shear
reinforcement ratio has increased the flexural strength from 26.62 to 33.71 kN-m. The presence of shear
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reinforcement hindered the diagonal shear crack propagation by intercepting their path, and in return,
the moment carrying capacity of beam B6 has improved. The relation of moment-curvature remained
linear prior to reaching the curvature values of 0.002. Beyond this value, a small rise and fall in the
moment values was observed. These falls show the initiation of debonding failure between the CFRP
and the concrete surface on the tension face of the beam.
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Moreover, beam B6 has shown higher deformation or curvature compared to beam B5. For
instance, the peak moment carrying capacity of the beam B5 occurred at a curvature value of 0.0028,
whereas the peak strength of beam B6 was observed at a curvature value of 0.0038. It implies that
the adding shear CFRP reinforcement in the presence of CFRP flexural reinforcement has not only
increased the overall flexural strength of the beam but also the deformation capacity of the beam.

In order to understand the effect of shear reinforcement on the overall strength, a comparison of the
mid-span bending moment-curvature behavior of beam CFRP-B3 and B5 is presented in Figure 6. Both
beams CFRP-B3 and B5 carry an equal amount of overall (flexural plus shear) CFRP reinforcement ratio
of 0.75%. However, in the case of beam B3, half (0.37%) of the total reinforcement (0.75%) was provided
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for flexure and the remainder was used for the shear. In the case of beam B5, the total reinforcement
(0.75%) was provided as the flexural CFRP reinforcement, as given in Table 1. Beam B3 has shown
peak strength of 27.7 kN-m compared to beam B5 that has a peak strength of 26.5 kN-m. Although
a very small increase in overall strength was observed, beam B3 has shown better performance in
terms of deformation capacity. Beam B5 has shown a curvature value 0.0028 at the peak moment of
26.5 kN-m and this was lower than the corresponding curvature value of 0.0035 for beam B3. For both
beams, the debonding of CFRP from the tensile face started at the same curvature level, as indicated
by a small fall in the moment at a curvature of 0.0019. However, the presence of shear strips provided
resistance against shear cracks and improved the overall flexural behavior of beam B3. Moreover,
beam B3 has shown better post-peak behavior compared to beam B5, as the residual strength of beam
B3 was higher than beam B5.
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The test results show that beams with higher CFRP shear reinforcement but with a lower amount
of flexural CFRP reinforcement cannot contribute significantly in terms of the overall strength of the
beam. For instance, group-1 beams had a lower flexural CFRP reinforcement ratio (0.38%) and the
CFRP shear reinforcement was gradually increased from 0.25% to 0.56%. This increase in CFRP shear
reinforcement ratio has increased the strength of beam B1 from 26.6 kN-m to 27.7 kN-m, which is not a
significant contribution. On the other hand, when the flexural reinforcement doubled as in the case of
the group-2 beam (B6), the moment carrying capacity increased to 33.8 kN-m.

5. Analytical Prediction of Beam Capacities

Several researchers compared the experimental and analytical flexural and shear capacities of
different CFRP strengthened RC beams [21–32,37,38]. However, most of them [22,26–28,37] found
close analytical values when ACI 440.2R-08 [33] was used. In the current study, ACI 440.2R-08 [33]
was adopted to analytically obtain the flexural and shear capacities of the beams. The flexural strength
of CFRP strengthened beams depends upon the governing mode of failure. Reinforced concrete beams
strengthened with CFRP can experience three major failure modes: (i) tension failure of CFRP strip; (ii)
debonding of CFRP from the concrete surface; and (iii) the crushing of concrete on the compression
sides. ACI 440.2R-08 [33] considers all three failure modes to satisfy strain compatibility and force
equilibrium conditions.

Figure 7 illustrates the internal strain and stress distribution of a CFRP strengthened rectangular
RC beam under flexure. The ultimate nominal strength of beam (Mn) is obtained by satisfying strain
compatibility and force equilibrium conditions and also considers the governing mode of failure.
Equations (2)–(6) give the flexural or ultimate moment capacity of CFRP strengthened beams. In order
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to check the debonding failure of CFRP strengthened beams, the effective strain in the CFRP strips (ε f )
should be limited to debonding strain level (ε f d), as given by Equation (4).

