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Abstract: The paper presents a mechanical and a mathematical model, developed by the author
for the study of the dynamical behavior of a tamping rammer. At first, some aspects related to the
compaction of soil for construction works are presented. In this study, the soil was modeled using
the Kelvin—Voigt model. To validate the mathematical model, a program written in C language, that
allows to analyze the parameters that influence the operation of the tamping rammer, was developed.
Three constructive variants of tamping rammers, following the variation of the displacements of the
frame and the sole and the variation of the impact force were analyzed. In the final part, the variation
of the studied parameters is illustrated by means of graphical representations. The variation of the
studied parameters becomes symmetrical, related to an equilibrium position. Using the application,
developed by the author, the variation of the sole and frame displacements, and the variation of
the impact force can be traced. The numerical results obtained by running the application, (using
three sets of input data), demonstrate the accuracy and the correctness of the proposed mathematical
model by analogy with the values provided by the manufacturers. Finally, further research in this
field is presented.

Keywords: vibrations; dynamic behavior; tamping rammer; soil compaction; mathematical model

1. Introduction

The soil and the materials that form the basis of some constructions (buildings, roads,
railways) are found in their natural state in a loose form, and are defined mainly by three
factors: humidity, porosity, and relative density [1].

In most of the cases, the soil is weak in its natural state and is characterized by low
mechanical strength. So, in order to ensure a high stability that allows it to withstand heavy
loads, the soil must be compacted.

The materials used for the foundations (soil, concrete, etc.) may contain, in addition
to the solid fraction, liquid and gaseous fractions. Under the action of external loads,
the materials tend to settle after a minimum volume, the liquid part moving towards the
surface, as the small solid particles tend to occupy the gaps between the larger particles.
The increase of the degree of tamping, respectively of the apparent specific weight in the
natural state, determines an increase of the construction stability and of the loads supported
by the terrain.

Any study on the behavior of machinery used to increase the mechanical strength of
soil must also consider the interaction between the machine and the soil. In addition, the
behavior of the soil following the action of the machine must be considered (i.e., the way in
which the soil changes its properties) [2].

The behavior of the soils, under the action of the external loads, is characterized by
strength and deformability indices that depend on the nature of the terrain, the intensity,
the type of loads and acting time, but also on the size and shape of the surface through
which the loads are transmitted to the ground.

Under the action of external loads, stresses can occur, and the resulting deformations
can be in the form of vertical displacements, horizontal displacements and rotations [3].
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From the point of view of the mechanization of construction works, a special interest
is presented by the mechanical properties of compressibility, shear strength and linear
deformation module. Compressibility is the property of the soil to deform under the
action of external compression stresses, i.e., to reduce its volume by reducing the volume
of the pores. The main compressibility characteristics of soils are [4]: specific settlement,
compressibility coefficient, and lateral pressure coefficient.

In the study of the tamping rammers, the nature of the soil must be considered.
Thus, in addition to the detailed knowledge of the operation modes of these machines,
it is also necessary to know in detail the effects these machines have on soil during the
compaction process.

For the correct study of the phenomena and the establishment of the mathematical
relations, it is necessary to represent the soil through a mechanical model. It must reproduce
the fundamental properties of the soil in such a way as to obtain the most realistic behavior
of the machine-soil assembly. The properties to be modeled using the mechanical model
are the following: elasticity, plasticity, viscosity and shear strength.

The mechanical models of the soil that consider only one of these properties, neglecting
the others, are simple mechanical models. The most used mechanical models, according to
scientific literature [5,6] are: the Hooke model, the Newton model, the Saint-Venant model
and the simple Bathelt model.

The paper uses the Kelvin—Voigt mechanical model, widely used to describe the
viscoelastic behavior of the soil, the characteristics of the model being presented according
to [7-12]. The Kelvin—Voigt mechanical model consists of a coil spring and a shock absorber,
mounted in parallel. As the soil is not perfectly elastic or perfectly plastic, the Kelvin—Voigt
model was considered suitable for this study. Further developments can be made using
other mechanical models.

More complex models of the soil were considered in different studies [12,13]. The
behavior of the soil under the action of external loads is intensively studied by researchers,
and various models of analysis were developed [14-17].

