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Abstract: Linear and nonlinear effects often induce a pulse self-frequency shift as it propagates along
with an optical medium. Here, we theoretically investigate the transmission dynamics of asymmetric
pulses propagating along with an optical medium in the temporal and spectral domains. Due to the
asymmetric nonlinear phase-shift effect in the optical medium, the peak wavelength of asymmetric
pulses exhibits a redshift or a blueshift in the spectral domain, while it slows down or speeds up in
the temporal domain. Our results show that the peak wavelength shift initiated by a temporal or
spectral asymmetric pulse depends not only on the pulse intensity, but also on the initial pulse chirp
and dispersion of optical medium. We find that the peak wavelength shift of the asymmetric pulse
increases with the pulse intensity and the initial pulse chirp, together with the spectrum width. The
temporal and frequency shifts of the asymmetric pulses are found to be sensitive to the asymmetry
ratio as well. These excellent properties may lead to the realization of a self-frequency shift-based
tunable light source by launching asymmetric pulses into an optical medium.

Keywords: asymmetric pulse; self-frequency shift; self-phase modulation

1. Introduction

Optical soliton, which arises from the balance between dispersion and nonlinearity,
has been widely studied in various fields, including optical communication, micromachin-
ing, biomedical, and so on [1–4]. The output pulse trains, which are mostly generated from
mode-locked fiber lasers [5,6], can be theoretically described by means of the generalized
nonlinear Schrödinger equation (NLSE) or the Ginzburg–Landau equation (GLE) [7,8]. In
several previous experiments on optical soliton propagation in optical fibers or optical
waveguides, the self-steepening effect which results from the intensity dependence of
the group velocity can lead to an asymmetry spectrum during the process of self-phase
modulation (SPM)-induced spectrum broadening [9–12]. To accurately describe the evo-
lution dynamics of optical soliton propagating along with an optical medium, linear and
nonlinear effects, including group dispersion, nonlinearity, and high-order effects, often
should be taken into account [13,14]. As a result, the pulse spectrum exhibits a redshift or
a blueshift, which is also called a self-frequency shift. In general, the spectrum of optical
soliton with symmetric temporal profiles and spectrum almost remains unchanged during
propagation in optical fibers. However, the self-frequency shift plays a significant role for
several practical applications, including supercontinuum generation [15], tunable femtosec-
ond pulse sources [16], and so on. There are several ways to generate the self-frequency
shift. For instance, when optical soliton propagates along with optical fibers, a spectrum
redshift, which is also called the Raman-induced frequency shift (RIFS), often occurs due to
optical phonons Raman scattering [17–19]. The cross-phase modulation-induced modula-
tion instability can lead to the breakup of intense continuous wave radiation into a train
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of ultrashort pulses with a self-frequency shift [20]. More recently, Chang et al. proposed
the method of SPM-enabled spectral selection, which can achieve an octave-spanning
wavelength-shift [21,22]. Besides those, nonlinear metamaterials [23], topographic optical
fiber [24], and other photonic crystal fibers [25–27] have been widely used to generate
the self-frequency shift. Among those works, self-frequency shifts with an asymmetric
spectrum have been studied.

Although linear and nonlinear effects have been widely investigated in nonlinear
medium, most of the mentioned research focuses on an input optical pulse with symmetric
temporal profiles and spectrum, for instance, sech-shaped, Gaussian, or super-Gaussian.
However, during the propagation, a nonlinear pulse with asymmetric temporal profiles
or spectrum can often be obtained due to the high-order effects. For instance, when the
third-order dispersion effect of the optical medium is more prominent, the symmetric
pulse turns into an asymmetric pulse [13]. As the nonlinear pulse still undergoes the
balance between the dispersion and nonlinearity, we can denote the asymmetric pulse as
asymmetric soliton in a broad sense. The asymmetric pulse can exhibit self-acceleration
or self-deceleration depending on its tail behind or in front of its main lobe [28]. For the
asymmetric pulse, the unbalance between group dispersion and the nonlinear effect may
result in an overcompensated nonlinear phase shift. The influence of a nonlinear phase
shift on the propagation of vector asymmetrical soliton has been studied in a nonlinear
dissipative system in which XPM dominates the propagation dynamics, showing that the
pulses’ spectra exhibit redshift and blueshift alternately with a unique trajectory of pulse
trapping [29]. Moreover, asymmetrical surface soliton trains [30], spectral asymmetry of
optical breathers in the Manakov system [31,32], and strongly asymmetric soliton explo-
sions [33] have been widely studied in theory. However, third-order dispersion should
often be considered in the equation. Although, similar works about asymmetric evolution
have been studied [9,34,35]. Although nonlinear pulses have been widely observed in
experiments, the evolution dynamics of asymmetric pulses as the input pulse in an optical
medium in the temporal and spectral domains has rarely been thoroughly studied.

