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Abstract: From a circular economy perspective, the acoustic characterization of steelwork by-products
is a topic worth investigating, especially because little or no literature can be found on this subject.
The possibility to reuse and add value to a large amount of this kind of waste material can lead to
significant economic and environmental benefits. Once properly analyzed and optimized, these by-
products can become a valuable alternative to conventional materials for noise control applications.
The main acoustic properties of these materials can be investigated by means of a four-microphone
impedance tube. Through an inverse technique, it is then possible to derive some non-acoustic
properties of interest, useful to physically characterize the structure of the materials. The inverse
method adopted in this paper is founded on the Johnson–Champoux–Allard model and uses a
standard minimization procedure based on the difference between the sound absorption coefficients
obtained experimentally and predicted by the Johnson–Champoux–Allard model. The results
obtained are consistent with other literature data for similar materials. The knowledge of the physical
parameters retrieved applying this technique (porosity, airflow resistivity, tortuosity, viscous and
thermal characteristic length) is fundamental for the acoustic optimization of the porous materials in
the case of future applications.

Keywords: steel industry by-products; circular economy; sound absorption; sound reduction index;
granular materials; inverse method

1. Introduction

The steel industry is one of the main global economic sectors providing raw materials
for a wide variety of manufacturing processes. During the various activities, a steel plant
produces large amounts of waste under different forms. In recent decades, this type of
industry is also trying to gradually leave the linear economy model and aim for the global
and ambitious “zero waste” target [1], focusing its efforts on the development of innovative
and sustainable production schemes. The emerging principle of the circular economy
supports the reuse and recycling of industrial by-products, creating a symbiosis [2] which
encourages collaboration and synergy with different sectors. The final goal is to develop
new business opportunities through the conversion of waste into valuable raw materials
or secondary materials exploitable in other sectors [3]. These activities allow the steel
industry to reduce its environmental impacts: indeed, the reduction in waste materials
can be ensured by providing an alternative solution to safe and environmentally friendly
disposal of polluting industrial wastes and by avoiding the extraction of new natural
resources. In this way, it is possible to achieve both environmental and economic benefits
for all the industries involved in the symbiosis.

The main waste product of the steel industry is represented by slags. There are
different types of slag, depending on the type of furnaces, raw materials and process
adopted during production. The slag deriving from melting the scrap iron by an electric
arc furnace (EAF—Figure 1a) is generically defined as “black slag”. Such a type of waste
material results from the oxidation of the scrap and includes impurities and compounds
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generated by the additives used to control the chemical processes. These elements form a
layer that floats on top of the molten steel in the furnace, insulating the liquid part from
the external environment and helping maintain the temperature inside the furnace at the
right set-point. At the end of the process, the floating layer is collected and cooled down,
resulting in “black slag”. The melted steel is then processed and refined in a ladle furnace
(LF—Figure 1b). The slag deriving from this process is defined as “white dross”, or “white
slag”, and has completely different chemical and physical properties if compared to the
black slag.

Figure 1. Schematic drawings of EAF and LF furnaces: (a) EAF furnace; and (b) ladle furnace.

The two slag types are kept separate as they have a different chemical composition
and must be treated differently. Black slag can be assimilated to natural effusive rocks of
volcanic origin, takes on granular characteristics and mainly consists of a ternary mixture
of calcium oxide (CaO), silicon dioxide (SiO2) and iron oxides (FeO), to which heavy metals
and other components, in percentages, are mixed. The white dross chemically differs
from the black slag, particularly for the content in iron oxides and calcium; therefore, this
dross, after cooling, undergoes a transformation of the crystalline lattice which leads to the
formation of a fine and lightweight material.

Some studies are actually investigating the physical properties and the environmental
compatibility of these materials, to establish the environmental impact of the slags and
how to treat them. Depending on the application field, several studies have been carried
out to characterize steel slags. One of the first practical applications of steel slags outside
the steel production cycle is as sustainable (alternative) aggregates in pavement layers for
road construction. They have been used not only for unbound layers, like road bases and
sub-bases, but also for bituminous mixtures in surface layers [4]. In [5], the EAF steel slag
was preliminarily investigated from chemical, leaching, physical and mechanical points of
view. The bituminous conglomerates have also been characterized to verify their potential
application in high performance asphalt concretes for road and airport pavements. The
comparison with the corresponding traditional natural aggregates shows that using slags as
coarse under-pavement material brings both technical and environmental advantages [5,6]:
the mixtures with EAF slag improve the mechanical properties and prevent the depletion
of raw materials.

Several studies also investigated the suitability of steel slags for civil engineering
applications in cement-based materials. In particular, they were used for replacing natural
sand [7] in the production of concrete [8–13], as armor stones for hydraulic engineering
constructions [14,15] (during the restoration of marine environments and stabilization of
shores), and finally, as an agricultural fertilizer. In [2], steel slags were investigated as to help
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in the removal of harmful elements and wastewater treatment. More recently, slags have
been used as green resource in ceramic tile production and for biomedical applications.

The development of innovative sustainable solutions, by means of already existing
or new technologies, is a goal that the steel industry is willing to pursue in order to
further reduce its environmental impacts. Recently, some critical environmental aspects
emerged regarding the use of steel slags [2,14]. The concerns are about volume instability
and leaching behavior, the latter being a crucial aspect for environmental considerations,
especially in terms of possible water and soil pollution caused by the release of heavy
metals. Such aspects must be deeply investigated and solved, depending on the char-
acteristics of the specific chemical composition of the recycled slag and the exposure to
atmospheric elements.