Landscaping companies use their own mechanical and mathematical models, supple-
mented by many functional tests and appropriate adjustments.

Mechanical models of tamping rammers have been developed by other authors [5,9].
The model developed by Bardescu [5] studies the behavior of the compactor in three phases:
the jump phase, the soil deformation phase, and the rest phase. The soil deformation phase
is also divided into three stages, so that the study of the behavior of the compactor may be
performed in five stages, and for each phase different equations of motion can be written.

Broman and Jonsson [9] propose another more compact theoretical model, but the
hypotheses used do not consider the loss of contact between the sole and the ground.
Additionally, in this variant, three geometric parameters are used to define the movement.

The model proposed in this paper considers the detachment of the sole from the
ground, as well as the mounting dimensions of the coil springs. The movement is described
using two independent geometric parameters (frame and sole displacements). The analysis
of the displacements of the sole and the frame is highlighted through graphs, of great
importance being the amplitudes of these displacements, as well as their shape. Unlike
the analyzed models, it allows the determination of the impact force on the soil, its graph
shows the detachment of the sole from the soil.

By modifying the input data (the dimensions and masses of the components, the
characteristics of the coil springs, the damping constant of the cylinder, the working speed,
the engine torque, etc.), one can analyze the influence they have on the operation of the
machine. Thus, with the help of this theoretical model, both the dynamic behavior of the
tamper rammer and the influence of some constructive parameters on its operation are
studied, because the geometric dimensions of the components are also considered.

The proposed mathematical model allows a more accurate determination of the dy-
namic behavior of the tamper rammers and can be developed for the study of vibrations
transmitted to the human operator.
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The mathematical model was solved by means of a C language application devel-
oped by the author, that allows the analysis of the machine’s behavior according to its
constructive and kinematic parameters.

2. Mechanical and Mathematical Model of Tamping Rammer

Construction equipment companies offer only the final products, not their mathe-
matical models. At present, in our country, the aim is to develop local products that are
competitive with the imported ones. The research activity contributes to the fulfillment of
this goal, by developing some models of machines based on which these machines can be
designed and manufactured.

The tamping rammers are machines used for compacting the soil by tapping and are
used especially in narrow spaces, where the use of other machines is not possible. It is
used for compacting the soil around foundations, preparing the soil for pouring concrete,
compacting the soil used to fill ditches for pipes or cables, as well as for compacting asphalt
in road or pavement repair works. Rammers provide a high impact force (with a high
amplitude of the sole displacement) being very suitable for compacting cohesive or semi-
cohesive soils. Tamping rammers use three types of compactions: impact, vibration, and
kneading. These provide a small compaction depth, between 0.6-0.8 m; the compacted
surfaces have small dimensions, but a hard permeable surface crust is obtained, so a high
degree of compaction. Due to the inclination of the cylinder axis of the compactor at an
angle of 10-17° to the vertical, the rammer can perform a forward movement, by displacing
10-15 cm at each jump. The lifting height of the mallet is 30-100 mm, and the number of
strokes /minutes is between 400-800. The mass of the tamping rammers is between 50 and
200 kg.

The compaction effect is obtained by:

the effect produced on the sole by the connecting rod-crank mechanism;

the shock produced by the fall of the rammer after performing the jump;

the effect of low frequency vibrations that are transmitted to the ground each time the
rammer falls.

According to Figure 1, the tamping rammer consists of: compacting plate (1), oil
cylinder (2), bellows (3), gear reducer (4), anti-vibration rubber elements (5), driving engine
(6), frame (7), drive handle (8), and fuel tank (9).

Figure 1. The main components of a tamping rammer.
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The drive engine can be diesel or gasoline powered, in two or four strokes, with the
driving powers with values in the range of 1.4—4 kW, and speeds of 2300—4500 rpm. The
mechanical motion from the drive (6) is transmitted to the gear reducer (4) by means of a
centrifugal coupling which is not visible in Figure 1. The gear reducer allows the reduction
of the speeds up to values comprised between 400-800 rpm. The gear reducer drives a
connecting rod-crank mechanism to which a piston connected by means of helical springs
acts on the sole (1). The sole performs an oscillating motion with a certain frequency and
amplitude. The damping effect is ensured by the bellows cylinder (2, 3), filled with oil; the
lack of oil causing a malfunction of the tamping rammer.