In this paper, we have numerically studied the evolution dynamics of asymmetric
pulses in an optical medium in the temporal and spectral domains. The peak wavelength of
the asymmetric pulse exhibits a redshift or a blueshift in the spectral domain, while it slows
down or speeds up in the temporal domain due to the asymmetric nonlinear phase-shift
effect in the optical medium. Our numerical results show that temporal and frequency
shifts of the asymmetric pulse are related to the launched pulse intensity, initial pulse chirp,
propagation distance, dispersion of optical medium, and the asymmetry ratio. The peak
wavelength shift of the asymmetric pulse increases with the pulse intensity and initial
pulse chirp, together with the spectrum width. It is found that the spectral-asymmetric
pulse has more advantages in terms of the spectral continuous tuning range. Unlike
symmetric pulses, these excellent simulated features of the asymmetric pulse may extend
the understanding of soliton nonlinear dynamics and lead to the realization and control of
a self-frequency shift-based spectral tunable light source by launching asymmetric pulses
into an optical medium.

2. Simulation Model

To study the propagation dynamics of the asymmetric pulse in an optical medium,
we assume that the initial input pulse has two different situations, which correspond to a
temporal-asymmetric pulse (TAP) and spectral-asymmetric pulse (SAP), respectively. The
temporal profiles and optical spectra are depicted as shown in Figure 1. For case one, the
time-varying envelope of the electric field of initial TAP can be written as [13]:

E1(t, Z = 0) = a
√

P1 A1(t + ∆τ0) exp(−iC1t2) (1)

where a is an intensity-dependent parameter, which means the multiple times of pulse
intensity, and is introduced to increase the maximum amplitude of the initially launched
pulse intensity, P1 is the peak power of the initial pulse, which is determined in Figure 1a,
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A1 is the slowly varying amplitude of the incidence pulse envelope, and ∆τ0 and C1 are the
initial time offset and chirp. The pulse envelope is superimposed by two closely Gaussian
pulses, resulting as an asymmetric pulse in the temporal domain. The separation between
the two pulses is set to be 0.6 ps and the pulse width is 0.3 ps. The detailed pulse envelope
formed by superposition can be seen in Figure 1a, indicating that the temporal profile
of TAP is asymmetric, with C1 = 0. Meanwhile, the corresponding spectrum depicted in
Figure 1b shows Gaussian-like symmetry by Fourier transform of the temporal profile in
Figure 1a.
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Figure 1. Temporal−spectral properties of the input pulse. (a) Temporal intensity profile and chirp of
initial TAP. (b) Corresponding symmetric spectrum of initial pulse. (c) Temporal symmetric intensity
profile and chirp of initial SAP. (d) Corresponding asymmetric spectrum of initial pulse.

For case two (i.e., SAP), the pulse should be maintained as symmetric in the temporal
domain. To obtain the initial asymmetric spectrum, the initial chirp of this pulse should
be assumed as a third-order nonlinear type, as shown by the blue line in Figure 1c. As
our assumed nonlinear chirp here is positive parabolic-like, as depicted by the blue line
in Figure 1c, the peak wavelength exhibits a redshift. On the contrary, if the nonlinear
chirp here is negative parabolic-like, it manifests a blueshift. To simplify the description
of influence factors, the time-varying envelope of the electric field of initial SAP can be
written as:

E2(t, Z = 0) = a
√

P2 A2(t) exp(−iC2t2) (2)

where P2 and C2 are the peak power and chirp of the initial spectral-asymmetric pulse,
and A2 is the slowly varying amplitude of the incidence pulse envelope, as shown in
Figure 1c, in which the pulse width is set to be 0.3 ps. For the convenience of represent-
ing spectral asymmetry, the electric field in the frequency domain can be described as
E2(ω, Z = 0) = U2(ω + ∆ω0). Here, ∆ω0 = 2πc∆λ0/λ2 is the frequency offset, where c is
the light speed in the vacuum, ∆λ0 is the initial peak wavelength offset, and λ is the center
wavelength. The corresponding spectrum can be seen in Figure 1d. It is easy to find that
there is somehow offset of the peak wavelength.
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The propagation dynamics of these pulses in optical medium can be modeled by
the nonlinear Schrödinger equation (NLSE) without gain and high-order effects (such as
Raman scattering), as follows:

∂u
∂z

= −i
β2

2
∂2u
∂t2 + iγ|u|2u (3)

where u(z, t) is the amplitude envelope of the pulse field, β2 is the dispersion of the
optical medium, and γ is the cubic refractive nonlinearity of the optical medium. Here,
the gain and loss are not considered due to the transmission dynamics in the optical
medium. The standard split-step Fourier method was employed to numerically solve
Equation (3) for the propagation dynamics of the asymmetric pulse in an optical medium
without emphasis on the role of the high-order effect [13]. We assume the parameters of the
optical medium as β2 = 20 ps2/km and γ = 4.5 W−1km−1 in our simulations to possibly
match the experimental conditions of a single-mode fiber. What needs to be emphasized
is that the parameters here are not immutable. They might be changed according to the
experiment conditions.

3. Numerical Results
3.1. Propagation Dynamics of Temporal-Asymmetric Pulse

Figure 2 shows the temporal and spectral evolution dynamics of the TAP in the
normal dispersion regime with the intensity-dependent parameter a = 2. In Figure 2a,b, the
temporal profile and spectrum of the initial input pulse are the same as that in Figure 1a,b.
As the initial time offset is negative, we denote it as the temporal left-asymmetric pulse
(TLAP). On the contrary, we denote it as the temporal right-asymmetric pulse (TRAP)
when the initial time offset is positive. As shown in Figure 2, the temporal and spectral
evolution dynamics are apparently different from those of a traditional symmetric pulse.
For simplification, the propagation distance, Z, here is set as 5 m. In general, optical soliton
with a sech2-shaped or Gaussian profile remains highly symmetric when propagating
along with normal or negative dispersion of the optical medium without considering the
high-order effects. Figure 2a shows that, when the temporal-asymmetric pulse propagates
along with the optical medium, the pulse width gradually increases. Meanwhile, it displays
a bending trajectory in the time domain, as depicted by the white line in Figure 2a. The
trajectory is directly related to the propagating speed of the pulse. As the bending trajectory
tends to the positive time direction, the group velocity of LAP gradually slows down.

In the frequency domain as shown in Figure 2b, a similar bending trajectory of the
spectrum can be seen as well, indicating that the spectrum displays a redshift. The final
frequency shift here is about 5.86 nm. Moreover, the temporal deceleration rate and spectral
redshift rate are directly proportional to the intensity-dependent parameter a. The larger the
value of intensity-dependent a, the more evident the time delay and wavelength redshift
become, if assuming a fixed propagation distance. The reason for this behavior can be
understood as follows. Spectral variation depends on the fact that a positive chirped pulse
undergoes spectral broadening through self-phase modulation (SPM) [29]. Under the
action of SPM, the TAP can introduce the asymmetric nonlinear phase shift. It appears as
the enhancement of the spectral asymmetry that the peak wavelength departs from the
center wavelength with spectral broadening. It was found that the process is dependent
on the pulse intensity determining the nonlinear effect [29]. Therefore, the spectrum shifts
significantly towards a longer wavelength due to the contribution of the nonlinear phase
shift. For the TRAP, the evolution dynamics are opposite to those of TLAP. The asymmetric
pulse speeds up in the temporal domain and exhibits a spectral blueshift in the frequency
domain, as shown in Figure 2c,d. As a result, we can conclude that the asymmetric shape
of the pulse plays a major role for the frequency shift direction, which is largely different
from that of a Raman-induced frequency shift. More importantly, the redshift and blueshift
can both be achieved, which provides a flexible tool to adjust the laser wavelength.
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3.2. Propagation Dynamics of Spectral-Asymmetric Pulse