The study reported in [16] aimed to find an inertization process for the recovery of
steelwork slags and granite cutting waste as raw materials for the production of rockwool,
which is a good thermal insulator and acoustic absorber for the construction and automotive
sectors. It was found that the partial replacement of traditional raw materials does not
influence the thermal insulation and fireproof properties of rockwool.

In [17,18], a recent improvement consisting of a new production method was intro-
duced: high-pressure cold air is passed through the molten slag and the result is a material
consisting of slag granules characterized by an almost spherical shape. The studies provide
a comprehensive experimental characterization, in terms of fundamental and durability
properties. The outcomes of both studies confirmed that a fine aggregate of spheric slags is
a promising and advantageous alternative to natural sand in concrete pavement, also in
terms of workability, water content and cement mechanical requirements.

Granular materials are emerging as an interesting alternative to the more popular
and conventional sound absorbers. This trend is also encouraged by the large amount
of industrial waste or by-products available in granular shape. If properly treated, these
materials could become a valuable “second raw” resource, instead of using them as waste
material for landfill, with all the related costs in terms of money and environmental impact.
In this way, these materials can re-enter the production cycle and can be addressed in
different application fields. Of course, this depends on how much their properties and
potentialities are investigated and optimized. In this perspective, the steel industry is
continuing its path towards the “zero waste” and circular economy goals by funding
studies on the waste reuse and sustainable recycling and developing new technological
solutions in an effort to find new fields of application. For instance, the traditional mineral
wool production process can be applied to steelwork slag: by means of spin dryers and a
high-speed air flow, the white dross molten slag forms long fibers and a sort of wool that
could represent a partial or complete substitute to the traditional rockwool.

This paper aims to analyze the acoustic behavior of some steelwork waste materials.
In particular, slags shaped as wool, granules and spheres. As previously mentioned, the
literature describes many studies focused on the investigation of the chemical, mechanical
and thermal properties of steelwork slags, focusing on their reuse for various outcomes,
especially when combined with other materials and mixtures, such as cement, concrete
and soils. The novelty of the present study lies in the fact that, to the knowledge of the
authors, steelwork slags have never been acoustically characterized before, especially in
the form of wool, granules or spheres. It can be highlighted that the process adopted to
obtain the spheres is relatively recent. Once the acoustic properties of these waste slags
are obtained, the aim is to evaluate and optimize them as a function of the specific noise
control application at hand modifying their non-acoustical parameters. Their acoustic
characterization will be performed by means of a four-microphone impedance tube. This
technique allows one to obtain the complex acoustical properties of the tested samples. This
study will mainly be focused on the sound absorption properties of the slags. However, the
sound transmission loss (TL) will also be reported for the sake of completeness and because
it is included in the acoustic properties retrieved from the four-microphone impedance
tube method. Finally, the Johnson–Champoux–Allard (JCA) model will be employed to
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better understand the relations between the acoustic behavior and the microstructure of the
investigated materials. In particular, this theoretical model was based on the knowledge
of five intrinsic properties of the material. Such properties are usually determined using
specific laboratory equipment. In order to have a rough estimation of these parameters, a
well-established inverse characterization method was applied to find the main non-acoustic
characteristics of the materials.

The paper is organized as follows: Section 2 describes the samples analyzed and the ex-
perimental set up, including the laboratory equipment, providing the methodology for the
experimental and analytical investigation; in Section 3, the experimentally obtained results
are reported and discussed, including the comparison with the predicted results; finally,
Section 4 draws the conclusions and highlights future research directions/perspectives.

2. Materials and Methods
2.1. Porous Materials

Porous materials are the most used sound-absorbing materials in many engineering
and industrial applications. The Biot theory [19] describes how acoustic and elastic waves
propagate and dissipate energy inside a porous medium characterized by air-saturated
open-cell structures. When excited by a sound wave, the solid skeleton of the material
can be considered as acoustically rigid (i.e., motionless) over a wide frequency range.
Consequently, the compression and shear waves in the solid phase can be neglected. Thus,
only a compression wave is able to propagate in the fluid phase and the porous material
can be assumed to behave like an equivalent fluid. The absorption mechanism is possible
thanks to the structure of the porous medium: it is made by a large number of small
pores that are interconnected with each other and with the external air, thus allowing the
sound wave to enter and propagate within the cavities. During the propagation process,
the viscosity of air in the pores causes viscous losses. The conversion of sound energy
in internal energy and the subsequent dissipation caused by the viscosity of air enables
obtaining a certain sound absorption [20].

Recently, increasing interest has emerged in granular porous materials [20–24], consid-
ered to be a promising alternative to the more traditional fibrous or foam sound absorbers,
thanks to their advantage of merging a good sound absorption with interesting mechanical
properties and low production costs [25,26].