The operating of the machine during its functioning is ensured by means of the drive
handle (8). To reduce the vibration of the actuating handle, anti-vibration rubber elements
(5) are provided between the handle and the frame (7).

During the operation of the machine, the sole performs jumps (detachments from the
ground) of heights between 30-100 mm. The frame moves in the vertical direction in the
range of 30-50 mm, the vibrations transmitted to the actuating handle (therefore also to the
operator) being lower due to the anti-vibration rubber elements.

The dimensions of the compacting plate are in the range (150-300) x (270-350) mm.
The rammers have a working speed between 820 m/min and a productivity between
175-350 m? /h. The value of the impact force is given by the mass of the machine, along
with the force developed by the helical springs in the cylinder, this value being between
9-21 kN.

Considering the aspects presented above, it can be noticed that there are a number of
parameters that influence the dynamic behavior of the tamping rammers. The mechanical
model of the rammer is simple, without many constructive variants.

The operation of the rammer is influenced by some parameters: kinematic parameters
(determined by the characteristics of the drive), geometric parameters (determined by the
dimensions of the elements of the machine), mechanical parameters (determined by the
mass of the machine or the forces developed in the springs).

To study the dynamic behavior of a rammer and to determine its operating parameters,
the author developed a mechanical model of the compactor (see Figure 2).

0 >

y

X2

Figure 2. The mechanical model of the tamping rammer.
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In developing the mechanical model, the soil is modeled based on the Kelvin—Voigt
model, which consists of a helical spring and a shock absorber mounted in parallel. The
values for the elastic and damping constants are selected by considering the category to
which the soil belongs, as well as based on its compaction degree.

The elastic constant ky, and the damping constant ¢, corresponding to the mathemati-
cal model of the soil can be determined based on [7,8]:

k:4'G.r,c: 3.4 2. Gt 1)
1—-v 1—-v g

where: G—shear modulus, r—the equivalent radius of the rammer plate, v—Poisson’s
coefficient, and y;—the specific gravity of the soil.
In addition, between the elastic constant k and the damping constant c, there is the

relation [9-11]:
c=2-D-vVmk )
where D is a damping coefficient (whose value, in this paper was considered D = 0.4).
Between G—the shear modulus and E—Young's elasticity modulus, the following
relation can be established:

E
2(1+v) ®)
Considering the mechanical model presented above, the author developed a mathe-
matical model for the study of the dynamic behavior of the rammer [18].
To develop the mathematical model, the following simplifying hypotheses were used:

G

e the system consists of three masses (the mass of the frame, drive engine and gear
reducer, the mass of the connecting rod-crank mechanism together with the spring
assembly, the mass of the sole together with the cylinder);

e the displacement is only in the vertical direction (the Ox axis is considered the axis

of symmetry);

all parts, except for the springs, are rigid;

the driving engine and the coupling parts are modeled as a rotating disc;

the moment of inertia I and the driving moment M are constant;

the elastic constants and the damping coefficient are linear.

In developing the mathematical model, the following notations were applied:

x1 and xp—the parameters defining the position of the elements which forms the

mechanical system (frame and compacting plate);

M-—the torque (constant);

w—angular velocity (constant);

¢—the angle between the crank and the vertical axis (denoted Ox);

{p—the angle made by connecting rod with the vertical axis;

mi—the total mass of the frame, engine, and gear reducer;

mp—the total mass of the piston, connecting rod, and the springs;

ms—the total mass of the compacting plate and cylinder;

r—length of crank;

b—the length of the connecting rod;

l;—the length of the springs in the mounted state.

The mechanical system shown in Figure 2 is a system with two degrees of freedom,
whose elements perform vertical movements, the geometric parameters defining the move-
ment of the system being x;—frame displacement, and x,—compacting plate displacement.

The crank rotates at a constant angular velocity in a trigonometric sense, acting on it
with a constant torque M. Torque M is replaced by a torque generated by a T force applied
to the crank end (Figure 2).

