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Abstract: Multimode integrated interferometers have great potential for both spectral engineering
and metrological applications. However, the material dispersion of integrated platforms constitutes
an obstacle that limits the performance and precision of such interferometers. At the same time,
two-colour nonlinear interferometers present an important tool for metrological applications, when
measurements in a certain frequency range are difficult. In this manuscript, we theoretically devel-
oped and investigated an integrated multimode two-colour SU(1,1) interferometer operating in a
supersensitive mode. By ensuring the proper design of the integrated platform, we suppressed the
dispersion, thereby significantly increasing the visibility of the interference pattern. The use of a
continuous wave pump laser provided the symmetry between the spectral shapes of the signal and
idler photons concerning half the pump frequency, despite different photon colours. We demonstrate
that such an interferometer overcomes the classical phase sensitivity limit for wide parametric gain
ranges, when up to 3 x 104 photons are generated.

Keywords: nonlinear interferometers; phase sensitivity; quantum interference; parametric down-

conversion

1. Introduction

Quantum metrology is the subject devoted to the fabrication and optimisation of
high-precision interferometers. The interest in both quantum metrology and interferometry
has been growing rapidly, and currently, these subjects can be acknowledged as some of the
trend topics in quantum optics of the last few decades [1-5]. Surely, a boost in this direction
was brought about by the first detection of gravitational waves, which provided a further
valuable tool to our comprehension of the universe [6].

Conveniently, interferometers can be classified into two classes, linear interferometers
and nonlinear or SU(1,1) interferometers, according to the presence of passive or active
components, respectively [7]. In particular, the linear interferometer is characterised by
passive elements, such as beam splitters, which maintain the total number of photons
throughout the entire interference process, whereas the nonlinear interferometer includes
active elements, typically optical parametric amplifiers (OPAs), triggering the creation
of photons. This fundamental difference affects the strategy that has to be employed to
achieve optimal phase sensitivity, i.e., the precision to trace the interference pattern [8].
Indeed, on the one hand, in order to beat the classical shot noise limit (SNL), the linear
interferometer requires the presence of squeezed or quantum-correlated input states [9],
such as the NOON state [10], with a specific photon statistics [11,12]. On the other hand,
due to the generation of the squeezed vacuum state by the OPAs, the SU(1,1) interferometer
can overcome the SNL without any sort of seed, namely with the quantum vacuum as
the input state [13], thereby potentially reaching the Heisenberg limit (HL), which is the
limitation imposed by the time—energy uncertainty principle [14].
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An excellent candidate for the source of squeezed and entangled photons in various
linear and nonlinear interferometric schemes is the parametric down-conversion (PDC)
process, which in the last few decades has been successfully realised in various nonlinear
materials [15-17] and even recently in nanostructures [18,19]. Another fruitful nonlinear
process is four-wave mixing (FWM), which can be implemented in waveguides, fibres [20],
and even in atomic ensembles [21] to produce narrowband photon pairs with a long
coherence time, which can be a great advantage in avoiding additional compensation
techniques required for typical PDC-based photon sources. However, the possibility to
control the frequency of both signal and idler photons by just applying a specific periodic
pole makes waveguide-based PDC sources more versatile with respect to their atomic-
based counterparts. Usually, photons emitted via PDC or FWM, typically called signal
and idler photons, are generated in broadband spatial and spectral modes, whose role
in interferometry has already been proven both theoretically and experimentally [22-26].
As an example, it has been demonstrated that the possibility of controlling the number of
spectral modes, and therefore the amount of spectral/temporal correlations between signal
and idler photons, can determine the behaviour of the quantum interference pattern in the
four-photon Hong-Ou-Mandel scenarios [27].

It is therefore reasonable to believe that any specific realisation of the SU(1,1) interfer-
ometer based on realistic nonlinear photon sources should take the multimode structure of
the emitted radiation into account. Thus, in [28], it was already demonstrated how a proper
state engineering [29] of the photon source allows one to reduce the dispersion within
the interferometer and therefore improve both the visibility of the interference pattern
and the accuracy in the phase scanning. In addition, proper spectral engineering of PDC
sources allows the creation of correlated photons of different colours. During the last
decade, the realisation of such non-degenerate PDC sources with specific spectral features
has become widespread [30-33], while their application in interference systems such as
Hong—Ou-Mandel [34] and nonlinear Mach-Zehnder interferometers [33] seems to be
very promising.

Finally, the interest in integrated devices has recently grown due to both their small
footprint and high efficiency [35-37]. Such technologies are already utilised in quantum
interference scenarios [38,39], in the realisation of non-degenerate PDC sources suitable
for single-photon heralding [40], as well as in the generation of polarisation-entangled
photons [41].