Mn = As fy

(
d− a

2

)
+ A f f f

(
d f −

a
2

)
(2)

ε f d = 0.41

√
f ′c

nE f t f
≤ 0.9ε f u (3)

ε f = εcu

(d f − c
c

)
≤ ε f d (4)

f f = ε f E f (5)

a = β1c (6)
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According to ACI 440.2R-08, the shear strength of CFRP strengthened beams can be computed by
Equation (7), as follows.

Vn = Vc + Vs + Ψ f Vf (7)

where Vn is the nominal strength of a CFRP strengthened beam, Vs is shear strength provided by the
steel and calculated by ACI 318-08 [34], as given by Equation (8), and Vc is the shear strength provided
by the concrete, which can be computed by ACI 318-08 [34], as given by Equation (9).

Vs =
Av fyd

s
(8)

Vc = 0.17
√

f ′cbwd (9)

where Vf is the shear strength provided by the CFRP shear strips and Ψ f = 0.85 is a reduction factor for
CFRP shear strips applied on the sides of beams. ACI 440.2R-08 [33] recommends Equation (10) to
calculate the shear strength provided by the FRP strips. The effective stress in FRP and area of CFRP in
shear can be calculated by using Equations (11) and (12), respectively. The dimensional variables used
in Equations (10) and (12) can be seen in Figure 8.

Vf =
A f v f f e(sinα + cosα)d f v

s f
(10)

f f e = ε f eE f (11)

A f v = 2nt f w f (12)
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For bonded face plies or CFRP strips, which is a strengthening system that does not enclose the
entire section of the beam, failure of CFRP shear strips is mainly attributed to the delamination of CFRP
from the concrete surface. Due to this reason, the bond stress was analyzed by Triantafillou [39] to
determine the usefulness of these systems and proposed the effective strain level that can be achieved.
The effective strain (ε f e) is calculated using a bond-reduction coefficient kv. Following Equations (13)
and (14) gives the effective strain (ε f e) and bond-reduction coefficient kv. Equations (15)–(17) give the
factors k1, k2, and effective length Le used in Equation (14).

ε f e = kvε f u ≤ 0.004 (13)

kv =
k1k2Le

11, 900ε f u
≤ 0.75 (14)

k1 =

(
f ′c
27

)2/3

(15)
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Table 2 gives a detailed comparison of analytical and experimental load-carrying capacities of
the beam specimens. The control beam did not carry any flexural and shear CFRP reinforcement and
its flexural and shear capacities were computed by ACI 318-08 [34]. The flexural and shear capacities
of the CFRP strengthened beams are calculated by Equations (2) and (7), as recommended by ACI
440.2R [33]. The flexural capacity of the beam is the main function of the amount of CFRP applied at
the tensile face of the beam. As beams B1, B2, B3, and B4 carry the same amount of CFRP flexural
reinforcement ratio, these beams had the same analytical moment capacity of 25.35 kN-m. Similarly,
beam B5 and B6 have the same analytical moment capacity of 33.41 kN-m. On the other hand, the shear
capacity of the CFRP strengthened beams is proportional to the amount of CFRP shear reinforcement.
Due to the different amounts of CFRP shear reinforcement, specimens B1 to B5 have different analytical
shear capacities. However, beam B3 and B6 have the same CFRP shear reinforcement ratio and as a
result, these have the same analytical shear capacities. From the analytical flexural and shear strengths
of beams, their corresponding peak loads Pm for moment and Pv for shear are calculated and presented
in Table 2. For instance, the analytical moment capacity of control beam 17.28 kN-m will result in
the corresponding load capacity of (Pm = Mn×2

