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Abstract: The simple and robust log-likelihood ratio (LLR) computation of coded Multiple Phase
Shift Keying (MPSK) signals in Wireless Sensor Networks (WSNs) is considered under both phase
noncoherent and Rayleigh fading channels for healthcare applications. We first simplify the optimal
LLR for phase noncoherent channel, the estimation of the instantaneous channel state information
(CSI) for both the fading amplitude and the additive white Gaussian noise (AWGN) is successfully
avoided, and the complexity-intensive process for zero-order Bessel function of the first kind is
also perfectly eliminated. Furthermore, we also develop the simplified LLR under Rayleigh fading
channel. Correspondingly, the variance estimation for both AWGN and the statistical characteristic
of the fading amplitude is no longer required, and the complicated process for implementation of
the exponential function is also successfully avoided. Compared to the calculation of optimal LLR
with full complexity, the proposed method is implementation-friendly, which is practically desired
for energy-limited WSNs. The simulations are developed in the context of low-density parity-check
(LDPC) codes, and the corresponding results show that the detection performance is extremely
close to that of the full-complexity LLR metrics. That is, the performance degradation is efficiently
prevented, whereas complexity reduction is also successfully achieved.

Keywords: IEEE 802.15.4c; coded multiple phase shift keying; noncoherent detection; channel
state information

1. Introduction

The rapid development of modern information and communication technologies,
such as the Internet of Things, wireless communication, and cloud [1–5], makes remote
healthcare, or tele-healthcare, simpler than before, as shown in Figure 1. In recent years,
wireless sensor networks (WSNs) have matured to be used to improve quality of life,
which is regarded as one of the key research fields in the healthcare application industry
and has attracted more and more attention [6–13]. It is well known that, sensor nodes in
WSNs generally adopt small embedded devices such as some wearable devices, and the
battery power carried by a single node is limited. In the complex medical information
environment, the application of WSNs is usually oriented to some large-scale monitoring
fields, which is necessary to collect massive amounts of monitoring data. In order to
realize the effective data acquisition of WSNs, it is very important to reduce the energy
consumption of nodes. Multiple Phase Shift keying (MPSK) is provided in IEEE 802.15.4c
standard [14,15]. Detection of coded MPSK signal has important research and application
value by improving transmission efficiency, reducing the energy consumption of node
transmission and improving the life cycle of healthcare network.
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Figure 1. Wireless smart framework for transmission of home healthcare information.

In the literature, much progress has been achieved regarding the detection of coded
MPSK signals. The work in [16] proposes a simplified soft decision metric for MPSK
without the noise variance knowledge, and no performance loss is observed. In [17], the
iterative decoding of LDPC coded MPSK is considered over time correlated Rayleigh fading
channels. However, this research is developed under a coherent channel, which is clearly
not suitable for our purposes. Under a phase noncoherent channel, the pilot-aided LLR for
LDPC coded MPSK orthogonal frequency division multiplexing transmission is developed
in [18]. However, it cannot be directly tailored for WSNs, wherein much attention is paid
to low complexity, low cost, low power consumption. It is notable that much focus on the
detection of uncoded binary phase shift keying (BPSK) signals in IEEE 802.15.4 WSNs has
been witnessed in recent years [19–23]. Multiple-symbol detection (MSD) scheme for offset
quadrature phase shift keying (O-QPSK) receivers is also considered in [24–27]. However,
all of these are developed without channel coding.

In this work, we propose simple bit LLR calculation schemes for coded MPSK signals.
Unlike the traditional noncoherent detection scheme which was equipped with an LLR
extraction scheme with high complexity to achieve the best possible reliability, we pay
all of our attention towards the simple design to balance complexity and reliability. We
summarize our main contributions as follows.

• As a benchmark, the optimal bit LLR under a phase noncoherent channel is first given.
For this scheme, both zero-order Bessel function and perfect instantaneous fading
amplitude is involved. Thus, we propose a simple calculation configuration without
CSI, which greatly simplifies the optimal scheme.

• The optimal bit LLR under a Rayleigh fading channel is also given, wherein we assume
that the statistical characteristic of the fading amplitude is available. In this context,
the variance estimation for both additive white Gaussian noise (AWGN) and the
statistical characteristic of the fading amplitude is involved, and extensive exponential
operation is also unavoidable. A simple calculation scheme is then developed.

• We find that the decision statistic is exactly the same under both phase noncoherent
channels and the Rayleigh fading channel when no coding is considered, and no
contribution from the fade amplitude and the variance of the AWGN noise is observed
in this decision statistic. We also find that the CSI can be perfectly avoided in the bit
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LLR calculation when channel coding is considered if the approximation is ingeniously
designed and implemented to the optimal LLR.

• In order to verify the desirable properties of our proposed simple schemes, the charac-
teristics of the receiver are studied from many aspects with extensive simulations.

We organize the rest of this paper as follows. Section 2 focuses on the system model
under the fading channel. Section 3 introduces the LLR calculation under the phase
noncoherent channel. In this case, the instantaneous fading amplitude is assumed to be
available and known exactly at the receiver. Further relaxing this restriction, Section 4
concentrates on LLR calculation when the statistical characteristic for the fading amplitude
is available at the receiver. The simulation results are discussed in Section 5. Finally, some
conclusions and future work are provided in Section 6.