Granular materials are made of assemblies of particles that can have the same or differ-
ent shape and diameter. The grains, that can be hollow, porous or solid, represent the rigid
frame of the medium while the fluid (i.e., air), saturating the interconnected cavities, can be
assumed as an equivalent homogeneous fluid, characterized by two effective (or equivalent)
properties: the equivalent dynamic density ρeq and equivalent dynamic bulk modulus Keq.
At the macroscopic level, the viscous and thermal losses that occur in porous media and
are responsible of the energy sound dissipation, can be related to the so-called transport (or
non-acoustic or macroscopic) parameters: depending on the model chosen to characterize
the acoustic performance of the investigated materials, these parameters differ in number
and type. The appropriate knowledge of the relationships relating the acoustic behavior to
the microstructure is of importance to customize the material for specific target frequencies.
As effectively summarized and described in [27,28], these models can be mainly sorted
into empirical, phenomenological, and semi-phenomenological/microstructural models.
The Delany-Bazley model [29], designed for fibrous and cellular materials and based on
airflow resistivity as relevant parameter, and the Miki model [30], which improved the
previous one with the inclusion of two additional non-acoustic parameters, porosity and
tortuosity, belong to the first group. The Voronina–Horoshenkov model [31], suitable
for loose granular materials, is of empirical type as well, and considers the characteristic
particle dimension and specific density of the grain base in addition to porosity and tortu-
osity. In [32], the authors assumed that pore geometry and pore size distribution obey an
approximately statistical distribution. The Hamet–Berengier [33] and Attenborough [34]
models are located in the phenomenological group: the first results useful for porous pave-
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ments, the latter for fibrous and granular materials and is based on five parameters (airflow
resistivity, porosity, tortuosity, steady flow shape factor and dynamic shape factor). The
Johnson–Champoux–Allard [35,36] and the Champoux–Stinson [37] models fall into the
semi-phenomenological/microstructural group and involve five non-acoustic parameters:
porosity, airflow resistivity and tortuosity are common to both, whereas the JCA model uses
thermal and viscous characteristic lengths, and the Champoux–Stinson model considers
viscous and thermal shape factors.

Subsequent implementations of the JCA model, such as the six-parameter Johnson–
Champoux–Allard–Lafarge (JCAL) model or the eight-parameter model of Johnson–Champoux
–Allard–Pride–Lafarge (JCAPL), involve more parameter, such as viscous and thermal tor-
tuosities and permeabilities. Compared to the JCA model, they provide more precision at
low frequencies [38]. In general, the more sophisticated models require more parameters
and have better performances. Nevertheless, as a counterpart, they are more complex and
demanding. All the aforementioned models require physical techniques to measure the
non-acoustic parameters. Some of them involve expensive set-ups and even complex or de-
structive tests. Recently, multiscale analyses have been developed to compute non-acoustic
parameters by means of numerical simulations at the microstructural level [21,22]. The
multiscale approach, which establishes micro–macro relationships, bypasses the difficulty
of direct measurements by developing specific finite-element analyses.

Each model has its application field, related to the type of material its development is
based on, and respective limitations and advantages. More details about these aspects and
model comparisons can be found in [21,22,25,27,28,39–41].

In this work, the five-parameter JCA model, better described in Section 2.2, was se-
lected to perform the investigation: it is one of the most known generalized models, suitable
for the accurate description of the wide-band sound propagation in porous materials. It is
a robust model as it is applicable to the random geometry of porous materials, it allows
rapid calculation and the five parameters, having a physical meaning, and can be directly
measured by experiments. The JCA model, coupled with the four-microphone impedance
tube and inversion methods, results to be a well-established and fast technique to investi-
gate the intrinsic properties of a material, thus being a valuable alternative whenever direct
measurements are not available.

2.2. JCA Model and Inverse Method

The JCA model assumes that rigid-frame open-cell porous media can be seen as an
equivalent fluid of effective, or equivalent, dynamic density ρeq and equivalent dynamic
bulk modulus Keq. These equivalent properties depend on five transport (or macroscopic–
non-acoustic) parameters: open porosity Φ; static airflow resistivity σ; tortuosity α∞;
viscous characteristic length Λ; and thermal characteristic length Λ’. These parameters
are referred to the geometry of the porous material and describe the complexity of the
porous network.

By definition, open porosity Φ is a measure of the volume fraction of air (Vfluid) in the
total volume (Vtot) or the complement to unit of the ratio between the solid volume of the
frame (Vsolid) on the total volume [42]:

Φ =
Vf luid

Vtot
= 1− Vsolid

Vtot
(1)

Airflow resistivity expresses the resistance opposed to the airflow while passing
through the material. It can be calculated as [42]

σ =
∆p

vair f lowd

[
Ns/m4

]
(2)

with ∆p as the pressure drop across the medium, vairflow the amount of airflow passing
through the material and d its thickness.
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Tortuosity α∞ is an intrinsic property of the porous frame, related to the micro-
geometry of the interlinked cavities. It is a dimensionless quantity that expresses the
tortuous fluid paths through the porous material. It can be calculated as [42]

α∞ =
1
V

∫
V

v2 dV/
∣∣∣∣ 1
V

∫
V

v dV
∣∣∣∣2 (3)

where v is the microscopic velocity of an ideal inviscid fluid within the pores and V a
homogenization volume that expresses the volume of free fluid contained in the cavities.
Tortuosity cannot be lower than 1.

Viscous characteristic length Λ is used to describe the viscous forces generating
within the cavities at high frequencies and is related to the characteristic dimension of the
connection between pores—particularly to the mean diameter of the hole connecting two
adjacent cells, expressed in micrometers. It is given by [42]

Λ = 2
∫

V
|v|2dV/

∫
S
|v|2dS [µm] (4)

where S is the specific surface that denotes the total contact surface between the frame and
the pores.