L1
) 72.8 kN. The analytical peak load of each beam is

evaluated as the lesser of Pm and Pv, depending upon which type of failure will govern the ultimate
load carrying capacity of the beam. In order to understand the effect of CFRP flexural and shear
reinforcement, the control beam was designed to have the same flexural and shear capacity. However,
the Pm for control beam was slightly lesser than the Pv and it suggests that the dominant mode of
failure in the beam is flexural rather than shear, or it indicates that the flexural failure will occur first,
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followed by the shear failure of the beam specimen. Similarly, in the case of beams B1 to B4 and B6,
flexural failure governed the overall design, and in the case of beam B5 the shear failure governed
the peak load of the beam, as given in Table 2. A comparison of experimental and analytical peak
loads has also been provided in the last column of Table 2. A very close agreement between analytical
and experimental load values was achieved for all of the tested beams. In the case of beam B5, the
difference is slightly more compared to the other beams. The experimental peak load of beam B5 was
slightly higher compared to the analytical load. In reality, the CFRP flexural strip also contributes to
the shear resistance of the beam, so to get closer analytical values requires an accurate prediction of
CFRP flexural strip contribution in shear.

Table 2. Comparison of Experimental and Analytical Failure Loads.

Specimen Analytical Mn
(kN-m) Pm (kN) Analytical Vn

(kN-m) Pv (kN)
Analytical

Peak Load, Pa
(kN)

Experimental
Peak Load, Pe

(kN)
Pa/Pe

C1 17.28 72.8 36.9 73.8 72.8 75.1 0.97
CFRP-B1 25.35 106.7 61.7 115.9 106.7 112 0.95
CFRP-B2 25.35 106.7 75.7 139.7 106.7 116 0.92
CFRP-B3 25.35 106.7 92.8 168.7 106.7 116.6 0.92
CFRP-B4 25.35 106.7 162.8 287.8 106.7 116.8 0.91
CFRP-B5 33.41 140.7 49.3 98.6 98.6 111.7 0.88
CFRP-B6 33.41 140.7 92.8 168.7 140.7 142 0.99

6. Cracking Behavior of Beams

6.1. Control Specimen C-1

Figure 9 shows the fracture behavior of control specimen C-1 at different load levels. Hairline
cracks were observed prior to reaching a moment value of 8.7 kN-m and a displacement value of
3.5 mm. However, with an increase of moment from 8.7 kN-m to 13.1 kN-m, the crack started to
propagate to the compression face of the beam, as shown in Figure 9a. With further increases in load,
the crack further widened and became more prominent, as shown in Figure 9b. The cracks initially
generated vertically at the bottom face of the beam and became inclined with an increase in the depth
of the beam. It shows a flexural failure followed by the shear failure of the beam. A clear wide crack
was observed prior to the failure of the beam at a moment and displacement level of 17.8 kN-m
and 8.78 mm, respectively, as given in Figure 9c. After the peak moment capacity of 17.8 kN-m, the
beam started losing its capacity and load values started decreasing, with a significant increase in the
deformation capacity of the beam. No hairline cracks with uniform spacing were observed at the
bottom section of the beam, which indicates the section was quite weak in strength. Figure 9d shows
the failure pattern of a control specimen prior to the completion of the test. At the deflection level of
12.57 mm, a major wide crack was observed, which had split the beam into two distinct parts.

6.2. Beam CFRP B1

Failure patterns of beam CFRP B1 at different load levels are shown in Figure 10. In the case of
beam B1, the initial minor cracks in the form of diagonal hairline cracks were spotted near the supports
of the beam. These initial hairline cracks started to appear at a deflection value of 5.2 mm, as given in
Figure 10a. With a further increase in the load, the beam started generating the new cracks and existing
cracks were widened further, as shown in Figure 10b. As these cracks appear next to support in the
form of diagonal movement, it confirms the shear dominant failure of the beams. The failure behavior
of beam specimen B1 at the peak moment capacity of 26.6 kN-m and at a defection value of 8.9 mm
is shown in Figure 10c. At a peak moment, cracks cross the FRP shear strip, however, due to higher
shear forces, the existence of CFRP is not able to contribute much toward controlling the failure of the
beam. Figure 10d presents the post-peak failure pattern of the beam at moment and deflection values
of 10.73 kN-m and 17.3 mm, respectively. Beam B1 has only four CFRP shear strips on each face of the
beam, with a higher spacing of CFRP shear strips. None of the CFRP shear strip intercepted the shear
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cracks initiated close to the right support of the beam. Therefore, the crack propagated diagonally to
the compression face of the beam and resulted in the loss of beam strength. A significant amount of
deflection and concrete crushing was observed close to the right support of the beam, which indicates
that the bearing resistance of the beam was reduced and the concrete was finally crushed.
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Figure 9. Failure pattern of control specimen C1 at different load levels.