Considering the aspects presented above, the following relations can be determined:

. b-l]Jz-simp — r-w?sing

4 b-cosyp

rw-cosg
b-cosyp ’

(4)
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Applying Newton’s law leads to the following differential equations that define the
motion of m;, mp and m3 masses:
mixq = myg — Tosing + T cos P (5)

MZ%(M +rcos @+ bcosp)

. 6
=mpg—Tcosp+ki(xg—x1 — I —rcos @ —bcosp) + c1(xp — X1 + rwsin ¢ + by sin ) ©)

m3%xo = mag — ky(xy — x1 — Iy —rcos ¢ — bcos ) — ¢y (X2 — X1 + rwsin @ + b sin )
_{0 X <r+b+1h (7)
[kz()(z—?’—b—lﬂ-i-szCz] Xp >r+b+14
In the Equation (7), it was considered that the mass mj3 is not in permanent contact
with soil.

The following differential expression can be obtained:

d? d,. : . - .2

E(aq +r-cosp+Db-cosyp) = ﬁ(xl — wrsin@ — bpsin) = ¥ — w?rcos ¢ — bipsin — by~ cos 8)
Thus, Equation (6) becomes:

2

. - .2
MpX] — My - W"-17-COSQ —My-b-P-sinyg—mp-b-¢ -cosp =my-g—T-cosy

. ©)
+ky-(xp—x1—lj—r-cosp—b-cosp)+c1-(xp—x1+7r-w-sing+b-¢P-siny)
The unknown represented by T from (5) is replaced in the Equation (9), leading to:
(my +my)x; = (my +mp)g — Tosing +ky(xy —x7 —I; —rcos ¢ — bcos )

: : ’ - -2
+c1(%p — X1 + rwsin ¢ + by sin ) + mo(w?r cos ¢ + bip sinp + bip cos )
The system of differential equations which describe the motion of the compacting
plate and of the frame, respectively, consists of two differential equations:

(10)

(ml + mz)il = (m1 + mz)g —Tysing +k1(X2 —x1—Ilj —rcos¢ — bCOSlP)
. . . .. )
+c1(xp — X1 + rwsin ¢ + by sin ) + mo(w?r cos ¢ + bip sinp + bip” cos )
m3Xy = ms3g —ki(xa —x1 — Iy —rcos g —bcosp) — c1(xa — X1 + rwsin @ + by sin )
_{ 0 xp<r+b+1hL
[kz(Xz—T—b—lﬂ—l—Cszz] Xop>r+b+1
To solve the system of differential equations, a program written in the C language [19],
developed by the author and based on the fourth order Runge-Kutta method [20], was
used. This program allows the determination of the movements of the frame and the
compacting plate, as well as the variation of the impact force exerted by the machine on the
soil surface.
In addition, by using this application, the influences of some parameters on the

dynamic behavior of the tamping rammer are also studied.
The input data are:

(11)

e  mj—the mass of the frame, driving engine and gear reducer altogether [kg];

e  mp—the mass of the piston, connecting rod and the springs altogether [kg];

e  mz—the mass of the compacting plate and cylinder altogether [kg];

e  kj—the elasticity constant of the helical springs [N/m];

o ¢;—the damping coefficient of the viscous damper [Ns/m];

e r—thelength of the crank [m];

e  b—the length of the connecting rod [m];

e ky—the elasticity constant of the soil (Kelvin—Voigt model) [N/m];

e (p—the damping coefficient considered at the soil modeling (Kelvin—Voigt model)
[Ns/m];

e  M—the moment applied to the crank [Nm];

e  n—the rotation speed of the crank [rot/min].
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The input data used in the analysis were obtained by studying the catalogues of the
tamping rammer’s manufacturers and by measuring/weighing the parts or subassemblies
the compactor consists of.

Figure 3 shows some parts of a disassembled compactor for weighing/measuring
its components.

(b)

Figure 3. Components of the tamping rammer: (a) helical springs unassembled, (b) helical

springs mounted.

Using this program, the dynamic behavior of the tamping rammer can be studied,
even before it is designed. It is also possible to analyze an existing variant and to make an
improved version of it by redesigning parts.

3. Numerical Modeling

The purpose of this section is to present the results of the numerical modeling of the
dynamic behavior applied in case of three different variants of tamping rammers.