Thermal characteristic length Λ’ describes the thermal exchanges between the solid
frame and its saturating fluid at high frequencies and it is related to the pores dimension,
especially to the mean diameter of the cell in micrometers; it can be expressed as [42,43]:

Λ′ = 2
∫

V
dV/

∫
S

dS = 2V/S [µm] (5)

Alternatively, Λ and Λ’ can be calculated in function of the above-described parame-
ters, as follows [38]:

Λ =
1
c1

[
8α∞η

σΦ

]1/2
(6)

Λ′ =
1
c2

[
8α∞η

σΦ

]1/2
(7)

where η is the viscosity of air, c1 and c2 are pore shape parameters, related, respectively, to
the viscous and thermal dissipation, and they can assume values in the following ranges:

0.3 ≤ c1 ≤ 3.3 (8)

0.3 ≤ c2 ≤ c1 (9)

In the case of the granular material shaped in spheres, the calculation of the macro-
scopical parameters can be simplified in function of the porosity Φ and particle radius r as
follows [21,23]:

σ =
45(1−Φ)(1− θ)η

2Φ2r2
(
5− 9θ1/3 + 5θ − θ2

) (10)

α∞ = 1 +
1−Φ

2Φ
(11)

Λ =
4(1− θ)Φα∞

9(1−Φ)
r (12)

Λ′ =
d
3

(
Φ

1−Φ

)
(13)

where θ is expressed as

θ =
3(1−Φ)

π21/2 (14)
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The purpose of the model is to finally obtain the acoustic behavior of the analyzed
material, so the procedure to compute the sound absorption coefficient is made with the
following steps:

• Once the five non-acoustic parameters (Φ, σ, α∞, Λ, Λ’) are obtained with one of the
methods described below, it is possible to calculate the effective quantities ρeq and Keq;

• From the equivalent properties, one can predict the acoustic parameters: characteristic
impedance Zc and complex wave number kc;

• From Zc and kc, the surface impedance Zs can be deduced;
• Finally, from Zs the normal incident sound absorption coefficient α can be calculated.

Starting from the five non-acoustic parameters, the equivalent properties ρeq and Keq
can be computed as follows:

ρeq =
α∞ρ0

Φ
+

σ

iω

(
1 +

4iα2
∞ηρ0ω

σ2Λ2Φ2

)1/2 [
kg/m3

]
(15)

Keq =
κP0/Φ

κ − (κ − 1)
[

1 + 8η

iρ0ωNpΛ′2

(
1 + iρ0ωNpΛ′2

16η

)1/2
]−1

[
kg/ms2

]
(16)

where ρ0 is the density of air, ω = 2πf is the angular frequency, η is the air viscosity, κ is the
specific heat ratio and Np is Prandtl number of the saturating air.

Once the effective properties are obtained, it is possible to determine the complex
acoustical parameters [44]; the characteristic impedance Zc:

Zc =
(
ρeqZeq

)1/2
[
Ns/m3

]
(17)

and the complex wave number kc:

kc = ω
(
ρeq/Zeq

)1/2
[
m−1

]
(18)

From these acoustic properties, the surface impedance Zs can be derived as follows:

Zs = Zc·cot(kcd)
[
m−1

]
(19)

Finally, the normal incidence sound absorption coefficient α is calculated as

α =
4Re{Zs}ρ0c0

|Zs|2 + 2ρ0c0Re{Zs}+ (ρ0c0)
2 or α = 1−

∣∣∣∣Zs − ρ0c0

Zs + ρ0c0

∣∣∣∣2 (20)

where c0 is the speed of sound in air.
Classical methods to estimate the non-acoustic properties can be mainly classified in

three groups [45]:

1. Direct methods, which allow obtaining the macroscopic parameters through direct
measurements, thus requiring specific laboratory equipment or a dedicated setup for
the determination of each single property;

2. Indirect methods, based on an acoustic model providing the relations and formulas
that link the non-acoustic parameters to the acoustic measurements;

3. Inverse methods, consisting of an optimization problem where, once the difference
between the experimentally measured and analytically estimated acoustic perfor-
mances is minimized, the non-acoustic properties are progressively refined to an
optimum value.
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Indirect and inverse methods are based on impedance tube measurements or ultra-
sound measurements. The indirect method uses the equivalent properties, ρeq and Keq,
obtained from measured Zc and kc values by using an impedance tube, and combine (17)
with (18) as follows [45]:

ρeq =
Zckc

ω
and Keq =

Zcω

kc
(21)

At this point, it is possible to extract non-acoustic parameters from the limit behavior
of the effective properties [44]:

Φ =
ρ0α∞(

lim
ω→∞

Re
{

ρeq
}) (22)

σ = − lim
ω→0

[
Im
{

ρeq
}

ω
]

(23)

α∞ =

{
lim

ω−1/2→0
(c/c0)

}−2
(24)

Λ = lim
ω→∞

α∞

(
2ρ0η

ωΦIm
{

ρeq
}(

ρ0αω −ΦRe
{

ρeq
}))1/2

 (25)

Λ′ =

[
(NP)

1/2

κ − 1

(
lim

ω→∞

{
Re{kcc}
Im{kcc}

(
2η

ωρ0

)1/2
}
− 1

Λ

)]−1

(26)

where c is the speed of sound within the material.
Alternatively, in [45], a straightforward procedure is proposed where, in addition

to the effective properties ρeq and Keq, the direct measurement of the open porosity Φ
is necessary. In this case, the analytical solutions suitable to obtain the macroscopic
parameters starting from the effective properties are reported below [45,46]:

σ = − 1
Φ

lim
ω→0

[
Im
{

ρeqω
}]

(27)

α∞ =
1
ρ0

Re
{

ρeq
}
−
(

Im
{

ρeq
}2 −

(
σΦ

ω

)2
)1/2

 (28)

Λ = α∞

[
2ρ0η

ωIm
{

ρeq
}(

ρ0α∞ − Re
{

ρeq
})]1/2

(29)

Λ′ =

(
2η

ρ0ω

)1/2
2

(
−Im

{(
1− Keq/Ka

1− κKeq/Ka

)2
})−1

−1/2

(30)

where Ka = κP0/Φ, with P0 static pressure, is the equivalent adiabatic bulk modulus of the
equivalent fluid.

