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Abstract: Soil is regarded as a multi-component, multi-phase (solid, liquid and gaseous) dynamic
system. The solid component, especially soil mineral particles, has a significant influence on the
properties of soil, including its physical, physical–chemical and physical–mechanical properties.
By studying the literature, we know that the majority of studies have explained the influence of
mineral particles on the physical and physical–mechanical properties of soil bino–mixtures (sand–silt,
sand–clay, coarse sand, etc.) through two-dimensional figures. Obviously, for multi-component
soil, these two-dimensional figures are not sufficient and should be improved in order to show
the influence of soil particles more comprehensively. Therefore, in this paper, we applied a new
model—the triangular nomogram—to describe and analyze the change in the inter-friction angle
of soil mixtures under different particle size distributions. Through the obtained result, we found
that the triangular nomogram is an effective model that can be used to analyze and simulate the
properties of soil mixtures.

Keywords: soil mineral particle; dolomite sand; physical–mechanical properties; triangular
nomogram; inter-friction angle

1. Introduction

Soil is a multi-component, multi-phase (solid, liquid and gaseous) dynamic system [1].
Soil’s solid component can be regarded as its skeleton, and it occupies a pivotal position
in the study of soil science. From a microscopic point of view, the solid component is
usually composed of many different mineral particles of varying sizes. According to exist-
ing research, the composition [2–4], size [5–8] and morphology [9–13] of mineral particles
significantly influence the physical–chemical, physical and physical–mechanical properties
of soil. Therefore, the influence of mineral particles on soil properties is undoubtedly a
significant scientific research topic. Additionally, one of the most important research direc-
tions is to explore the relationship between soil particle size distribution and its properties,
especially physical [14–19] and physical–mechanical properties [20–27], something that has
drawn widespread attention from many Chinese and international scholars.

In the 1930s, Soviet scholars V.V. Okhotin and N.N. Ivanov [28] preliminarily analyzed
and studied the effects of the particle size and content of the filler in the soil on its maximum
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dry density and strength through a number of experiments. Later, based on their results,
scholars such as Birulya [29], Ivanov and Goncharova [30] put forward and developed the
concept of optimal graded soil and developed different methods that can help determine
the ratio of each particle component in optimal graded soil [31,32].

At the beginning of the twenty-first century, with the rapid development of industry,
an immense amount of industrial waste and garbage was produced. With this background,
many scholars [33–37] advocated adding industrial and construction waste, such as coal,
cinder, sludge, ash and tire rubber, to the soil. This way, soil properties could be improved to
satisfy the requirements of engineering construction, and, at the same time, the environment
could be protected to a certain extent.

In recent years, with the development of aerospace technology, human exploration of
outer space and planets has reached a new level. Therefore, research on the properties of
soil on lunar and Martian surfaces, which provided reference for the subsequent landing
of space probes, holds great significance. With this background, various scholars [38–44],
including those from America, China and Russia, based on their analysis of both lunar
soil and mineral rocks on the earth, have simulated and prepared similar soil with the
same gradation and mineral composition as lunar soil and, at the same time, measured its
physical and physical–mechanical properties.

In summary, analyses of the particle size distribution of the soil and its impact on
soil properties not only represent important scientific research projects but also play an
important role in engineering practice.

In the early stages of the research, the particle composition of soil samples is studied
and analyzed in order to procure the base and foundation needed for subsequent research
on soil properties. Usually, we use the triangle chart, particle size curve and grading
parameters [45–48] to describe the particle distribution of the soil as much as possible and
then find and establish the relationship between the properties and particle component of
the soil.

By studying the literature, we know that the majority of studies have attempted
to explain the influence of mineral particles on the physical and physical–mechanical
properties of soil bino-mixtures (sand–silt, sand–clay, coarse sand, etc.) through two-
dimensional figures. Usually, traditional two-dimensional figures can present the influence
of only one type of soil particle or one component of the soil. Obviously, with multi-
component soil, traditional two-dimensional figures face some limitations and have to be
improved in order to show the influence of the soil particles more comprehensively.

Thus, it is clear that comprehensively showing the change regulates of soil properties
under different soil particle size distributions through figures is still insufficient, and it is
an important problem that we need to solve. In other words, we need a new model that can
effectively and comprehensively explain the internal relationship between soil properties
and the particle size distribution and identify the change regulates of soil properties under
different soil particle size distributions at the same time.

By studying the literature, we know that nomograms are graphs that can solve the
evaluation problem of complex functions through graphical calculation. The general
form of a nomogram represents the variables of an equation containing three or more
variables with a ruler and then connects all known variables through isolines so that
unknown variables can be identified. Based on this, this paper was mainly committed
to exploring a new model to present the internal relationship between soil particle size
distribution and its properties by improving the traditional triangular chart and applying
it to analyzing the change regulates of the properties of soil multi-mixtures under different
particle size distributions.