The models (mechanical and mathematical) proposed by the author were validated by
comparing the results with the ones provided by the manufacturers. It was also intended to
validate the proposed models by performing measurements in the process of compacting
the soil when using tamping rammers. Further, three different variants of tamping rammers
are analyzed. The main characteristics are presented in Table 1.

Table 1. The characteristics of the analyzed tamping rammers.

Considered Parameter Symbol Variant 1 Variant 2 Variant 3

The mass of the frame, driving engine and

gear reducer altogether [kg] m 3 5 57
The mass c’)f the piston, connecting rod and of o 4 6 8
the spring’s assembly altogether [kg]

I mas o e compactn pltnd " n 18 »
The length of the crank [m] r 0.025 0.027 0.030
The length of connecting rod [m] b 0.210 0.225 0.230

The length the springs in mounted state [m] I 0.130 0.135 0.130
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Table 1. Cont.

Considered Parameter Symbol Variant 1 Variant 2 Variant 3

The elastic constant of the helical springs

from the tamping rammer [N/m] k 65,000 75,000 70,000
The damping coefficient of the viscous o 330 300 240
damper [Ns/m]

The moment applied to the crank [Nm] M 15 20 25
Crank’s rotation speed [rpm] n 670 700 600

Frame displacement [m]

0.03
0.025
0.02
0.015
0.01
0.005

-0.005
-0.01
-0.015

In the analysis, the aim was to determine the dynamic behavior of the compactor
according to its parameters (masses, distances, elastic constants of the springs, damping
constants, etc.). Thus, the movements of the frame and the compacting plate, as well as the
variation and value of the impact force developed by the tamping rammer, were analyzed.

Figure 4 shows the variation of the rammer’s frame for all three analyzed variants:

Variant 1 Variant 2 Variant 3

AR

AR

0.2

0.4 0.6 0.8 1 1.2 1.4 1.6 1.8 2

Time [s]
Figure 4. The displacements of the frame for all tree analyzed variants.

Analyzing the graph illustrated in Figure 4, it can be noticed that the variations in the
frame movements stabilize after a very short period, and these are symmetrical relative to
an equilibrium position. In addition, the frame displacements fall into small value ranges,
as follows:

e for the first variant, the displacement of the frame is less than 20 mm, so the vibrations
transmitted to the human operator are smaller.
in case of the second variant, the displacement of the frame is approximately 20 mm.
the third variant has higher values of the frame displacement, of almost 25 mm.

The values obtained for the displacement of the frame are important because the
displacement of the frame negatively influences the operation and wear of the engine and
the parts of the tamping rammer.

To reduce the vibration transmitted to the human operator, anti-vibration rubber
elements are inserted between the frame and the handle. Thus, small variations in the
frame displacement cause less vibration to the human operator. In Figure 5, the compacting
plate displacements in case of the three analyzed variants are presented. It can be noticed
that for each variant, the sole displacement falls within a range of values of 30-100 mm,
which is in accordance with the specifications given by the manufacturers.
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Variant 1 Variant 2 Variant 3
E 04
E N
Q
5 038 r\
3
e
= 036
8
=
; 0.34 \/
£
k3t
8, 032
g
o
© 03 ' v v ' ' v ! . .
0 0.2 0.4 0.6 0.8 1 1.2 1.4 1.6 1.8 2
Time [s]

Figure 5. The displacements of the compacting plate in the three analyzed variants.

In the case of the first variant, the displacement of the sole is approximately 45 mm,
and in the case of the second variant, the displacement is approximately 80 mm. For the
third variant, the displacement of the sole is about 100 mm. The second and the third
variations are symmetrical relative to an equilibrium position.

The values of the sole displacements are correlated with some of the input data, such
as: engine torque, speed at the output of the reducer, elastic constant of helical springs, and
damping constant. It was observed that an increase in the motor moment creates an increase
in the displacement of the sole and of the frame as well, with a negative influence on the
components of the machine and the human operator. Therefore, an appropriate correlation
must be found between the input data (engine torque, speed, spring and damping constants,
component masses) and frame and sole displacements.

Figure 6 illustrates the variation of the impact force developed by the tamping rammer,
for each of the three analyzed variants.