Inverse methods generally need a surface acoustic property to start with, such as the
sound absorption coefficient or surface impedance, both obtained from impedance tube
measurements. The optimization process is based on the fact that the unknown parameters
(in this paper, the five non-acoustic parameters) are adjusted so that the estimated surface
acoustic property is as close as possible to the one experimentally obtained. The objective
function is designed as a cost function where small values mean close agreement.

There are different optimizing methods: for instance, the group of global optimization
techniques includes the simulated annealing [20], based on Monte Carlo iteration, and
the class of evolutionary algorithms, such as genetic algorithms [42,44] and differential
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evolution algorithms [38]; moreover, there are standard minimization procedures, such
as nonlinear best-fit [42,47], which is a direct search method that requires an initial trial
guess of the parameters and operates within a research domain set on the lower and upper
bound constraints for all the variables.

2.3. Experimental Characterization—Four-Microphone Impedance Tube

In this paragraph, the experimental set-up used for the characterization of the samples
is described. The measurements of the acoustic properties have been performed by means
of the four-microphone impedance tube method, following the process given by the ASTM
E2611 standard [48]. On one end of the apparatus features, a loudspeaker generates a
plane wave field inside the tube. The other end can be configured with two different
types of termination (anechoic and/or reflecting), to perform the investigation with two
different boundary conditions. Two microphones are mounted in front of the sample, at the
“emitting side” of the tube, and the other two microphones are placed close to the sample
at the “receiving side” of the tube.

A transfer matrix approach can be used, allowing to relate the particle velocities (ui)
and the sound pressures (pi) at both surfaces of the tested sample. Denoting the front
surface of the sample with the coordinate x = 0 and the back surface with x = d, the resulting
transfer matrix can be written as[

p0
u0

]
=

[
T11 T12
T21 T22

][
pd
ud

]
(31)

Thanks to the comparison between the signals measured by the four microphones, it
is possible to apply the decomposition technique: referring to Figure 2, the upstream and
downstream sound field can be distinguished in two forward travelling waves (A and C)
and two backward travelling waves (B and D).

Figure 2. Schematic drawing of a four-microphone impedance tube.

The wave components A–D represent the complex amplitudes of the incident and
reflected waves on both sides of the sample and can be derived from the complex transfer
functions Hi,ref measured between the -ith microphone (i = 1, . . . , 4) and the reference (ref )
microphone. In this study, the first microphone was selected as the reference microphone,
but generally any of the four microphones can be chosen for this role. At this point, an
interchanging procedure must be applied between the transducers to correct the measured
transfer functions for amplitude and phase mismatches. Once the corrected transfer
functions are obtained by dividing the measured transfer functions by relative correction
transfer functions, the four components A, B, C and D can be obtained. These coefficients
are used for the derivation of the transfer matrix terms. Pressures and particle velocities
at both sides of the sample can be determined in terms of incident and reflected plane
wave components. In the case of geometrically symmetric specimens, since the physical
properties are the same on either side, reciprocity and symmetry can be applied and a single
set of measurements is sufficient to characterize the material. The acoustical properties
of the sample can thus be calculated as a function of the transfer matrix elements, the
acoustic impedance of air, the sample thickness and the wavenumber in air. In particular,
the following properties are obtained:
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- Normal incidence sound absorption coefficient, α;
- Normal incidence sound transmission loss, TL;
- Propagation wavenumber inside the material, kc;
- Characteristic impedance inside the material, Zc.

The Applied Acoustic Laboratory impedance tube at the University of Brescia is
composed of two 1200 mm long-segments, with an internal diameter of 46 mm, determining
a cross-section that ensures that the plane-wave assumption is verified up to approximately
3700 Hz. The loudspeaker is installed in an isolated and sealed volume at the source
endpoint of the tube. Through the connection to the generator of a multichannel analyzer, a
wide-band white noise test signal (50 Hz–5 kHz) is created inside the tube. As the samples
tested in this article are symmetric, it was not necessary to use a double boundary condition,
and the second endpoint of the tube was equipped with an anechoic termination.

The sample holder is a detachable unit, made of separate segments of tube of appro-
priate length, which can be usually chosen to be 50, 100 or 200 mm long. Once carefully
filled with the material to be tested, the holder is placed in the central section of the tube,
between two microphone pairs, and it is additionally sealed to the main parts of the tube
by means of O-rings and petroleum jelly for assuring air tightness. Four PCB microphones
Type 130F22 are inserted in openings sealed with O-rings and flush mounted with the
inner surface of the tube. The microphone pairs are spaced 500 mm for low-frequency
measurements and 45 mm for high-frequency measurements. It is worth noting that this
study focuses on high-frequency characterization (200–3150 Hz). This choice was made
because the JCA model used for the inverse characterization is less accurate in the low
frequency range, as discussed in [38]. The transducers are connected to an OROS OR
36 multichannel analyzer which measures the complex transfer functions between the
microphones. All the microphones were calibrated before the test by using a Bruel and
Kjaer pistonphone Type 4228. In Figure 3, some details of the four-microphone impedance
tube used for the experiments are shown.

Figure 3. Details of the four-microphone impedance tube: (a) the sound source; and (b) central part
with the inserted sample holder and the two microphone pairs.