6.3. Beam CFRP B2

Figure 11 shows the failure patterns of beam CFRP B2 at different load levels. Beam B2 carries
a CFRP flexural reinforcement ratio of 0.38%, which was similar to beam B1, however, the CFRP
shear reinforcement of beam B2 (0.31%) was slightly higher than beam B1 (0.25%). As a result, beam
B2 carries five CFRP strips on each face of the beam, as shown in Figure 11. At a deflection value of
5.2 mm, no significant cracks were observed, however small hairline cracks were observed close to
the left support of the beam, as shown in Figure 11a. A similar kind of pattern was noticed when
the load on beam B2 was further increased until the mid-span deflection became equal to 7.7 mm, as
given in Figure 11b. With a further increase in load, the cracks not only propagated diagonally but
also became wide and visible to the naked eye. Figure 11c gives the cracking pattern of beam B2 at the
peak moment capacity of 27.6 kN-m. Once the peak moment was reached, beam B2 started losing its
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capacity and cracks became more widespread and visible. In the case of beam B2, flexural mode of
beam failure was dominant. Prior to complete failure, the diagonal crack reached the compression
face of the beam and at that point, the beam had a residual moment carrying capacity of 18.9 kN-m, as
shown in Figure 11d.
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6.4. Beam CFRP B3

The graphical and experimental failure patterns of beam B3 are shown in Figure 12. In the case
of beam B3, the shear reinforcement has been increased compared to beam B2, while the external
CFRP flexural reinforcement was kept similar to beam B1 and B2. In beam B3, six shear strips were
provided on each face of the beam, as shown in Figure 12. At a deformation level of 5 mm, a moment
capacity of 18.8 kN-m was observed, which was greater than the moment capacities of beam B1 and
B2, respectively. No significant number of cracks were observed in the case of beam B3, as shown in
Figure 12a. When the load was further increased, very small hairline cracks were observed on the
beams, as given in Figure 12b. Beam B3 showed better behavior compared to beam B1 and B2 at the
deformation level of 7.3 mm. Figure 12c shows the failure behavior of the beam at the peak moment
carrying capacity of 27.7 kN-m. At a peak load, the beam underwent a significant level of cracking
and slight crushing of the concrete was also observed. It shows a flexural failure due to the crushing
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of concrete. However, the crack remained confined between the two FRP strips. The major cracks
were spotted near the left part of the beam. Figure 12d shows the post peak-cracking pattern of beam
B3. The residual strength of beam B3 was close to beam B2; however, the cracks remained restricted
between two CFRP shear strips.
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6.5. Beam CFRP B4

Figure 13 shows the graphical and experimental failure patterns of beam B4 at different load levels.
In the case of beam B4, the CFRP shear reinforcement ratio was increased to 0.56% compared to beam
B3 (0.38%), which resulted in a total of nine CFRP shear strips on each face of the beam. Figure 13a
shows no significant cracks at a deflection value of 5.2 mm. However, when the load was slightly
increased, it resulted in the formation of very small flexural and shear cracks near the mid-span of
the beam, as given in Figure 13b. Beam B4 showed a peak moment capacity of 27.7 kN-m, which is
similar to the moment capacity of beam B3. At the peak load level, the flexural cracks became more
prominent and wider, as shown in Figure 13c. However, these cracks remained confined to the two
CFRP shear strips. The cracks were also very steep compared to beam B1, B2, and B3, respectively.
Figure 13d shows the cracking behavior of the beam at a deflection value of 15.4 mm. At this load
level, the cracks passed through the CFRP shear strips and resulted in debonding of the shear strips
from the concrete surface.
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6.6. Beam CFRP B5