For another case, the symmetric pulse with nonlinear chirp results in a spectral-
asymmetric pulse in the frequency domain, as shown in Figure 1d. Figure 3 shows the
temporal and spectral evolution dynamics of the SAP with a fixed intensity-dependent
parameter (a = 2). When the assumed nonlinear chirp is positive parabolic-like, we describe
it as the spectral right-asymmetric pulse (SRAP). On the contrary, we denote it as the
spectral left-asymmetric pulse (SLAP) with the negative parabolic-like nonlinear chirp. As
shown in Figure 3a, the propagation speed of SRAP becomes faster first and then slows
down gradually at the distance of Z = 1.64 m in the time domain. Meanwhile, the spectrum
exhibits a redshift in the frequency domain, as shown in Figure 3b. The pulse width and
spectrum bandwidth increase as well. This can be obviously manifested as the bending
trajectory in the temporal domain and the spectral blueshift in the frequency domain.
The bending trajectory can be attributed to the initial chirp. For SRAP, the initial chirp
is positive parabolic-like. Therefore, it will be compensated by a linear and generated
nonlinear phase shift. When the symmetric parabolic-like nonlinear chirp is decreasing, the
asymmetric nonlinear phase shift plays a major role during the propagation in the medium.
Similarly, the temporal acceleration rate and spectral blueshift rate are directly proportional
to the intensity-dependent parameter a. The larger the value of intensity-dependent a, the
more evident the time delay and peak wavelength blueshift become, if assuming a fixed
propagation distance. It is easy to find that the SLAP shows the opposite propagation
dynamics both in the temporal and the frequency domain, which are similar to those
of TAP.
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Compared with the propagation dynamics of these two types of asymmetric pulses,
we can find that the temporal shifts are all not very prominent, while the peak wavelength
shifts are obvious. Here, temporal shifts are all within 1 ps, while the maximum frequency
shifts for SRAS and SLAS are 3.46 and −3.43 nm, respectively. It should be noted that the
initial frequency shift of the spectral-asymmetric pulse is about −3.6 nm. The frequency
shifts of TAP are much larger than those of SAP for a fixed intensity-dependent parameter.
With further increment of the propagation distance, they are quite sensitive to the intensity-
dependent parameter, with its value in the range from 1 to 2.5, which is discussed in
the following section. This is very useful for spectral tuning based on the self-induced
frequency shift of the asymmetric pulse.
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It should be noted that the SPM-induced self-frequency shift is generally accompanied
with the spectral broadening, which means that the frequency shift can only be realized for
part of the original pulse. With the larger frequency shift, the spectral width is also larger,
and less energy is transferred. Therefore, the intensity-dependent parameter is limited to
2.5 or below to avoid the too-low conversion efficiency. However, the self-frequency shift is
still a meaningful method to control the pulse wavelength within tens of nanometers.

3.3. Influence of Propagation Distance on the Frequency Shift of Asymmetric Pulse

From the evolution dynamics of TAP and SAP, as shown in Figures 2 and 3, it is
not hard to find that the frequency shifts are related to the propagation dynamics. As a
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result, we set the propagation distance as the variation. Here, the maximum propagation
distance is set to be 10 m. As the propagation distance is longer, the pulse will exhibit
unregular spectral broadening, which displays a multi-peak asymmetric spectrum. This
might result from the strong nonlinear phase shift. As a result, it is difficult to mark the peak
wavelength. As shown in Figure 4a, for TLAP, the peak wavelength shifts are related to
the propagation distance. For an intensity-dependent parameter lower than 1.05, the peak
wavelength shift is limited. For an intensity-dependent parameter higher than 1.05, the
peak wavelength shift range increases obviously during the propagation. The maximum
peak wavelength shift is about 8.4 nm, with Z = 4.2 m and a = 2.5. Although, if the intensity-
dependent parameter is much higher than 2.5, the frequency shift might be bigger. The
spectrum displays multi-peaks with excessive nonlinear phase shifts. Meanwhile, the
peak wavelength might not be a center wavelength. As a result, the maximum intensity-
dependent parameter here is limited to 2.5. Therefore, we can infer that if we select the
TLAP as the input pulse, the propagation distance should be carefully optimized. Note
that there exists some discontinuity if the intensity-dependent parameter and propagation
distance are all large enough. For instance, if the propagation distance is about 4.2 m and the
intensity-dependent parameter is about 2.5, the spectrum displays multi-peaks, indicating
that the excessive nonlinear phase shifts are beyond the restraint of the asymmetry phase.
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As shown in Figure 4b, for SRAP, the peak wavelength shift shows the different
characteristics in comparison with TLAP. With increasing the launched pulse intensity
and propagation distance, the peak wavelength can be shifted to the longer wavelength.
Here, the maximum peak wavelength shift is about 6.78 nm when Z = 10 m and a = 2.5.
Compared with these two situations, it is easy to find here that the frequency shifts for
SRAP are always larger than those of TLAP, indicating that the application for SRAP has
more advantages in the terms of the spectral continuous tuning range. It should be noted
that the dispersion of the optical medium here is normal. If the dispersion is negative, the
propagation dynamics are different, which is discussed in the following section.