Variant 1 Variant 2 Variant 3
14000
12000 +
Z 10000 +
S 8000 1
S
S 6000 {
o,
g 4000 1
2000 o L
0 _ | \ ) I, I
0 1 2 3 4 5 6 7 8
Time [s]

Figure 6. The variation of the impact force for the three analyzed variants.

Table 2 shows three variants of tamping rammers produced by several manufac-
turers. It is noted that the values obtained from running the program for the impact
force and the height of the jumps are similar to those given by the manufacturers in the
presentation catalogs.
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Table 2. Some characteristics for the tamping rammers offered by the manufacturers.
. MIKASA Belle MIKASA
Considered Parameter Symbol MT55 RT 65X MT 72FW
The mass of the tamping rammer [kg] m 57 67 85
Impact force [kN] 9,8 12 13,7
The height of the jumps [mm] h 30-70 50-80 40-85

+ ['1MODEL 202209
91

Additionally, from the graphical representation, it can be seen that the time intervals
in which the impact force is zero correspond to the moments when the compacting plate
of the tamping rammer is not in contact with the soil, i.e., when the compactor performs
jumps. The behavior of the tamping rammer is influenced by several parameters. The
analysis of the behavior of a tamping rammer variant from its design stage is extremely
important. With such an analysis, an optimal version of a compactor can be developed, so
that both the operating and ergonomic requirements are met.

Another extremely important issue is that of the vibrations transmitted to the human
operator. Anti-vibration elements are inserted between the handle and the frame to reduce
the vibrations transmitted to the human operator. That is why it is very important to know
how the machine frame moves. The movement of the compacting plate illustrates the
behavior of the machine and is relevant in the soil compaction process. For this reason, it is
important to know the movement limits of the plate. The impact force developed by the
compactor is the most important factor in the soil compaction process, so it is necessary
to know its variation. The symmetrical /asymmetrical behavior is specific to the dynamic
technological response of these machines.

Based on the mathematical model, the author developed a software application in the
C language to analyze the dynamic behavior of a tamping rammer.

This program implements the fourth order Runge-Kutta method to solve the sys-
tem of differential equations. Figure 7a shows the function used for implementing the
Runge-Kutta method, and Figure 7b shows the function created to solve the system of
differential equations.

dow Help
a BE® &8 ~~ |BB8IE8 BODB| | % dhsh |[orocc .2 coobic retease

@AW wman
<[+ FIMODE 2002099
void rkdst(int nrec, double xi, double Y1[], double pasxz, double *YF) 3 74
3 ( int i; 75 void rkfunc(int nrec, double x, double ¥[], double *F)
double xl, yl[4],rl[4], r2[4], r3[4], r4[4], £[4]; 76 in(r*sin(omega*x) /b) ;
rkfunc (nrec, xi, Y1, f); 77 r*omegaxcos (omega*x) ) / (bxcos (psi)) ;
for (i=0;i<nrec;i++) 78 >*ps ip*psip*sin (psi)-omegaxomegaxr*sin (omegaxx))/ (b*cos (psi)) ;
{ rlfil=pasx*f[i];y1[i]=Y1[i]40.5Lxrl[i];} 79 ;
0. : 80 F[11=Y[3];
5 E)g 81 F[2]=( (ml+m2)*g-TO*sin(omega*x)+kl*(Y[1]-Y[0]-11-r*cos (omega*x)-b*cos (psi))+cl
82 F[3]1=( m3%g-k1(Y[1]-Y[0]-11-r*cos (omegakx)-b*cos (psi))-clx (Y[3]1-Y[2]+r*omegaks
{ r2[il=pasx*£[i];y1[i]=Y1[i]40.5L*r2[i];} 83| Lf(Y[1]>r+b+ll)
rkfunc (nrec L vl, ) 84 { F[3]-=(k2%(Y[1]-r-b-11)+c2*Y[3])/m3;
for (i=0;i<n ) 85 Af (k2% (Y [1]-r-b-11) +c2%Y[3]>0)
{ r3[il=pasx*f[i];yl[i]=Y1[i]+r3[i];} 86 fprintf(pf3, "¥15. 121E\n" ,m3*g+ (k2% (Y[1]-r-b-11) +c2%7[31)) ;
rkfunc (nrec, xi+pasx, yl, f); 87 else fprintf(pf2,"%15,121£\a",0); }

for (i=0;i<nrec;i++)
{ r4[il=pasx*f[i];}
for (i=0;i<nrec;i++)