2. System Mode

Consider the transmission system depicted in Figure 2. The bit sequence a is encoded
to generate the coded sequence c. After interleaving, every four bits from d are finally
mapped into a 16-bit chip sequence S. Here, the modulation scheme is MPSK, and the
Rayleigh fading channel is considered. Specifically, within N symbol intervals, the complex
baseband received chip sequence R can be given as follows:

R = (r1, r2, · · · , rN), (1)

where rk = (rk,1, rk,2, · · · , rk,16) and 1 ≤ k ≤ N. Here, rk,i = ρk,isy,iejθk,i + ηk,i and
1 ≤ i ≤ 16 .

{
sy,i, 1 ≤ i ≤ 16

}
represents the spreading sequence sy, which are selected

from Λ =
{

sy, 1 ≤ y ≤ 16
}

as depicted in Table 1. ρk,i and θk,i denote the fading amplitude
and phase, respectively. ηk,i is a discrete, cyclic symmetric, complex Gaussian random
process with zero mean and variance σ2.

Encoder
Bit-to-symbol and 

Symbol-to-chip Mapping

MPSK         

Modulation

Decoder
Optimal LLR           

Computation

Interleaving

De-interleaving

a c d

â R
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Figure 2. Traditional optimal noncoherent detection of coded MPSK in WSNs. ρk,i is the fading
amplitude, θk,i is the fading phase, and ηk,i denotes the complex AWGN.

We assume that the fading amplitude ρk,i and phase θk,i are unknown and random at
the receiver, but are constant for some specified time period [19]. In other words, we make
a piecewise constant approximation to these parameters, which is ρk,i = ρ, and θk,i = θ. In
addition, ρ follows the Rayleigh distribution, and θ is uniformly distributed in the interval
(−π, π).
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Table 1. Symbol-to-chip mapping for MPSK.

Spreading Sequence sy bm, 0 ≤ m ≤ 3 Chip Phases for sy=
(
sy,1, sy,2, ..., sy,15, sy,16