In beam B5, the amount of flexural reinforcement was doubled compared to beam B1, B2, B3,
and B4. However, beam B5 did not contain any external CFRP shear reinforcement. Figure 14a–d
presents the graphical and experimental cracking patterns of beam B5 at different load and deflection
levels. A small number of cracks were observed at a deflection level of 5.2 mm (Figure 14a), which
later on further increased in length and thickness when the deflection value reached 6.59 mm, as
given in Figure 14b. These cracks were a mix of Mode-1 (flexural) and Mode-2 (shear) cracks, as they
resulted from the interaction of bending and shear. Beam B5 has shown a peak moment capacity of
26.5 kN-m, which was greater than control beam but less than the other beams, such as B1, B2, B3, and
B4, respectively. Prior to the peak moment capacity of 26.5 kN-m, a debonding type of failure of CFRP
from the concrete surface was also observed. Figure 14c shows a significant number of cracks in beam
B5, which were considerably wider in nature compared to the cracks that occurred at the deflection
value of 6.59 mm. These cracks became even wider and longer when the deflection was increased and
reached a value of 13.01 mm (Figure 14d).

6.7. Beam CFRP B6

Figure 15 shows the failure pattern of beam B6, which contains both flexural and shear CFRP
reinforcement. The flexural reinforcement of beam B6 was similar to beam B5 (0.75%), with a shear
reinforcement ratio of 0.38%. Like other beams, no significant cracks were observed at a deflection
value of 5.0 mm, as shown in Figure 15a. With a further increase in load and deflection value, small
hairline cracks started appearing closer to the beam support. Figure 15b shows that these cracks were
shear in nature and occurred at a deflection value of 6.94 mm. Beam B6 showed a maximum peak
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strength moment capacity of 33.8 kN-m at a deflection value of 10.8 mm. At this peak point, some of
the CFRP strips were de-bonded from the concrete surface and the cracks further moved diagonally.
Although these cracks were intercepted by the shear CFRP strips, CFRP shear strips could not hinder
their propagation in the diagonal direction, as given in Figure 15c. The final failure of the beam was
mainly due to the crushing of concrete in the compression side of the beam. The post-peak cracking
pattern of beam B6 is presented in Figure 15d. Beam B6 has shown a residual strength of 31.6 kN-m at a
deflection level of 12.1 mm. At a deflection value of 12.1 mm, one of CFRP shear strips was completely
de-bonded and fell apart.
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7. Conclusions

In this research study, a series of four-point bending tests were carried on reinforced concrete
beams which were strengthened with different amounts and layouts of external CFRP flexural and
shear reinforcement ratios. The layout of the CFRP application and the CFRP reinforcement ratio
were the main parameters of the research study. Effects of these parameters were studied in terms
of moment-curvature values, ultimate load carrying capacities, and failure patterns of the beams. A
comparison between experimental and analytical ultimate load carrying capacities of the beams is also
presented in this research study. The reinforced concrete beams were divided into two groups. Beams
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in group 1 had a CFRP flexural reinforcement ratio half of that of group 2 beams. However, the CFRP
shear reinforcement was gradually increased in the reinforced concrete beams. Based on the results
obtained from the experimental study, the following major conclusions are summarized.

• The choice of CFRP flexural reinforcement can influence the failure mode and strength gain of the
RC beams. The ultimate load carrying capacities and the deformation capacities of the beams can
increase to a certain level by increasing flexural or shear CFRP reinforcement. For this reason, a
better understanding of beam governing mode of failure is necessary. For instance, a beam which
is over-reinforced in flexure may result in the shear failure of the beam.

• Increasing the external CFRP shear reinforcement in reinforced concrete beams that have less
flexural reinforcement did not result in a significant increase in strength. It was also observed that
increasing CFRP flexural reinforcement in absence of external CFRP shear reinforcement did not
result in a significant increase in strength.