Under certain suitable conditions, an interesting phenomenon can be observed. The
peak wavelength shift can show the blueshift or remain nearly unchanged within a certain
distance, as shown in the region marked by the white line in Figure 4b for SRAP. To
clearly exhibit the propagation dynamics of these special situations, we set the propagation
distance as Z = 2 m and a = 2.2. As shown in Figure 5a, although the spectrum undergoes
broadening, the peak wavelength remains unchanged. The initial and final spectrum can be
seen in Figure 5b. We can easily find that the propagation dynamics of the peak wavelength
are similar to those of the symmetric pulse. This evolution process resulted from the balance
between the initial nonlinear chirp, nonlinearity, and SPM-induced nonlinear phase shift.
As the initial chirp is a positive parabolic-like nonlinear chirp, as shown in Figure 1c, it
cannot be compensated by the nonlinear phase shift. As a result, it appears as the weakness
of the spectral asymmetry that the peak wavelength approaches the center wavelength
with spectral narrowing. Therefore, the spectrum displays a blueshift.
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3.4. Influence of Dispersion on the Propagation of Asymmetric Pulse

As shown in Figure 6, the influence of dispersion of the optical medium on the propa-
gation of the asymmetric pulse can be found. Here, the propagation distance is set to be 5 m.
For TLAS, as depicted in Figure 6a, with the increase of normal dispersion, the frequency
shift process would be weakened, as the larger dispersion can lower the peak power by
stretching the pulse. When the intensity-dependent parameter is lower than 1.1, the peak
wavelength shift always maintains a low level. As the intensity-dependent parameter is
increasing, the spectra show a stronger redshift. The maximum peak wavelength shift is
about 14.8 nm, while a = 2 and dispersion of the optical medium as zero. Note that here,
the dispersion is set as normal. When dispersion is negative, the asymmetric pulse suffers
from the pulse splitting under a low peak power due to an uncompensated nonlinear phase
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shift. As a result, the obvious self-frequency shift cannot be achieved because the peak
wavelength is uncertain.
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For SRAP, as shown in Figure 6b, the spectra will exhibit the blueshift or redshift
under the distinct dispersion condition as well as the peak intensity. A clear boundary can
be seen as the white line in Figure 6b, and the boundary means that the peak wavelength
remains unchanged. At the right side of the boundary, the frequency shift always remains
positive, indicating that the spectra display a redshift. With a = 2 and β2 = 5 ps2/km, the
maximum wavelength shift is ~4.28 nm. At the left side of the boundary, the blueshift can
be achieved. With a = 0.5 and β2 = 25 ps2/km, the maximum wavelength shift is ~−7.53 nm.
The formation mechanism of the evolution can be explained with the process shown in
Figure 3. As we noted before, the asymmetric nonlinear phase shift is dependent on the
pulse intensity. For the situation of the left boundary, the nonlinear phase shift generated
from the SPM effect is stronger than that of the linear shift from optical medium dispersion.
However, the initial chirp is a positive parabolic-like nonlinear chirp, as shown in Figure 1c,
and it cannot be compensated by the nonlinear phase shift. As a result, it appears as
the weakness of the spectral asymmetry that the peak wavelength approaches the center
wavelength with spectral narrowing. Therefore, the spectrum displays a blueshift. On the
contrary, for the situation of the left boundary, the spectrum displays a redshift. While
the asymmetric nonlinear phase is balanced with initial chirp and linear shift, the peak
wavelength remains unchanged.
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3.5. Influence of Initial Chirp on the Propagation of Asymmetric Pulse