)
s1 0000 0, π

16 , π
4 , 9π

16 , π,− 7π
16 , π

4 ,− 15π
16 , 0,− 15π

16 , π
4 ,− 7π

16 , π, 9π
16 , π

4 , π
16

s2 1000 π
16 , 0, π

16 , π
4 , 9π

16 , π,− 7π
16 , π

4 ,− 15π
16 , 0,− 15π

16 , π
4 ,− 7π

16 , π, 9π
16 , π

4
s3 0100 π

4 , π
16 , 0, π

16 , π
4 , 9π

16 , π,− 7π
16 , π

4 ,− 15π
16 , 0,− 15π

16 , π
4 ,− 7π

16 , π, 9π
16

s4 1100 9π
16 , π

4 , π
16 , 0, π

16 , π
4 , 9π

16 , π,− 7π
16 , π

4 ,− 15π
16 , 0,− 15π

16 , π
4 ,− 7π

16 , π

s5 0010 π, 9π
16 , π

4 , π
16 , 0, π

16 , π
4 , 9π

16 , π,− 7π
16 , π

4 ,− 15π
16 , 0,− 15π

16 , π
4 ,− 7π

16
s6 1010 − 7π

16 , π, 9π
16 , π

4 , π
16 , 0, π

16 , π
4 , 9π

16 , π,− 7π
16 , π

4 ,− 15π
16 , 0,− 15π

16 , π
4

s7 0110 π
4 ,− 7π

16 , π, 9π
16 , π

4 , π
16 , 0, π

16 , π
4 , 9π

16 , π,− 7π
16 , π

4 ,− 15π
16 , 0,− 15π

16
s8 1110 − 15π

16 , π
4 ,− 7π

16 , π, 9π
16 , π

4 , π
16 , 0, π

16 , π
4 , 9π

16 , π,− 7π
16 , π

4 ,− 15π
16 , 0

s9 0001 0,− 15π
16 , π

4 ,− 7π
16 , π, 9π

16 , π
4 , π

16 , 0, π
16 , π

4 , 9π
16 , π,− 7π

16 , π
4 ,− 15π

16
s10 1001 − 15π

16 , 0,− 15π
16 , π

4 ,− 7π
16 , π, 9π

16 , π
4 , π

16 , 0, π
16 , π

4 , 9π
16 , π,− 7π

16 , π
4

s11 0101 π
4 ,− 15π

16 , 0,− 15π
16 , π

4 ,− 7π
16 , π, 9π

16 , π
4 , π

16 , 0, π
16 , π

4 , 9π
16 , π,− 7π

16
s12 1101 − 7π

16 , π
4 ,− 15π

16 , 0,− 15π
16 , π

4 ,− 7π
16 , π, 9π

16 , π
4 , π

16 , 0, π
16 , π

4 , 9π
16 , π

s13 0011 π,− 7π
16 , π

4 ,− 15π
16 , 0,− 15π

16 , π
4 ,− 7π

16 , π, 9π
16 , π

4 , π
16 , 0, π

16 , π
4 , 9π

16
s14 1011 9π

16 , π,− 7π
16 , π

4 ,− 15π
16 , 0,− 15π

16 , π
4 ,− 7π

16 , π, 9π
16 , π

4 , π
16 , 0, π

16 , π
4

s15 0111 π
4 , 9π

16 , π,− 7π
16 , π

4 ,− 15π
16 , 0,− 15π

16 , π
4 ,− 7π

16 , π, 9π
16 , π

4 , π
16 , 0, π

16
s16 1111 π

16 , π
4 , 9π

16 , π,− 7π
16 , π

4 ,− 15π
16 , 0,− 15π

16 , π
4 ,− 7π

16 , π, 9π
16 , π

4 , π
16 , 0

3. LLR Calculation under Phase Noncoherent Channel

Assume that the fading phase is not known at the receiver, and the statistical average of
this random phase is considered to eliminate the impact on our detection. Before launching
the LLR calculation for decoding, it is instructive to point out the detection when no coding
is considered. In this context, only the likelihood probability is required where the ith
received chip sample of the kth symbol period is given by

rk,i = ρsy,iejθ + ηk,i. (2)

Then, the likelihood probability in N symbol periods can be expressed as [28]:

p(R|S, θ )=
N

∏
k=1

16

∏
i=1

p
(
rk,i
∣∣sy,i, θ

)
=

1(√
2πσ

)16N exp
(
−‖ R− ρSejθ‖2

2σ2

)
, 1 ≤ y ≤ 16 (3)

where

‖ R− ρSejθ‖2=
N

∑
k=1

16

∑
i=1

∣∣∣rk,i − ρsy,iejθ
∣∣∣2 (4)

After a simple analysis, we can express (4) in a more detailed form as follows [28]:

‖ R− ρSejθ‖2 = ‖ R‖2 + ρ2‖ S‖2 − 2ρRe
{

RTS∗
}

ej(θ−β)

=
N

∑
k=1

16

∑
i=1

[∣∣rk,i
∣∣2 + ρ2

∣∣∣sy,i

∣∣∣2]− 2ρRe

{
N

∑
k=1

16

∑
i=1

rk,is
∗
y,i

}
cos θ

− 2ρIm

{
N

∑
k=1

16

∑
i=1

rk,is
∗
y,i

}
sin θ

=
N

∑
k=1

16

∑
i=1

[∣∣rk,i
∣∣2 + ρ2

∣∣∣sy,i

∣∣∣2]− 2ρ

∣∣∣∣∣ N

∑
k=1

16

∑
i=1

rk,is
∗
y,i

∣∣∣∣∣ cos(θ − β)

(5)
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where

β = tan−1 Im
{

RTS∗
}

Re
{

RTS∗
} (6)

As θ is assumed to be uniformly distributed, then the probability density function of
R given the transmitted symbol sequence S can be given as

p(R|S )=
∫ π

−π
p(R|S, θ )p(θ)dθ

=
1(√

2πσ
)16N exp

[
− 1

2σ2

N

∑
k=1

16

∑
i=1

[∣∣rk,i
∣∣2 + ρ2

∣∣∣sy,i

∣∣∣2]]I0

(
ρ

σ2

∣∣∣∣∣ N

∑
k=1

16

∑
i=1

rk,is
∗
y,i

∣∣∣∣∣
)

=
1(√

2πσ
)16N exp

[
−〈R, R∗〉

2σ2

]
exp

[
−〈S, S∗〉

2σ2 ρ2
]

I0

(
|〈R, S∗〉|

σ2 ρ

)

∼ I0

(
|〈R, S∗〉|

σ2 ρ

)
∼ |〈R, S∗〉|

(7)

where I0(·) is the zeroth order modified Bessel function of the first kind, ∗ represents the
conjugation operation, and 〈·, ·〉 denotes the correlation operation.

As shown in (7), a decision metric in conjugate correlation form is achieved when no
coding is considered. The amplitude information for the fading channel is not required
at the receiver, although we assume that perfect acquisition of this instantaneous CSI is
available. Furthermore, the CSI for the AWGN channel can also be avoided. This follows
from the fact that no contribution from the fade amplitude ρ and the variance σ2 is observed
in the decision metric given in (7). Next, we will focus on the LLR calculation when coding
is involved. Specifically, we consider (a) an AWGN channel with perfect CSI, i.e., perfect
knowledge of the variance σ2 is available at the receiver, and (b) an AWGN channel without
CSI, i.e., no knowledge of the variance σ2 is available. In the first case, we will develop the
optimal LLR calculation with full complexity. Clearly, in the second case, we will be given
a simplified LLR calculation form without CSI.