To determine the transfer matrix elements, it is necessary to measure the complex
sound pressure, including amplitude and phase, at four positions. Once microphone 1 is
chosen as a reference, the standard procedure requires a first measurement with all the
microphones placed in the port corresponding to their respective number, and then three
other measurements are made by physically switching the location of each microphone
with the reference microphone 1. This enables obtaining the correction of the transfer
functions for phase and amplitude mismatches. In this way, for each tested sample, four
measurements have to be executed. A self-built MATLAB® code allows one to post-process
the measured transfer functions and to describe the acoustic behavior of the tested material,
giving as an output the normal incidence sound absorption coefficient α, the normal
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incidence sound transmission loss TL, the characteristic acoustic impedance Zc, the speed
of sound c and the propagation wavenumber kc in the tested material. To correct the speed
of sound in the air and the air density values, the temperature and atmospheric pressure
were measured before each test and then considered during the post-processing phase.

3. Tested Samples

Among the different types of waste resulting from the steel production, slags probably
represent the main (90% by mass) and most hazardous one, due to the possible content of
heavy metals such as chromium, manganese and iron. In order to make slag suitable for
recycling and reuse, a deep knowledge of its composition and physical properties is needed,
to apply appropriate stabilization and inertization methods that allow environmentally
sustainable applications of slags.

In this work, three types of steelwork waste materials were analyzed: wool derived
from white dross, spheres derived from black slag, and spheres encapsulated in an inert
material. The first material is a white wool, made of long fibers, similar to mineral wool
or glasswool. This material is derived from a centrifuge process of the white dross and it
features inclusions of transparent spheres and thin dark flakes, as shown in Figure 4.

Figure 4. Sample of wool derived from white dross.

The second material is a conglomerate of spheres derived from black slag, as shown
in Figure 5. Three diameters (∅) ranges were obtained by using progressive sieves on
a sample of unselected byproduct. The samples are categorized as “BIG” (∅ ∈ [1.4; 2.0)
mm), “MEDIUM” (∅ ∈ [0.71; 1.4) mm) and “SMALL” (∅ ∈ (0; 0.71) mm) depending on
the dimension of the spheres. The composition of the sample is approximately: 15% BIG,
35% MEDIUM and the remaining 50% SMALL spheres.

The third material is made of spherical black slag embedded in inert material, resulting
in an irregular granular assembly, as shown in Figure 6. After the spherification process,
a fluid cement consisting of mixtures of hydraulic binders (lime, silica and alumina) is
mixed with the slag spheres. This mixture completely covers the granules and makes
them inert. Table 1 reports the samples thickness, the net weight and the density of the
different materials considered in this work, together with the diameter ranges of slag
spheres specimens.
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Figure 5. Conglomerate of spheres derived from black slag: (a) sample “BIG”, with ∅ ∈ [1.4; 2.0) mm; (b) sample “MEDIUM”
with ∅ ∈ [0.71; 1.4) mm; and (c) sample “SMALL” with ∅ ∈ (0; 0.71) mm.

Figure 6. Sample of slag spheres encapsulated in inert material.

Table 1. Characteristics of the analyzed specimen: sample thickness, net weight and density.

Material Sample Thickness(mm) Net Weight
(kg ∗ 10−3)

Density
(kg/m3)

White dross wool 50 29.23 368
Slag spheres “BIG”
∅ ∈ [1.4; 2.0) mm

100
50

312.96
164.72

1968
2071

Slag spheres “MEDIUM”
∅ ∈ [0.71; 1.4) mm 50 175.38 2204

Slag spheres “SMALL”
∅ ∈ (0; 0.71) mm 50 185.64 2334

Incapsulated spheres 50 136.46 1716

The second and third material specimens were prepared in the following way:

1. The front surface of the sample holder cylinder was terminated with a protective
layer, sealed by glue along the perimeter to contain loose granules and guarantee
flat surface;
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2. A quantity of granules freely fell and randomly into the sample holder while kept in
vertical position;

3. A slight manual vibration was applied to pack the granules;
4. Occasionally, the loose samples were compacted with a soft pressure on the top end

to ensure the correct filling and to level the surface;
5. A non-woven fabric layer, glued along the perimeter, was applied to close the other

side of the sample holder.

Previous separate measurements had confirmed that the protective layer, Figure 7,
has no influence on the acoustic properties of the tested samples.

Figure 7. Examples of protective layers: (a) top surface of the sample closed by the protective layer
sealed by glue; and (b) protective layer.

4. Results and Discussion

In Figure 8, the measured sound absorption coefficient and transmission loss of the
white dross wool are presented. This material features an “S-shaped” absorption curve
with the characteristic behavior typical of porous–fibrous materials, that is low values at
low frequencies and values approaching a unit value at high frequencies: in particular, α
starts with a value of 0.13 at 200 Hz, it linearly increases and around 1700 Hz, it reaches the
unit value. The TL curve is also typical for fibrous materials, it does not reach high values
but at about 1250 Hz, it shows a change in slope with an increasing trend.

In Figure 9, the acoustic performances of all the samples made of slag spheres of the
three diameter ranges are shown in the same graph. The absorption coefficient curves of
BIG and MEDIUM samples can be referred to the typical quarter wavelength resonance
behavior of granular materials: the oscillations of the sound absorption for granular
materials are caused by the air gap around the granules. If the gap between granules is too
small or too large, not enough friction and subsequent heat transfer can develop between
the air and the solid skeleton of the pore wall during the propagation of sound waves [20].
The first peaks are, respectively, at about 580 Hz for sample BIG of 100 mm length, 1330 Hz
for sample BIG with 50 mm of thickness and about 1190 Hz for sample MEDIUM, which is
50 mm long. As the dimension of the sample increases, a more complex gap distribution
occurs together with longer channels. While the acoustic wave propagates, the air particle
collisions and the flow volume raise within the pores, resulting in a higher dissipation of
energy. When the natural frequency of the spheres mix decreases, the sound absorption
peak shifts to a lower frequency.
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Figure 8. Acoustic properties of white dross wool sample: (a) sound absorption coefficient; and (b) transmission loss.