{ YF[i]=Y1[i]+(rl[i]+2.0L*r2[1i]+2.0L*r3[1]+rd[1])/6.0L;}

ources dlb CompiteLog & Debug B
S 0 lnes 13

88| else fprintf(pf3,"%15.121f\n",
8oly
90

)i

(a) (b)

Figure 7. The function that uses the fourth order Runge-Kutta method. (a) The function used to imple-
ment the Runge-Kutta method. (b) The function created to solve the system of differential equations.

The program reads the input data and calls the two functions; the results are displayed
on the screen and are written to the files.

The graphical representations were plotted based on the values obtained after running
the program, using a series of input data (as shown in Table 1).

The software allows the way in which certain parameters influence the dynamic
behavior of the machine to be analyzed. The influence of the constructive parameters on
the impact force developed by the machine can also be analyzed.
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The mathematical model, along with the software, provides an extremely useful tool
for analyzing the dynamic behavior of tamping rammers.

4. Discussion

The study presented in the previous chapter shows the behavior of a tamping rammer
during its operation.

The mathematical model, previously presented, can be applied for the dynamic analy-
sis of any variant of tamping rammer. By changing the values of some input parameters
(kinematic, constructive), an improved version of the compactor may be obtained. The
impact force on the soil developed by the compactor can be analyzed by using the program
developed by the author.

In addition, the mechanical model previously presented can be improved and cus-
tomized for the analysis of the vibrations of the handle, knowing the implications that the
vibrations of the handle have on the health of the human operator.

Soil modeling was performed using the Kelvin—Voigt model; further analysis can be
performed using other soil models.

5. Conclusions

It is topical to carry out projects, especially in the construction industry, to allow the
development of appropriate work equipment. Thus, it was considered appropriate to
develop a mathematical model for a tamper rammer. Using this mathematical model, it is
possible to study the dynamic behavior of a tamping rammer, as well as the influence on it
of various parameters (kinematic or constructive).

There are few theoretical models of tamper rammers treated in the scientific literature,
and the manufacturing companies do not provide useful information in this area. The
model proposed by the author considers both the dimensions and masses of the component
elements, as well as the characteristics of the elastic and damping elements.

The soil is modeled using the Kelvin—Voigt model, thus highlighting its viscoelastic
properties. In this first development, it was considered that this model is sufficiently
accurate. Further developments may be based on more complex soil models.

Developing the theoretical model and the program can be the first step in designing of
a tamping rammer. In addition, based on the program, an analysis of the behavior of the
machine according to the input data can be performed.

However, it should be mentioned that there is a large variety of constructive variants,
the author taking into analysis over 50 variants of tamping rammers.

Depending on the manufacturer, the characteristics of these machines are different,
so the proposed model can be considered a very useful tool in analyzing the dynamical
behavior and performance of tamping rammers. For example, a machine weighing 60 kg
can provide an impact force in the range of 10-14 kN, depending on the design.

Because the dynamic behavior of the compactor depends on several factors, it is very
difficult to configure an “optimal” variant. The changing of some input data can improve
the values of a parameter (i.e., impact force), but it can increase the displacement of the
frame or sole, with negative impact on the operation of the machine components.

The author proposes a more realistic mathematical model for analyzing the behavior
of a tamping rammer, along with a software, written in C language.

To validate the mathematical model and the program, three sets of input data were
used, which correspond to three different variants of compactors. The values obtained for
the sole movement and the impact force are similar to those given by the manufacturers.

A more complex study can be carried out to develop a variant of tamping rammer
that ensures the development of a high impact force, with the lowest energy consumption.

Using other mechanical soil models, it is possible to analyze the behavior of the
machine in the case of different types of soils, by determining its efficiency.

Using this model as a starting point, more complex models can be developed. For
example, a soil-compacting machine with adjustable characteristics (depending on the
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elastic and damping elements), or an electrically operated machine that is quieter and more
environmentally friendly, can be developed. A mathematical model can also be designed
to study the vibrations transmitted to the human operator.
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