2. Material
2.1. Original Material

In the research process, high-purity artificial dolomite particles with particle sizes of
4–2 mm, 2–1 mm, 1–0.5 mm, 0.5–0.25 mm, 0.25–0.1 mm and 0.06–0.03 mm were selected as
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the original particle components of graded sand and prepared for the experiment. In the
experiment, the original particle components were mixed according to their different mass
ratios. Thus, we could obtain particle mixtures with different particle size distributions and
take them as experimental samples.

2.2. Preparation of the Soil Samples

As mentioned above, soil particle components with a size of 4–2 mm were regarded as
skeleton particles. According to the principle, the diameter ratios of adjacent components in
our research were determined as D = 1/2, 1/4 and 1/8, and the other two different particle
components were selected as fillers. Thus, according to the different mass ratios, there were
3 types of soil particle mixtures, and each type contained 16 different soil particle mixtures
(Table 1).

Table 1. Type of soil mixtures and mass ratio of each component in the soil mixture.

№ Type I (D = 1/2), % Type II (D = 1/4), % Type III (D = 1/8), %

4–2 mm 2–1 mm 1–0.5 mm 4–2 mm 1–0.5 mm 0.5–0.25 mm 4–2 mm 0.5–0.25 mm 0.06–0.03 mm

1 70 30 0 70 30 0 70 30 0
2 50 50 0 50 50 0 50 50 0
3 30 70 0 30 70 0 30 70 0
4 70 0 30 70 0 30 70 0 30
5 50 0 50 50 0 50 50 0 50
6 30 0 70 30 0 70 30 0 70
7 0 70 30 0 70 30 0 70 30
8 0 50 50 0 50 50 0 50 50
9 0 30 70 0 30 70 0 30 70

10 60 20 20 60 20 20 60 20 20
11 40 30 30 40 30 30 40 30 30
12 40 45 15 40 45 15 40 45 15
13 40 15 45 40 15 45 40 15 45
14 20 40 40 20 40 40 20 40 40
15 20 20 60 20 20 60 20 20 60
16 20 60 20 20 60 20 20 60 20

3. Research Method
3.1. Experimental Method

In order to exclude the influence of liquid on the experimental results, all the test
samples were maintained in a drying state. First of all, we measured the maximum dry
density of each sample three times in accordance with the method recorded in the teaching
material of MSU “Laboratory work on soil science” [49] and took the arithmetic average of
the three experimental results as the final experimental value. Then, we subjected these
test samples to the direct shear test with a DSJ-3 instrument (State key laboratory of frozen
soil engineering, Lan Zhou, China, Figure 1) under the obtained maximum dry density of
the sample and obtained the maximum internal friction angle for each sample under its
maximum dry density.
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Figure 1. Equipment for direct shear test (DSJ-3). 1: strain meter; 2: shear box; 3: control panel.

3.2. Analysis Method

In our study, the physical–mechanical properties of the samples were affected by the
content of different particle components. In other words, there were two or more variables
in the function that described the physical–mechanical properties of the samples. In this
case, the traditional two-dimensional chart could not satisfy the research requirement.
Therefore, we used the triangular nomogram to analyze the influence of the particle size
distribution on soil properties. In the triangular nomogram, the three sidelines mean the
mass content of three different particle components in the sample, which are arranged
counterclockwise (Figure 2a).
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Minerals 2022, 12, 135 5 of 13

Based on this, we can consider assigning specific values that reflect soil properties
to points in the nomogram, such as porosity, compression modulus and internal friction
angle. In this way, the points in the triangular nomogram can be regarded as soils with
specific particle size distributions and properties. Thus, connecting the points with the same
value by isolines, the triangular nomogram reflects the change regulates of soil properties
under different particle size distributions. For example, Figure 2b shows the change in the
maximum dry density of soil mixtures under different particle size distributions (Figure 2b).

The isolines can be plotted by hand or a program such as Origin. However, in
order to exclude the impact of human factors, we preferred to use a program to plot the
isolines. With the help of the function “Ternary Graphs” in Origin, we plotted the isolines
automatically in accordance with the inputted data.

4. Result and Discussions
4.1. Result

As mentioned above, the influence of mineral particles on the physical–mechanical
properties of soil bino-mixtures has been studied sufficiently. Our results once more verify
the results obtained by researchers previously, showing that when there is only one filler
in the soil mixture, the physical–mechanical properties of the obtained soil mixture are
significantly affected by the mass content of the filler and diameter ratio of the soil particles
in the mixture during the process, when different fillers are gradually added to the skeleton
particles (Figure 3a).
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composed of fractions: 4–2 mm, 2–1 mm, 1–0.5 mm; (c) Changes in the maximum internal friction
angle of soil mixtures composed of fractions: 4–2 mm, 1–0.5 mm, 0.25–0.1 mm; (d) Changes in the
maximum internal friction angle of soil mixtures composed of fractions: 4–2 mm, 0.5–0.25 mm,
0.06–0.03 mm.