Figure 9. Acoustic properties of slag spheres samples BIG, MEDIUM and SMALL: (a) sound absorption coefficient; and (b)
transmission loss.

It can be observed that for the SMALL sample, a smooth absorptive behavior is present
where the resonance peaks and throughs are suppressed. As stated in [31], for large grain
mixes, the absorption coefficient spectrum shows an oscillating trend, corresponding to
resonance maxima and minima. On the contrary, small grain mixes lose the resonant
behavior, featuring a less pronounced trend. For this reason, the transmission loss of
SMALL sample is higher than the one measured for the BIG and MEDIUM samples
throughout the whole frequency range of interest. This may be caused by the nature of the
SMALL sample, featuring spheres with ∅ ∈ (0; 0.71) mm. Such structure can be considered
since compact sand and its higher density results in a very high airflow resistance. This
gives rise to a reflective behavior. In the frequency range between 200 and 300 Hz, a drop
in both α and TL values of the SMALL sample were observed, probably because of the
rigid frame resonance of the system.

Figure 10 shows the absorption curve of the slag spheres sample embedded inside an
inert material. Additionally, in this case, the graph shows the typical quarter wavelength
resonance behavior of granular materials. The first peak almost reaches a unit value around
1390 Hz. The transmission loss remains quite low throughout the whole frequency range
of interest.
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Figure 10. Acoustic properties of slag spheres encapsulated in inert material: (a) sound absorption coefficient; and (b)
transmission loss.

In order to easily compare the performances of different materials, the weighted
noise reduction coefficient (NRC) and the sound absorption average (SAA) [49] are used to
summarize the absorption characteristics of the tested samples by single rating numbers:
they range between 0 and 1, in the case of perfectly reflective or perfectly absorptive
materials, respectively. As stated by the standard, NRC is rounded off to the nearest
multiple of 0.05, while SAA is rounded off to the nearest multiple of 0.01. Table 2 reports
the sound absorption coefficients for the twelve one-third octave bands from 200 to 2500 Hz
of the investigated waste materials and their respective NRC and SAA values.

Table 2. Sound absorption coefficients for the twelve one-third octave bands from 200 to 2500 Hz of the tested materials and
the respective noise reduction coefficient (NRC) and sound absorption average (SAA).

Frequency (Hz)

Material 200 250 315 400 500 630 800 1000 1250 1600 2000 2500 SAA NRC

Wool-50 0.127 0.172 0.235 0.319 0.435 0.571 0.707 0.838 0.937 0.988 0.988 0.950 0.61 0.60
BIG-100
BIG 50

0.245
0.074

0.360
0.099

0.522
0.132

0.736
0.194

0.925
0.278

0.950
0.399

0.812
0.576

0.661
0.796

0.614
0.972

0.767
0.893

0.861
0.682

0.685
0.559

0.68
0.47

0.70
0.45

MEDIUM-50 0.101 0.146 0.203 0.273 0.391 0.530 0.698 0.836 0.867 0.769 0.639 0.589 0.50 0.50
SMALL-50 0.180 0.243 0.297 0.347 0.368 0.379 0.389 0.394 0.407 0.437 0.473 0.504 0.37 0.35

Encapsulated-50 0.065 0.087 0.118 0.168 0.241 0.335 0.487 0.712 0.930 0.888 0.622 0.452 0.43 0.45

In this paragraph, the inverse method based on the standard minimization approach
is applied in order to derive the main non-acoustic parameters of the different materials
considered in this article. For this analysis, the selected optimization objective function is
the difference between the sound absorption coefficient measured by means of the four-
microphone impedance tube and the absorption coefficient predicted by using the JCA
model. Thus, the investigated cost function is defined as

CF{|α|} = ∑
∣∣αmeasured − αJCAmodel

∣∣ (32)

The purpose is to determine the best solution of the unknown parameters to minimize
the cost function. According to the literature [20,26,38], the intervals of the five non-acoustic
parameters are set as
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Φ ∈ [0.1 ; 0.9]

σ ∈ [1000 ; 150000]
α∞ ∈ [1 ; 4]

c1 ∈ [0.3 ; 3.3]
c2 ∈ [0.3 ; c1]

(33)

To better understand the degree of agreement between measurements and predic-
tions, using the method described in [44], the relative error E% was estimated for all the
predictions as

E% =

∣∣∣∣Measured− Predicted
Measured

∣∣∣∣ (34)

As shown in Table 3, the error was evaluated for each computed third octave band
and then the average value of the relative error for the single material is given in the
last column.

Table 3. Relative errors for third octave bands and average values of the relative errors.