As the propagation dynamics of the asymmetric pulse are quite sensitive to the
nonlinear phase shift, the initial chirp of the asymmetric pulse plays an important role for
the peak wavelength shift as well. Therefore, we changed the initial chirp without changing
other parameters. It should be noted that we changed the initial chirp by additional chirps
(C1 or C2). Here, C1 or C2 are normalized chirp parameters [13]. As the initial chirp is
changed, the compensable nonlinear phase shift is varied as well. As the initial chirp of
TLAP is zero, the corresponding spectrum shows Gaussian-like symmetry. However, if the
initial chirp is nonzero, the corresponding spectrum is asymmetric. As shown in Figure 7a,
it is easy to find that as C1 is negative, the peak wavelength shifts maintain a low level,
while the intensity-dependent parameter increases. However, if C1 is positive, it shows
a strong redshift. Meanwhile, with increasing the intensity-dependent parameter and
initial chirp, the peak wavelength shift increases as well. The maximum peak wavelength
shift is about 11 nm, while a = 2 and C1 = 5. Note that when the initial chirp is near
zero, there exists some discontinuity if the intensity-dependent parameter is large enough,
which corresponds to a multi-peak spectrum as well. This can be attributed to the strong
nonlinear phase shift generated from the SPM effect. If the peak wavelength is strong
enough, the SPM effect will induce a multi-peak, which is similar to that of SPM-enabled
spectral selection [21].
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For the SRAP, the propagation dynamics are opposite to those of TLAP, as shown
in Figure 7b. As the additional chirp (C2) is positive, SRAP exhibits a redshift while the
peak frequency shift is unsensitive to the launched pulse intensity. However, the peak
wavelength shift is largely enhanced as the initial chirp and intensity-dependent parameter
decrease. The maximum peak wavelength shift is about 9.2 nm, while a = 2 and C1 = 5.
Meanwhile, the peak wavelength shift is directly nonlinear proportional to the initial
chirp. This result is different from the effect of optical medium dispersion and propagation
distance. For the temporal-asymmetric pulse, as shown in Figure 7a, the frequency shift is
almost linear proportional to the initial chirp and peak power. However, for the spectral-
asymmetric pulse, the frequency shift displays a nonlinear pattern while the C1 is negative,
as shown in Figure 7b. This might be originated from the initial positive parabolic-like
nonlinear chirp. Although the additional negative chirp, C1, is linearly varying, the total
chirp is changed nonlinearly.

3.6. Influence of Dispersion and Initial Chirp on the Propagation of Asymmetric Pulse

As we discussed before, both initial chirp and dispersion of optical medium can
effectively affect the frequency shift of the asymmetric pulse. Therefore, if we take those
two factors into account, the phenomena of frequency shift might be enhanced. The
propagation distance is set to be 5 m, while the intensity-dependent parameter is set to be 1.
As depicted in Figure 8a, for TLAP, when the initial chirp is negative, the peak wavelength
displays a slight blueshift, which is determined by the chirp shaping the pulse profile and
frequency distribution. This can be attributed to spectral narrowing induced by the inverse
four-wave mixing [36].
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As shown in Figure 9a,b, when the initial chirp is about −7, the temporal profiles and
spectra of the temporal-asymmetric pulse undergo narrowing and broadening, while the
spectrum bandwidth has no significant change. Due to the balance between the dispersion
of optical medium and initial chirp, the spectrum bandwidth can remain almost unchanged
with an obvious frequency shift. The peak wavelength shifts about −1.9911 nm, which is
limited by the spectral width of the initial pulse. Moreover, if the initial chirp is positive,
the peak wavelength shift has a nearly linear relation to the optical medium dispersion.
It is not hard to find that the maximum peak wavelength shift is about 22 nm when the
optical medium dispersion is −5 ps2/km and the initial chirp is 10. As the optical medium
dispersion is negative, the pulse undergoes pulse compression, leading to a stronger pulse
intensity. Moreover, as the initial chirp is positive, the generated nonlinear phase shift can
induce the asymmetrical spectral broadening as well. As a result, the frequency shift m.
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For SRAP, as shown in Figure 8b, the spectra exhibit a blueshift and a redshift as well,
with appropriate initial chirp and optical medium dispersion. It is easy to find that if the
initial chirp is negative, the frequency shift always remains positive, indicating that the
spectra display a redshift. This result is similar to that of the temporal-asymmetric pulse,
which maintains a slight blueshift. The detailed propagation dynamics can be seen in
Figure 9c,d, while the optical medium dispersion is −1 ps2/km and the initial chirp is −20.
The bandwidth of the final spectrum decreases into almost half of the initial bandwidth.
Meanwhile, the peak wavelength shifts about 2.39 nm, as shown in Figure 10b. If the initial
chirp is positive, the peak wavelength shift has to do with the initial chirp and dispersion
of optical medium. Meanwhile, as the dispersion of optical medium is gradually moving
towards the region of negative dispersion, the spectrum also gradually shifts from a redshift
to a blueshift.
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3.7. Influence of Asymmetry Ratio on the Propagation of Asymmetric Pulse