1. When the mass content of the filler was equal to or less than 30%, the values of the
maximum internal friction angle of the soil mixture changed little; however, when the
mass content of the filler exceeded 30%, the maximum internal friction angle of the
soil mixture gradually decreased with the increase in the mass content.

2. As the mass content of the filler changed, the void ratio of soil mixtures changed at
the same time. Especially when the mass content of the filler exceeded 30%, the void
ratio of soil mixtures gradually decreased with the increase in the mass content, as
confirmed previously [50–53]. In this way, the strength of soil bino-mixtures decreased
at the same time.

3. The physical–mechanical properties of the soil mixture were significantly affected
by the particle diameter ratio. The smaller the particle diameter ratio, the more
sensitive the properties of the soil mixture were to the filler, and the greater the slope
of the curve.

When the soil mixtures contained two types of fillers, through the obtained triangular
nomogram (Figure 3b–d), we found that the isolines had developed ellipse-like closed
curves: the value of the isolines increased gradually from outside to inside, and the extreme
value area was located in the center of the triangle to the right.

Besides that, in the obtained triangular nomogram, we also found a region in which
was located the extreme value of the internal friction angle of the soil mixture. When the
mass content of the skeleton particles was about 70%, the internal friction angle of the
soil mixture had a maximum value that was affected by the particle diameter ratio (D).
When the value of the particle diameter ratio (D) decreased from 1/2 to 1/8, the maximum
internal friction angle increased from 44 to 47. When the mass content of skeleton particles
was less than 70%, the strength of the soil mixture reduced with the decrease in the mass
content of the skeleton particles.

4.2. Discussions

Through our experiments, we found that the shear strength of a soil mixture is mainly
determined by its skeleton particles. When the mass content of the skeleton particles is
more than 70%, the structure of the soil mixture is mainly composed of skeleton particles,
and the pores among the skeleton particles are partly filled with fillers (Figure 4a). In this
case, the shear strength of the soil mixture mainly depends on the mechanical friction and
occlusal force between the skeleton particles, meaning its strength is close to the shear
strength of the skeleton particles.

When the mass content of the skeleton particles is close to 70%, although the structure
of the soil mixture is still mainly composed of skeleton particles, the pores among the
particles are fully filled with fillers (Figure 4b). In this case, the movement of skeleton
particles in the shearing process has to overcome not only the mechanical friction and
occlusal force between the skeleton particles, but also the above-mentioned forces between
the skeleton particles and fillers and the forces between the particles of the fillers themselves.
The additional resistance leads to improvement in the shear strength of the soil mixture to
a certain extent.
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When observing particle movement through high-density samples, we must pay
attention to the influence of the particle morphology. Images (Figure 5) obtained through
SEM showed that the shape of soil particles with a diameter of 4–2 mm was more rounded
compared to other original particles (especially those with a diameter of 0.06–0.03 mm),
which had a sharper surface. Besides that, the shape of soil particles with a diameter less
than 1 mm had obvious artificial fractures and mineral cleavages.



Minerals 2022, 12, 135 8 of 13

Minerals 2022, 11, x FOR PEER REVIEW 9 of 14 
 

 

  
(a) 

  

(b) 

  
(c) 

Figure 5. Cont.



Minerals 2022, 12, 135 9 of 13Minerals 2022, 11, x FOR PEER REVIEW 10 of 14 
 

  
(d) 

  
(e) 

  
(f) 

Figure 5. Images of soil particles with different sizes by SEM: (a) 4–2 mm; (b) 2–1 mm; (c) 1–0.5 mm; 

(d) 0.5–0.25 mm; (e) 0.25–0.1 mm; (f) 0.06–0.03 mm. 

At the same time, we applied the shape parameter of soil particles RW (particle 

roundness) to quantitatively describe the influence of the particle morphology. RW 

(particle roundness) means the ratio of the average curvature radius of each inflection 

point in the plan projection of the soil particle (∑𝑟𝑖/𝑛) to the maximum inscribed circle 

radius inside the plan projection of the soil particle (R) (Figure 6), which reflects the 

sharpness of each corner [54]. Its mathematical formula is as follows: 

𝑅𝑊 =
∑𝑟𝑖/𝑛

R
 (1) 

Figure 5. Images of soil particles with different sizes by SEM: (a) 4–2 mm; (b) 2–1 mm; (c) 1–0.5 mm;
(d) 0.5–0.25 mm; (e) 0.25–0.1 mm; (f) 0.06–0.03 mm.