In this manuscript, we theoretically developed a spectrally multimode non-degenerate
integrated SU(1,1) interferometer, whose signal and idler photons are spectrally distin-
guishable and orthogonally polarised. As an example, we considered potassium titanyl
phosphate (KTP) waveguides; however, the concept of such an interferometer can be
applied to various integrated platforms. In order to ensure the symmetry between the
spectral distributions of signal and idler photons with respect to half the pump frequency,
and therefore to cause strong quantum correlations between the photons, we made use
of a continuous wave pump laser. We demonstrate that the presented device works in
the supersensitive mode beyond the classical SNL. The spectral distinguishability of the
generated photons, the miniaturised integrated design, and the compact size of the interfer-
ometer, together with the ability to operate in a highly sensitive regime, make this device a
powerful tool for future research in the field of quantum optics and metrology.

The paper is organised as follow: In Section 2, we discuss the control of the spectral
distinguishability of the generated photons by means of the polling period and present a
theoretical model for describing integrated two-colour SU(1,1) interferometers based on
non-degenerate PDC sources. In Section 3, we show how dispersion within the two-colour
SU(1,1) interferometer can be suppressed by properly designing an integrated platform,
and we analyse the phase sensitivity of such a two-colour interferometer and compare the
obtained results with the performance of its degenerate counterpart. Finally, we conclude
with Section 4 and comment on the quantum features of the presented interferometer.
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2. Theoretical Model

The integrated interferometer is sketched in Figure 1 and consists of two type-II
PDC sources; in particular, two periodically poled potassium titanyl phosphate (ppKTP)
waveguides, separated by a non-poled KTP section. The device is pumped by a continuous
wave (CW) laser.

PDC section Propagation PDC section Detection

Figure 1. Schematic model of the two-colour SU(1,1) interferometer. To produce spectrally non-

Slgnal

Iaser

Pump
Idler

degenerate and orthogonally polarised photons, the pump laser interacts with two PDC sections
consisting of periodically poled KTP waveguides of length L. Different polarisations are depicted by
the red and blue colours. The PDC sections are separated by the non-poled KTP section of length
1. Two polarisation converters, located at the x; and x, positions, switch the polarisations of signal
and idler photons in order to ensure a proper compensation of their group velocities when coming to
the second PDC section. An additional phase for the idler photon is provided and controlled by the
phase modulator PM. The signal photon is finally detected.

The Hamiltonian describing the interferometer is given by [28,42]:
A = inr / dwsdew;F(ws, w))alat + hc., )

where T is the coupling constant containing the second-order susceptibility x(?), the pump
intensity, and the length of the PDC sections L; ws and w; are the frequencies of signal and
idler photons, respectively, while 4! . are the creation operators. The function F(ws, w;) is
the joint spectral amplitude (JSA), whose explicit expression is obtained in the next section.
The JSA contains both the energy and the momentum conservation of the PDC process,
which are expressed by the following relations:

wp — wsp — wjp =0, 2)
27T
ko(wp) —ko(wso) — ke(wip) + N =0, 3)

where w), wso, wjp are the central frequencies of the pump laser and signal and idler
photons, respectively, while ky are their wave vectors. The indices 0 and e correspond to the
ordinary and extraordinary polarisation. The constant A presents the waveguide polling
period, which is required to close the phase matching condition (fulfil the momentum
conservation), thereby enabling the pair production. In the following analysis, we neglected
the time ordering effect; which is a fair approximation for SU(1,1) interferometers, taking
into account the effective narrowing of their spectra due to the nonlinear interference [22].

The lack of degeneracy characterizing two-colour spectra, namely ws # wjp, is
achieved by properly setting the polling period A of the PDC section. This concretely
means that the degree of freedom given by the choice of the periodic pole allows us to
determine the central frequencies of the signal and idler photons, and consequently the
separation of their spectra. In order to realise the fully spectral distinguishability of signal
and idler photons, we firstly estimate the full width at half maximum (FWHM) of their
spectra Aw in the case of the degenerate PDC source with the polling period A, [28];
note that the spectra of signal and idler photons are identical in this case due to the use
of the CW laser. The variation of the polling period allows signal and idler photons to be
generated at different central frequencies with a proper spectral separation. To characterise
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the splitting of the spectra, we imposed a spectral detuning dw, namely a spectral distance
between the degenerate frequency w,/2 and the central frequency of both the signal and
idler photons, ws) = wp /2 + éw and wjp = wy/2 — éw, such that dw > Aw. This condition
ensures the complete spectral splitting of signal and idler photons. The spectral detuning
éw is identical for both photons in order to fulfil the energy conservation of the process.
Eventually, we assumed that the spectral detunings are much smaller than the degenerate
frequency wy /2, so that Aw < dw < wp/2. Then, the new value of the polling period A,
which allows the photon pair creation at frequencies wsy and wjy, is calculated by means
of the momentum conservation in Equation (3). In contrast to the single-colour SU(1,1)
interferometer described in [28], the current device is characterised by two polarisation
converters (PCs), which are required for the proper compensation of the group velocities of
signal and idler photons.