According to (7), the LLR can be expressed as [29]:

ζm = ln
p(cm=0|R )

p(cm= 1|R )
= ln

∑
Sy :cm=0

p(R|S )

∑
Sy :cm=1

p(R|S )

= ln

∑
Sy :cm=0

I0

(
ρ

σ2

∣∣∣∣ N
∑

k=1

16
∑

i=1
rk,is∗y,i

∣∣∣∣)
∑

Sy :cm=1
I0

(
ρ

σ2

∣∣∣∣ N
∑

k=1

16
∑

i=1
rk,is∗y,i

∣∣∣∣)

= ln

∑
Sy :cm=0

I0

(
ρ

σ2 |〈R, S∗〉|
)

∑
Sy :cm=1

I0

(
ρ

σ2 |〈R, S∗〉|
) , m ∈ {0, 1, · · · , 4N − 1}

(8)

Here, we introduce a method for extracting the bit LLR under the fading channels with
perfect CSI, and then soft decision decoding can be used to improve receiver performance.
However, there are still shortcomings of this scheme. First, the zero-order Bessel function is
involved, and the resource consumption (implementation complexity, storage space, energy
consumption, and delay) is relatively large, especially when the observation interval N is
large. Second, in order to obtain the bit LLR information, the receiver needs to accurately
estimate the CSI. An inaccurate estimation of the CSI would cause a serious deterioration
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in the subsequent decoding. That is, robustness to CSI is insufficiency. Therefore, in the
following, we further turn our attention towards developing a bit LLR extraction scheme
under multiple observation intervals with low complexity and no CSI.

First, calculate the decision metric for each symbol:

Vk,y =

∣∣∣∣∣ 16

∑
i=1

rk,is∗y,i

∣∣∣∣∣
2

, 1 ≤ y ≤ 16, 1 ≤ k ≤ N (9)

Secondly, the maximum and two submaximal metrics for each symbol are recorded as
follows [30]:

Vk,ŷ1 = max
1≤y≤16

{
Vk,y

}
, 1 ≤ k ≤ N (10)

Vk,ŷ2 = max
1≤y≤16,y 6=ŷ1

{
Vk,y

}
, 1 ≤ k ≤ N (11)

Vk,ŷ3 = max
1≤y≤16,y 6={ŷ1,ŷ2}

{
Vk,y

}
, 1 ≤ k ≤ N (12)

The LLR in (8) is finally simplified as

ζm = ln

∑
Sy :cm=0,l

I0

(
ρ

σ2

∣∣∣∣ N
∑

k=1
wk,ŷl

∣∣∣∣)
∑

Sy :cm=1,l
I0

(
ρ

σ2

∣∣∣∣ N
∑

k=1
wk,ŷl

∣∣∣∣) , l ∈ {1, 2, 3}, m ∈ {0, 1, · · · , 4N − 1} (13)

where wk,ŷl
=

16
∑

i=1
rk,is∗ŷl , i, and ŷl is given in (10) to (12).

As shown in (13), the calculation number for I0(x) is successfully reduced. However,
the implementation for I0(x) is also complicated for the receiver in WSN. Consequently,
we will focus our attention on the simplification of I0(x). As shown in Figure 3, I0(x)

increases rapidly with the increase in x, and the main influence of ∑
Sy

I0

(
ρ

σ2

∣∣∣∣ N
∑

k=1
wk,ŷl

∣∣∣∣) can

be determined by I0

(
max

Sy

[
ρ

σ2

∣∣∣∣ N
∑

k=1
wk,ŷl

∣∣∣∣]
)

. Therefore, we can modify (13) as

ζm ≈ ln

I0

(
max

Sy :cm=0,l

[
ρ

σ2

∣∣∣∣ N
∑

k=1
wk,ŷl

∣∣∣∣]
)

I0

(
max

Sy :cm=1,l

[
ρ

σ2

∣∣∣∣ N
∑

k=1
wk,ŷl

∣∣∣∣]
) (14)

Under low SNR, taking the first two items of Taylor series expansion for I0(·) [31],
(14) can be simplified as

ζm ≈ ln

1 + ρ2

4σ4

[
max

Sy :cm=0,l

(∣∣∣∣ N
∑

k=1
wk,ŷl

∣∣∣∣)
]2

1 + ρ2

4σ4

[
max

Sy :cm=1,l

(∣∣∣∣ N
∑

k=1
wk,ŷl

∣∣∣∣)
]2 (15)
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Note that when z→ 0, ln(1 + z) ≈ z, and ln (1+z1)
(1+z2)

≈ z1−z2. Then, (15) can be further
simplified to

ζm ≈
ρ2

4σ4


[

max
Sy :cm=0,l

(∣∣∣∣∣ N

∑
k=1

wk,ŷl

∣∣∣∣∣
)]2

−
[

max
Sy :cm=1,l

(∣∣∣∣∣ N

∑
k=1

wk,ŷl

∣∣∣∣∣
)]2

 (16)

0 0.5 1 1.5 2 2.5 3 3.5 4 4.5 5
x

0

5

10

15

20

25

30

y y=I
0
(x)

Figure 3. Bessel function I0.

In (16), ρ2

4σ4 is a constant term. If the min-sum (MS) algorithm for LDPC code or the
soft output Viterbi algorithm (SOVA) algorithm for the convolutional code is considered,

removing ρ2

4σ4 will not affect the decoding result. Therefore, after eliminating ρ2

4σ4 in (16),
the LLR can be given as follows:

ζm ≈
[

max
Sy :cm=0,l

(∣∣∣∣∣ N

∑
k=1

wk,ŷl

∣∣∣∣∣
)]2

−
[

max
Sy :cm=1,l

(∣∣∣∣∣ N

∑
k=1

wk,ŷl

∣∣∣∣∣
)]2

, (17)

where l ∈ {1, 2, 3}, m ∈ {0, 1, · · · , 4N − 1}.