At the same time, we applied the shape parameter of soil particles RW (particle
roundness) to quantitatively describe the influence of the particle morphology. RW (particle
roundness) means the ratio of the average curvature radius of each inflection point in the
plan projection of the soil particle (∑ ri/n) to the maximum inscribed circle radius inside
the plan projection of the soil particle (R) (Figure 6), which reflects the sharpness of each
corner [54]. Its mathematical formula is as follows:

RW =
∑ ri/n

R
(1)
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where RW—the particle roundness; ri—the radius of the inscribed circle at the inflection
point where the curvature radius of the particle contour is less than or equal to the maximum
inscribed circle radius R; n—the number of inflection points; R—the maximum inscribed
circle radius of particles.
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Figure 6. Sketch of the maximum inscribed circle and inflection points; Figure 7 change in the particle
roundness under different particle sizes.

Obviously, the value of particle roundness (RW) changes from 0 to 1, and the closer to
1, the closer the shape of the soil particle to a circle.

In Figure 7, we can see that the values of roundness for soil particles with diameters of
4–2 mm, 2–1 mm and 0.06–0.03 mm changed in a relatively small range, and the average
values of particle roundness were essentially in agreement with its median. At the same
time, the values of roundness for soil particles with diameters of 1–0.5 mm, 0.5–0.25 mm
and 0.25–0.1 mm were distributed unevenly and changed in a relatively large range. The
average values of particle roundness were less than the median. In general, we found that
the average value of particle roundness gradually decreased with a decrease in particle size.
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Therefore, when the pores among skeleton particles were fully filled with fillers, the
irregularity of the particle shape played a role in hindering the mutual movement of soil
particles. Because the movement of soil particles needed to overcome more bite force, the
shear strength of the soil mixture increased. Besides that, as soil particles with a diameter
of 0.06–0.03 mm possessed the worst roundness, the maximum internal friction angle of
the soil mixture composed of original soil particles with diameters of 4–2 mm, 0.5–0.25 mm
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and 0.06–0.03 mm was slightly larger (ϕ = 47◦) than that of the other two types of soil
mixtures (Figure 3d).

When the mass content of the skeleton particles was less than 70%, the structure of the
soil mixture gradually changed from a single structure dominated by skeleton particles to
a multi-structure dominated by the interaction between the skeleton particles and fillers
(Figure 4c). In this process, with the increase in the mass content of fillers, the skeleton
particles were gradually surrounded by finer particles, as if they were “floating” in the mass
of finer particles. In this case, the major type of contact between soil particles gradually
transformed from the single type into the multi-type, i.e., contact between the skeleton
particles and fillers and contact between the fillers. As the particles of fillers are smaller
than the skeleton particles, the contact area between particles in this case (skeleton–filler,
filler–filler) decreased compared with the contact between skeleton particles. Therefore,
this weakened the friction and bite force between the soil particles to some extent. In this
case, we found that the shear strength of the soil mixture was significantly reduced as
compared with the previous value. Additionally, the smaller the particle size of fillers, the
more obviously the shear strength of the soil mixture decreased.

When the mass content of the skeleton particles was less than 30%, the soil mixture
was mainly composed of fillers. At this point, the structure of the soil mixture was mainly
dominated by fillers (Figure 4d), and the type of contact primarily became the contact
between filling particles. In this case, the shear strength of the soil mixture mainly depended
on the friction and bite force between filler particles, and certainly, its values were close to
the shear strength of the fillers.

5. Conclusions

In our research, the change in physical–mechanical properties of soil mixtures under
different particle size distributions was presented well by the triangular nomogram. When
the mass content of the skeleton particles was more than 70%, the shear strength of the soil
mixture was close to the values of the skeleton particles. At the same time, the irregular
shape of the particles increased the shear strength of the soil mixture to some extent. As
the content of the filler increased gradually (as the mass content of the skeleton particles
became less than 70%), the particle structure composition of the soil particles gradually
changed, and the contact between single aggregate particles gradually turned into that
between aggregate particles and filler particles and between pure filler particles. In the
process, the shear strength of the graded sand gradually decreased and eventually tended
towards the shear strength of the filler (as the mass content of the skeleton particles became
less than 30%).

In summary, the improved triangular nomogram provided us with a new train of
thought to present the influence of mineral particles on the properties of soil. Through the
analysis of the change regulation of the maximum internal friction angle of the soil mixture
by using a triangular nomogram, we found that the improved triangular nomogram is an
effective model and method that can be used to analyze and simulate the properties of soil
multi-mixtures. In the case of multiple variables, we can use the triangular nomogram or
even its three-dimensional model to analyze and describe the change regulation of soil
properties under different factors.
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