Relative Error E%

Material 200
Hz

250
Hz

315
Hz

400
Hz

500
Hz

630
Hz

800
Hz

1000
Hz

1250
Hz

1600
Hz

2000
Hz

2500
Hz

3150
Hz

Average
Relative Error E%

Wool-50 5.55 12.95 14.98 13.30 7.33 2.13 0.01 1.03 0.63 0.35 1.79 4.48 4.85 5.34
BIG-100
BIG 50

13.26
14.22

6.33
16.27

0.24
16.13

4.53
5.75

4.98
0.26

0.90
1.59

2.53
1.19

0.75
1.40

1.77
0.83

1.03
1.05

0.12
0.14

1.93
2.49

7.59
4.86

3.54
5.09

MEDIUM-50 17.09 14.75 10.97 5.82 8.18 7.30 6.13 2.93 0.36 1.33 1.34 3.61 3.03 6.37
SMALL-50 13.91 18.75 17.70 15.65 8.41 2.27 0.94 2.07 5.19 4.96 0.42 6.47 10.48 8.25

Encapsulated-50 1.08 7.93 13.04 18.00 18.78 12.01 3.91 3.06 2.81 1.34 1.26 6.30 9.73 7.64

Figure 11 refers to the wool sample and shows the comparison between the absorption
experimentally obtained coefficient and the one estimated by using the JCA model—
achieved by means of the iterative minimization method. It can be noted that there is a
good agreement between the two curves with respect to the frequency range considered,
except for a slight overestimation upstream of 630 Hz in the predicted curve, and a little
drop downstream of 1600 Hz which is not present in the measured curve.

Figure 11. Comparison between experimental and predicted sound absorption coefficient for the
wool sample derived from white dross.
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In Figure 12, the experimental and predicted curves are depicted for the three slag
spheres samples: BIG, MEDIUM and SMALL. The predictions referring to BIG and
MEDIUM samples are in good agreement with the experimental curves, showing the clas-
sic resonant behavior. In particular, sample BIG—50 features a high degree of agreement
between the two curves above 500 Hz. In the high frequency range, a slight discrepancy
can be observed for sample BIG—100. For the sample SMALL, the estimated curve fairly
approximates the measured curve, but it does not follow the trend in an optimal way along
the entire frequency range. This is probably caused by the nature of the SMALL sample,
which is neither an absorbing nor an insulating material.

Figure 12. Comparison between experimental and predicted sound absorption coefficients for slag
spheres samples BIG, MEDIUM and SMALL. Blue lines are referred to the respective JCA fittings.

Figure 13 shows, overall, a good correspondence between the estimated and the
measured absorption curves relative to the sample made of encapsulated slag spheres.

Figure 13. Comparison between experimental and predicted sound absorption coefficient for the
sample made of encapsulated spheres.
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Table 4 summarizes the values of the five non-acoustic parameters obtained by apply-
ing the optimization procedure. The achieved parameters seem to be consistent with what
can be found in the literature for similar materials. Nevertheless, in [21], the authors stated
that the porosity of the random close packing of spherical beads should remain constant to
a value of approximately 0.36, when the ratio between the sample holder diameter and the
tested spheres diameter exceeds the value of 10. This corresponds to the characteristics
of the case at hand, since the internal diameter of the sample holder is 46 mm and the
diameter of the largest spheres is 2 mm. However, the discrepancies may be due to the fact
that, in this study, the spherical particles have not a single diameter value, but they are
indeed assembled in diameter ranges, thus, the internal arrangement may be different from
the one described in [21]. In order to completely validate the optimal parameters identified
by the inverse technique, the next step of the research will be the direct experimental
measurement of the five non-acoustic parameters.

Table 4. Inversely determined non-acoustic parameters.

Material d
(mm)

Φ
(-)

σ
(Pa ∗ s/m2)

α∞
(-)

Λ
(µm)

Λ’
(µm)

White dross wool 50 0.87 10550 1 114 209
Slag spheres “BIG”
∅ ∈ [1.4; 2.0) mm

100
50

0.50
0.52

10600
11350

1.46
1.33

182
164

333
301

Slag spheres “MEDIUM”
∅ ∈ [0.71; 1.4) mm 50 0.44 30250 1.47 115 211

Slag spheres “SMALL”
∅ ∈ (0; 0.71) mm 50 0.39 144550 4 92 169

Encapsulated spheres 50 0.52 9100 1.37 186 512

5. Conclusions

In this paper, the acoustic characterization of some steel industry waste materials
derived from black and white slags is provided. The measurements performed by using
a four-microphone impedance tube allowed us to obtain the acoustic properties of the
tested samples. As a result, the analyzed materials can be mainly considered as porous
media featuring interesting sound absorption and insulation characteristics. The wool
derived from white dross exhibits a trend of the sound absorption which is typical of
fibrous material, while slag spheres and encapsulated spheres behave as granular materials,
with an oscillating tendency whose peaks are due to the resonance of the particle frame at
a frequency corresponding to the one of a quarter wavelength resonator having the same
thickness. Only the SMALL sample showed a more insulating than absorptive behavior,
due to its higher density and airflow resistance values. It can be said that the SMALL
sample acoustically behaves like compact sand. In order to determine the non-acoustic
parameters of the samples, without the possibility of performing direct measurements,
an inverse characterization technique was applied. Based on the JCA model, the inverse
technique used relies on a standard iterative optimization procedure: the minimization
is performed between the sound absorption coefficient measured in a four-microphone
impedance tube and the one estimated by optimizing the inversion values into the JCA
model. The optimization intervals were set according to the literature data. The five
resulting non-acoustic parameters are compatible and comparable with the ones which
can be found in other studies dealing with porous and granular media. The fact that some
samples are made by spheres assembled by ranges of diameters and not by single diameter
values explains possible discrepancies with literature data. The next step of the research will
be focused on the validation of the inversion procedure and of the optimized non-acoustic
parameters, by means of specific experimental measurements. Further investigations
on the microstructure and the particle arrangements will allow the optimization and
customization of the material for specific noise control applications.
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