4. LLR Calculation under Rayleigh Fading Channel

As shown in Section 3, we assume that the instantaneous amplitude information
for the fading channel is available, and a phase noncoherent channel is considered. In
this section, we will relax this condition and assume that only the statistical characteristic
for the fading amplitude is available. Note that the main problem for the receiver now
becomes to how to exploit this statistical information, thereby optimizing the design and
then coming up with a detection scheme. In this context, the statistical average is also
considered to eliminate the impact on the detection, which is similar to the method we
adopted in Section 3. In particular, the PDF of ρ is known as the Rayleigh distribution:

p(ρ)=
ρ

σ2
ρ

exp

(
− ρ2

2σ2
ρ

)
, ρ ≥ 0 (18)
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The likelihood function p(R|S ) can be easily specialized as [28]

p(R|S )=
∫ ∞

0 p(R|S, ρ )p(ρ)dρ

=
∫ ∞

0
1

(
√

2πσ)
16N exp

[
− 1

2σ2

N
∑

k=1

16
∑

i=1

[∣∣rk,i
∣∣2 + ρ2

∣∣∣sy,i

∣∣∣2]]I0

(
ρ
σ2

∣∣∣∣ N
∑

k=1

16
∑

i=1
rk,is∗y,i

∣∣∣∣) ρ
σ2

ρ
exp

[
− ρ2

2σ2
ρ

]
dρ

= 1
σ2

ρ (
√

2πσ)
16N exp

−
N
∑

k=1

16
∑

i=1
|rk,i |2

2σ2

 ∫ ∞
0 ρ exp

− σ2
ρ

N
∑

k=1

16
∑

i=1
|sy,i|2+σ2

2σ2σ2
ρ

ρ2

I0


∣∣∣∣ N

∑
k=1

16
∑

i=1
rk,is∗y,i

∣∣∣∣
σ2 ρ

dρ

= 1
σ2

ρ (
√

2πσ)
16N exp

[
− 〈R,R∗〉

2σ2

] ∫ ∞
0 ρ exp

[
− σ2

ρ 〈S,S∗〉+σ2

2σ2σ2
ρ

ρ2
]

I0

(
|〈R,S∗〉|

σ2 ρ
)

dρ

(19)

Note that statistical average is utilized in (19) to eliminate the randomness of the fade
amplitude ρ. Furthermore, considering the following result [32]:

∫ ∞

0
u exp

[
−bu2

]
I0(cu)du =

1
2b

exp
(

c2

4b

)
, (20)

we can immediately develop the likelihood function p(R|S ) in an explicit form as:

p(R|S ) = σ2(√
2πσ

)16N
(

σ2
ρ

N
∑

k=1

16
∑

i=1

∣∣sy,i
∣∣2 + σ2

)

× exp

−
N
∑

k=1

16
∑

i=1

∣∣rk,i
∣∣2

2σ2

 exp


∣∣∣∣ N

∑
k=1

16
∑

i=1
rk,is∗y,i

∣∣∣∣2σ2
ρ

2σ2
(

σ2
ρ

N
∑

k=1

16
∑

i=1

∣∣sy,i
∣∣2 + σ2

)


=
σ2(√

2πσ
)16N(

σ2
ρ 〈S, S∗〉+ σ2

) exp
[
−〈R, R∗〉

2σ2

]
exp

 |〈R, S∗〉|2σ2
ρ

2σ2
(

σ2
ρ 〈S, S∗〉+ σ2

)


∼ exp

 |〈R, S∗〉|2σ2
ρ

2σ2
(

σ2
ρ 〈S, S∗〉+ σ2

)


∼ |〈R, S∗〉|2

(21)

The LLR can be then easily expressed as

ςm = ln
p(cm=0|R )

p(cm= 1|R )
= ln

∑
Sy :cm=0

p(R|S )

∑
Sy :cm=1

p(R|S ) = ln

∑
Sy :cm=0

exp


∣∣∣∣ N

∑
k=1

16
∑

i=1
rk,is∗y,i

∣∣∣∣2σ2
ρ

2σ2
(

σ2
ρ

N
∑

k=1

16
∑

i=1
|sy,i|2+σ2

)


∑
Sy :cm=1

exp


∣∣∣∣ N

∑
k=1

16
∑

i=1
rk,is∗y,i

∣∣∣∣2σ2
ρ

2σ2
(

σ2
ρ

N
∑

k=1

16
∑

i=1
|sy,i|2+σ2

)


= ln

∑
Sy :cm=0

exp
(

|〈R,S∗〉|2σ2
ρ

2σ2(σ2
ρ 〈S,S∗〉+σ2)

)
∑

Sy :cm=1
exp

(
|〈R,S∗〉|2σ2

ρ

2σ2(σ2
ρ 〈S,S∗〉+σ2)

) , m ∈ {0, 1, · · · , 4N − 1}

(22)
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As shown in (22), the implementation process for the LLR is complicated, especially
when the observation interval N is large. Using (10), (11), and (12), (22) can be simplified as:

ςm ≈ ln

∑
Sy :cm=0,l

exp


∣∣∣∣ N

∑
k=1

wk,ŷl

∣∣∣∣2σ2
ρ

2σ2
(

σ2
ρ

N
∑

k=1

16
∑

i=1
|sy,i|2+σ2

)


∑
Sy :cm=1,l

exp


∣∣∣∣ N

∑
k=1

wk,ŷl

∣∣∣∣2σ2
ρ

2σ2
(

σ2
ρ

N
∑

k=1

16
∑

i=1
|sy,i|2+σ2

)


= ln

∑
Sy :cm=0,l

exp


∣∣∣∣ N

∑
k=1

wk,ŷl

∣∣∣∣2σ2
ρ

2σ2(σ2
ρ 〈S,S∗〉+σ2)


∑

Sy :cm=1,l
exp


∣∣∣∣ N

∑
k=1

wk,ŷl

∣∣∣∣2σ2
ρ

2σ2(σ2
ρ 〈S,S∗〉+σ2)


, l ∈ {1, 2, 3}, m ∈ {0, 1, · · · , 4N − 1}

(23)

Obviously, the next task is how to simplify the exponential operation in (23). Directly
following the fact that [33]

ln
[
exp(δ1) + · · ·+ exp

(
δJ
)]
≈ ln

{
max

[
exp(δ1), · · · , exp

(
δJ
])}

= max
[
ln exp(δ1), · · · , ln exp

(
δJ
)]

= max
(
δ1, · · · , δJ

)
,

(24)

(23) can be further simplified as:

ςm ≈
σ2

ρ

2σ2
(

σ2
ρ

N
∑

k=1

16
∑

i=1

∣∣sy,i
∣∣2 + σ2

)
 max

Sy :cm=0,l

∣∣∣∣∣ N

∑
k=1

wk,ŷl

∣∣∣∣∣
2

− max
Sy :cm=1,l

∣∣∣∣∣ N

∑
k=1

wk,ŷl

∣∣∣∣∣
2


=
σ2

ρ

2σ2
(

σ2
ρ 〈S, S∗〉+ σ2

)
 max

Sy :cm=0,l

∣∣∣∣∣ N

∑
k=1

wk,ŷl

∣∣∣∣∣
2

− max
Sy :cm=1,l

∣∣∣∣∣ N

∑
k=1

wk,ŷl

∣∣∣∣∣
2
 ,

(25)

where l ∈ {1, 2, 3}, m ∈ {0, 1, · · · , 4N − 1}.
After eliminating the constant term

σ2
ρ

2σ2
(

σ2
ρ

N
∑

k=1

16
∑

i=1
|sy,i|2+σ2

) in (25), the LLR can be

obtained:

ςm = max
Sy :cm=0,l

∣∣∣∣∣ N

∑
k=1

wk,ŷl

∣∣∣∣∣
2

− max
Sy :cm=1,l

∣∣∣∣∣ N

∑
k=1

wk,ŷl

∣∣∣∣∣
2

, l ∈ {1, 2, 3}, m ∈ {0, 1, · · · , 4N − 1} (26)

Comparing (21) with (7), we find that when there is no coding, the decision statistics are
|〈R, S〉| and |〈R, S〉|2 respectively, which are obviously equivalent. Therefore, the decision
result is not affected by the fading multiplicative ρ without coding.
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5. Numerical Results and Discussion

In this section, we analyze the performance of the proposed scheme from multiple
dimensions by simulating the bit error rate (BER), symbol error rate (SER) and packet
error rate (PER) performance, variance, and phase robustness of different schemes, as well
as the complexity of the numerical calculation process. Note that in our simulation, the
MPSK modulation is used, the (1008, 504) LDPC code shown in Figure 4 is considered, and
the code rate is 0.5. The sum-product algorithm (SPA) or MS algorithm is considered for
decoding [34], and the maximum number of iterations is set to 10. The detailed simulation
parameters are shown in Table 2. For all the simulation results, we simulated enough
symbols for each Eb/N0 to collect at least 3000 symbol errors.

Table 2. Parameters used in simulations.

Parameter Detailed Description

Channel condition phase noncoherent or Rayleigh fading
Power of the complex AWGN 1/SNR

Timing synchronization Perfect
LDPC code PEGReg (1008, 504)
Code rate 0.5

Degree distribution (3, 6)
Data modulation MPSK

Symbols 16-ary orthogonal
Payload length of PPDU (bits) 504

Spreading factor 16
Chip rate (Mchip/s) 1
Symbol rate (ks/s) 62.5

Binary data rate (kb/s) 250
Carrier frequency (MHz) 786

fading phase θ (rads) Uniform distribution in (−π, π)
PN length 16

fading amplitude ρ Rayleigh distribution

0 168 336 504 672 840 1008

0

168

336

504

Figure 4. H matrix of (1008, 504) LDPC code.