• It was noted that the failure modes of the beams were highly dependent on the CFRP reinforcement
layout. For the beams that had higher spacing between CFRP shear strips or no shear
reinforcement, the failure occurred near the supports, in terms of diagonal shear cracks having a
smaller angle of occurrence. On the other hand, for the beams that had smaller spacing between
CFRP shear strips, the cracks that appeared were found to be steep and remained confined within
the CFRP shear strips. The presence of CFRP shear strips hindered crack propagation, as well as
resisted beam deformations.

• The flexural failure of the beams was initiated due to debonding of CFRP strips from the tensile
face of the beams. The delamination of CFRP flexural strips started from the mid-span of the
beam and moved laterally to the support, proving a bearing failure of the beam.

• The analytical procedure proposed by ACI R440.2-08 [33] was used to predict the moment and
shear capacities of simply supported CFRP strengthened beams and a good agreement between
the experimental and analytical ultimate load carrying capacities of the beam was obtained.
Therefore, ACI 440.2R-08 [33] can be effectively used for the design and evaluation purposes of
CFRP strengthened reinforced concrete beams.
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Abbreviations

Af area of FRP external reinforcement, (mm2)
Afv area of FRP shear reinforcement with spacing, (mm2)
As area of non-prestressed steel reinforcement, (mm2)
a depth of Whitney’s stress diagram, (mm)
bw web width or diameter of circular section, (mm)

c
distance from extreme compression fiber to the neutral axis, (mm), c = 3/8 d for tension controlled
failure of beams
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d distance from extreme compression fiber to centroid of tension reinforcement, (mm)
df effective depth of FRP flexural reinforcement, (mm)
dfv effective depth of FRP shear reinforcement, (mm)
Ef tensile modulus of elasticity of FRP, (MPa)
f ′c specified compressive strength of concrete, (MPa)
ff effective flexural stress in the FRP; stress level attained at section failure, (MPa)
ffe effective shear stress in the FRP; stress level attained at section failure, (MPa)
fy specified yield strength of non-prestressed steel reinforcement, (MPa)
h overall thickness or height of a member, (mm)
k1 modification factor applied to κv to account for concrete strength
k2 modification factor applied to κv to account for wrapping scheme
Le active bond length of FRP laminate, (mm)
M applied moment using testing machine
Mn nominal flexural strength, (N-mm)
n number of or strips of FRP reinforcement
Pm peak load of the beam calculated from nominal moment capacity of the beam
Pv peak load of the beam calculated from nominal shear capacity
Pa peak load of the beam determined analytically
Pe peak load of the beam determined experimentally
tf nominal thickness of one ply of FRP reinforcement, (mm)
Vc nominal shear strength provided by concrete with steel flexural reinforcement, (N)
Vf nominal shear strength provided by FRP stirrups, (N)
Vn nominal shear strength, lb (N)
Vs nominal shear strength provided by steel stirrups, (N)
wf width of FRP reinforcing plies, (mm)

β1
ratio of depth of equivalent rectangular stress block to depth of the neutral axis for f ′c = 28 MPa,
β1 = 0.85

εcu

ultimate axial strain of unconfined concrete corresponding to 0.85fc′ or maximum usable strain of
unconfined concrete (mm/mm), which can occur at 0.85fc′ or 0.003, depending on the obtained
stress-strain curve

εfd debonding strain of externally bonded FRP reinforcement, (mm/mm)
εf Effective flexural strain level in FRP reinforcement attained at failure, (mm/mm)
εfe effective shear strain level in FRP reinforcement attained at failure, (mm/mm)
εfu design rupture strain of FRP reinforcement, (mm/mm)
κv bond-dependent coefficient for shear

ψf
FRP strength reduction factor, 0.85 for shear (based on reliability analysis) for three-sided FRP
U-wrap or two-sided strengthening schemes

δ mid span deflection of beam
ϕ curvature of the beam
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