For the asymmetric pulse, the influence of the asymmetry ratio on the propagation
dynamics should also be considered. For a simple description of the asymmetry ratio, we
defined the initial temporal offset (∆τ0) and peak wavelength offset (∆λ0) as the temporal
and spectral asymmetry ratio, respectively. The propagation dynamics between the asym-
metry ratio and the intensity-dependent parameter can be seen in Figure 11. As shown
in Figure 11a, for TLAP, the influence of the initial temporal offset on the spectral shift
is not obvious, which is similar to that of the propagation distance. The maximum peak
wavelength shift is about 6 nm when ∆τ0 = 0.3 ps and a = 2. The initial peak wavelength
offset has a big impact on the spectral shift, as shown in Figure 11b. For SRAP, the peak
wavelength shift is directly proportional to the initial peak wavelength offset.

In general, the nonlinear transmission of the optical pulse is always an important
research area and provides several methods to control the pulse feature, such as self-
parameter amplification, self-similar evolution, modulation instability, and supercontin-
uum generation [36,37]. Our finding of the propagation dynamics for asymmetric pulses
originates from the ubiquity of asymmetric pulses in nonlinear optics and might change
the general conception and method in pulse characterization, transmission, and regulation.
In fact, the pulse intensity, initial chirp, dispersion of optical medium, and asymmetry ratio
can work in combination for the frequency shift, which is more efficient for practical appli-
cation. Meanwhile, these factors also interact with each other. For an intensity-dependent
parameter of 1.05, initial chirp of 10, dispersion of optical medium of −5 ps2/km, and
asymmetry ratio of 0.3 ps, the maximum peak wavelength shift can be 24.53 nm for the
temporal-asymmetric pulse. The spectral-asymmetric pulse displays no such peak wave-
length shift. The simulated results indicate that input nonlinear pulses with properly
tailored chirp or intensity can produce self-frequency shift pulses with high conversion
efficiency as well as a large tuning range. Since these frequency shift curves are predicted
by numerical simulation, one might raise the question of whether they are feasible exper-
imentally. Compared with the traditional Raman frequency shift, the asymmetric pulse
can achieve a redshift or a blueshift. Unlike the SPM-enabled spectral selection technique,
the nonlinear wavelength conversion might be improved. Considered for the possible
experimental implementation, the input asymmetric pulse and suitable propagation fiber
or optical medium should be carefully chosen. For generating the asymmetric pulse, a
Mach–Zehnder fiber structure composed of a time delay line or liquid crystal phase mod-
ulator can be employed to program the initial pulse shape and chirp. Moreover, chirped
fiber Bragg grating has been widely used for adjusting the chirp of the pump pulses in
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chirped pulse oscillation or chirped pulse amplification systems [38,39]. Besides optical
fibers, on-chip waveguides might be another choice for nonlinear frequency shifts [40]. The
waveguide structure can be precisely engineered to achieve a varied waveguide dispersion
along with the direction of propagation to produce a desired spectrum.
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4. Conclusions

In summary, we have numerically investigated the nonlinear propagation of an asym-
metric pulse in optical medium without emphasis on the role of high-order linear or
nonlinear effects. The asymmetry was studied in both the time domain and the frequency
domain. It was shown that the peak wavelength of the asymmetric pulse exhibited a red-
shift or a blueshift in the spectral domain, while it slowed down or sped up in the temporal
domain with an obvious bending trajectory. Our results demonstrate that the self-induced
frequency shift initiated by a temporal or spectral asymmetric pulse depends not only on
the intensity-dependent parameter, but also on the initial pulse chirp. In addition, we also
presented the influence of dispersion of optical medium and the asymmetric ratio on the
nonlinear propagation of the asymmetric pulse, showing that the spectral-asymmetric pulse
has more advantages in terms of the spectral continuous tuning range. These excellent
numerical results obtained here may lead to the realization of a frequency shift-based
tunable light source by launching the asymmetric pulse into an optical medium, and will
find important applications in multiphoton microscopy and the generation of high-power,
long-wave, mid-infrared femtosecond pulses.
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