5.1. The Influence of the Maximum Iteration Number on Detection Performance

In a phase noncoherent channel with different iteration numbers, the BER, SER, and
PER performance of the exact LLR in (8) are shown in Figure 5, where ρ = 1, N = 1. It can
be seen from Figure 5 that when the maximum number of iterations is increased from 1 to 25,
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the BER, SER, and PER performance can be improved under fading channels. In particular,
as shown in Figure 5a, when BER = 1 × 10−5, as the maximum number of iterations
increases from one to three, the SNR gain is approximately 2 dB; when the maximum
number of iterations is increased from three to five, the SNR gain is approximately 0.6 dB;
when the maximum number of iterations is increased from five to eight, the SNR gain is
approximately 0.3 dB; when the number of iterations is increased from eight to ten, the
SNR gain is about 0.1 dB. Furthermore, after eight iterations, the performance can meet the
requirement of the receiver. Additionally, the improvement is so small when the iteration
ranges from 10 to 25 that we set the maximum number of iterations to be 10.

3.4 4 4.6 5.2 5.8 6.4 7 7.6 8.2
SNR per bit E

b
/N

0
 (dB)

10-6

10-4

10-2

100

B
E

R

Iteration 1
Iteration 3
Iteration 5
Iteration 8
Iteration 9
Iteration 10
Iteration 25

(a)

3.4 4 4.6 5.2 5.8 6.4 7 7.6 8.2
SNR per bit E

b
/N

0
 (dB)

10-4

10-3

10-2

10-1

100

SE
R

Iteration 1
Iteration 3
Iteration 5
Iteration 8
Iteration 9
Iteration 10
Iteration 25

(b)

Figure 5. Cont.
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3.4 4 4.6 5.2 5.8 6.4 7 7.6 8.2
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Iteration 5
Iteration 8
Iteration 9
Iteration 10
Iteration 25

(c)

Figure 5. Under phase noncoherent channel with perfect CSI, the impact of the maximum number of
iterations of the LDPC decoder on the detection performance, where ρ = 1. (a) BER performance;
(b) SER performance; and (c) PER performance.

5.2. Detection Performance under Phase Noncoherent Channel

Under phase noncoherent channel, the BER, PER, and SER performance of the pro-
posed simplified scheme, uncoded scheme, and the exact LLR scheme are verified, where
ρ = 1, N = 1. As can be seen from Figure 6, compared with the uncoded scheme, the
detection performance of the coding scheme is significantly improved. In addition, the
performance of the simplified LLR scheme is extremely close to that of the exact LLR
scheme. As shown in Figure 6c, when PER = 1× 10−3, compared with the uncoded scheme,
the proposed simplified scheme obtains a gain of nearly 5.7 dB. Further, compared with
the exact LLR scheme, the simplified LLR scheme in (13) only has a performance loss of
about 0.04 dB, and the simplified LLR schemes in (16) and (17) has a performance loss of
about 0.16 dB. Therefore, the simplified scheme has little performance loss and friendly-
complexity. In particular, the simplified LLR scheme in (16) do not require CSI when
using MS decoding. In addition, as shown in Figure 7, we can draw similar conclusions
under ρ 6= 1, which however is not illustrated here. In a word, our simulation results in
Figures 6 and 7 indicate that our simplified LLR scheme depicts good performance under
the phase noncoherent channel. Note that no CSI and process for zero-order Bessel function
of the first kind is needed in our simplified scheme.

5.3. Detection Performance under Rayleigh Fading Channel

In the Rayleigh fading channel, the BER, PER, and SER performance of the proposed
simplified scheme, uncoded scheme, and the exact LLR scheme are verified. As can be
seen from Figure 8, compared with the uncoded scheme, the detection performance of
the coding scheme is significantly improved. The performance of the simplified LLR
scheme is extremely close to that of the exact LLR scheme. As shown in Figure 8c, when
PER = 1× 10−3, compared with the uncoded scheme, the proposed simplified scheme
obtains a gain of nearly 6.1 dB. Compared with the exact LLR scheme, the simplified LLR
scheme in (25) only has a performance loss of about 0.02 dB, and the simplified LLR scheme
in (26) has a performance loss of about 0.1 dB. Therefore, the simplified scheme has little
performance loss and friendly-complexity. In particular, the simplified LLR schemes in (26)
do not require CSI when using MS decoding. In addition, as shown in Figure 9, we can
draw similar conclusions under ρ 6= 1, which, however, is not illustrated here. Clearly, our
simulation results in Figures 8 and 9 indicate that our simplified LLR scheme depicts good
performance under the Rayleigh fading channel.
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Figure 6. Detection performance for LDPC coded IEEE 802.15.4c MPSK signals under phase non-
coherent channel, wherein different LLR calculation schemes are considered and ρ = 1. (a) BER
performance; (b) SER performance; and (c) PER performance.
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Figure 7. Detection performance for LDPC coded IEEE 802.15.4c MPSK signals under phase non-
coherent channel, wherein different LLR calculation schemes are considered and ρ 6= 1. (a) BER
performance; (b) SER performance; and (c) PER performance.
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Figure 8. Detection performance for LDPC coded IEEE 802.15.4c MPSK signals under Rayleigh fading
channel, wherein different LLR calculation schemes are considered and ρ = 1. (a) BER performance;
(b) SER performance; and (c) PER performance.
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Figure 9. Detection performance for LDPC coded IEEE 802.15.4c MPSK signals under Rayleigh fading
channel, wherein different LLR calculation schemes are considered and ρ 6= 1. (a) BER performance;
(b) SER performance; and (c) PER performance.



Appl. Sci. 2022, 12, 2330 17 of 23

5.4. Variance Robustness

Figures 10 and 11 show the performance of exact LLR given in (8) and (21) un-
der different CSI estimation errors, where ∆σ2 = ασ2, and ρ = 1. It can be seen from
Figures 10 and 11 that when the variance estimation error of the AWGN is large, the detec-
tion performance of the exact LLR scheme is seriously attenuated. It is caused by a large
CSI estimation error. That is, the exact LLR scheme has poor robustness to CSI. However,
our proposed the simplified LLR scheme using MS decoding does not need CSI, so it has
better robustness.

5.5. CPO Robustness

In this part, we study the detection performance of the LLR schemes given in (8) and
(16) in fading channel with changing carrier phase, where ρ = 1. The phase θ is modeled as
a Wiener process, wherein its initial value is uniformly chosen from (−π, π). As shown in
Figures 12 and 13, the performance of the proposed receiver does not significantly degrade
if we increase the standard deviation of jitter from 0 degrees to 7 degrees. In addition, an
irreducible error floor is observed for the LLR given in (8) and (16) with the increase in
SNR. As shown in Figure 13, our proposed LLR scheme in (16) is clearly robust to dynamic
phase jitter.
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Figure 10. Cont.
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Figure 10. Detection performance for LDPC coded IEEE 802.15.4c MPSK signals under phase
noncoherent channel with ∆σ2 = ασ2, where ρ = 1. (a) BER performance; (b) SER performance; and
(c) PER performance.
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Figure 11. Detection performance for LDPC coded IEEE 802.15.4c MPSK signals under Rayleigh
fading channel with ∆σ2 = ασ2, where ρ = 1. (a) BER performance; (b) SER performance; and
(c) PER performance.
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Figure 12. Detection performance for LDPC coded IEEE 802.15.4c MPSK signals under dynamic CPO
channel, wherein LLR given in (8) is considered. BP algorithm is adopted for decoding, where ρ = 1.
(a) BER performance; (b) SER performance; and (c) PER performance.
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Figure 13. Detection performance for LDPC coded IEEE 802.15.4c MPSK signals under dynamic CPO
channel, wherein LLR given in (16) is considered. MS algorithm is adopted for decoding, where
ρ = 1. (a) BER performance; (b) SER performance; (c) PER performance.

5.6. Complexity Analysis

We compare the implementation complexity of various detection schemes, where
N = 1. The structure block diagram of multiplication operation is shown in Figure 3 of [25].
Complex addition is the addition of two complex numbers. It is assumed that a comparison
operation is equivalent to an addition operation. As shown in Table 3, compared with
the exact LLR scheme, the simplified LLR scheme does not need CSI. Compared with the
exact LLR given in (8) scheme, the simplified LLR proposed in (17) scheme does not need
to calculate logarithmic function and Bessel function. As shown in Table 4, compared
with the exact LLR scheme, the simplified LLR scheme does not require the exponential
function. The multiplication/division operation of the exact LLR in (21) is 65.1 times the
simplified LLR in (23); the addition/subtraction operation is 3 times the simplified LLR in
(23); the modulus operation is 32 times the simplified LLR in (23). The conjugate operation
is 16 times that of the simplified LLR in (23); the squaring operation is 80 times of the
simplified LLR in (23). Obviously, compared with the exact LLR scheme, the complexity of
our scheme is extremely reduced.

Table 3. Complexity comparation of the LLR calculation under the phase noncoherent channel.

Scheme (•)(•) or (•)
/
(•) (•)± (•) |•| (•)∗ (•)2 ln(•) I0(•) CSI e(•) Re

(8) 1156 1016 64 1024 64 4 64 X \ \

(16) 1024 990 64 1024 8 \ \ \ \ \

Table 4. Complexity comparation of the LLR calculation under the Rayleigh fading channel.

Scheme (•)(•) or (•)
/
(•) (•)± (•) |•| (•)∗ (•)2 ln(•) I0(•) CSI e(•) Re

(21) 4164 3000 2048 1024 5120 \ \ \ 64 \

(23) 64 990 64 64 64 \ \ \ \ \

6. Conclusions and Future Work

This paper proposes two simple schemes to quickly generate bit LLR for coded
MPSK signals: one for the phase noncoherent channel and the other for the Rayleigh
fading channels. Our analysis shows that, when compared with the traditional optimal
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method, the scheme in this paper greatly reduces the implementation complexity. The
proposed algorithm is applied to IEEE 802.15.4 WSNs to verify its effectiveness. The
simulation results show that under both phase noncoherent and Rayleigh fading channels,
the proposed simplified algorithm can depict an appropriate performance loss.

There are several directions remaining for future research. First, it is pointed out that
we focus all our attention on end-to-end communication. The extension to distributed
detection is straightforward and worthy of further study. Furthermore, all of the analysis is
tailored uniquely for a slow changing channel, and the extension to more complex channel
case, e.g., fast changing fading channel, is a challenging problem. In addition, only the
CPO is considered to characterize the effect of the channel transmission; the channel with
carrier frequency offset is also worthy of further study.
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