The presence of two polarisation conversions along the non-poled section enables the
preparation of only one periodic pole. Indeed, using a single PC, the lack of degeneracy
would push us to utilise a second waveguide with a polling period A; for the second PDC
section, different with respect to the polling period A of the first PDC section, in order
to compensate the dispersion caused by the different frequencies of the signal and idler
photons. The presence of the second PC solves this problem; however, the second PC must
be properly arranged with respect to the first one, whose exact position will be calculated
in the next section. For the sake of simplicity, we can assume the second PC to be located in
front of the second PDC section. The function describing the periodic pole is given by:

squaren(z) 0<z<L
g(z) =<1 L<z<I+L , 4)
squarea(z — (L+1)) L+1<z<2L+1

where the periodic pole of the second PDC is not in phase with the periodic pole of the first

one. This fact results in the generation of a global phase in the joint spectral amplitude (JSA).
In a general form, the phase matching function of the whole nonlinear interferometer

of length 2L + I including several poled regions can be given by the expression [43—46]:

2L+ -
P (ws, wj) = /0 dzg(z)e' Io dCAk(C), 5)

where Ak({) is the phase matching at the position (¢). Using Equation (4) and taking into
account only the first-order terms in the Fourier decomposition of g(z), the phase matching
function describing the whole interferometer presented in Figure 1 with two periodically
poled regions given by Equation (4) becomes:

L Dz s (Z 2L+1 27m(z—L—1) . rz
D(ws, wj) :/0 dz ¢ 7R ¢l Jo 428K(E) " dzel” = >el Jo 460K(E), (6)

where the phase matching Ak(¢) takes the following expressions in different regions of
the interferometer:

Ak = ko(wp) —ko(ws) —ke(w;) 0<z<L
AK(E) = AK' = ko(wp) —ko(ws) —kj(w;) L<z<L4x @)
Ak = ko(wp) —ke(ws) —ko(w;) L4x3 <z<L+x3+x=L+I

Ak = ko(wp) —ko(ws) —ke(w;) L+1<z<2L+1,

where k,,(w;) = ke(w;) + 6ke(w;) is the modified wavevector of the idler photon in the
phase modulation region. Such a change of the wavevector can be performed by applying
an external voltage. Hence, introducing an average phase imparted by external voltage
¢ = Oke(wjp)x1 with respect to the central frequency of the idler photon wjj, one can
define the difference of optical paths in the phase modulation region as Ak'x; = Akx; +
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/2L+l
L

§kg (w,)
ke (wip)

~ Akx1 + @, since the relation % ~ 1 holds in the vicinity

Oke(wi)xy = Dkxy + ¢
of wjy.
We now evaluate two integrals in Equation (6). The first integral provides the JSA of

the first PDC section:

L 27z ;2 L 2z '
[ dzeE e — [ dzeﬂAeAkstinC{AzﬁL}elAzﬁL, o
0 0

where A = Ak + ZK”
The second integral can be evaluated as follows:

2L+1 27(z—L—1)

L= . , . e .
T AL )L’l Jo dEAK(Z) :/ dz el%ezAkLezAk’xlelAkxzezAk(z—xl —xp—L)

L+

[ sinc [AﬁL} o5 LD (AR — ARy i (BR— k) iB(L+]) 9

Using the definition of the averaged phase introduced above and collecting
Equations (6), (8) and (9), one can write the expression for the joint spectral amplitude,
which under the condition of the undepleted CW pump has the form:

ABL | :apL T
F(ws, w;) =Cé(wp — ws — w;) sinc [’[23} s [1 + el? itk pibK(L421) | (10)

where the J-function indicates the CW pump, while C is the normalisation constant. We
noticed that the length of the PDC source within the sinc-function fashions the width
of the joint spectral intensity (JSI) and, therefore, the FWHM of the spectra of both sig-
nal and idler photons. The pondered choice of L therefore plays a crucial role in the
realisation of the spectral distinguishability of signal and idler photons. Neglecting time-
ordering effects and performing the Schmidt decomposition of the joint spectral amplitude
F(ws, w;) = Y VAntin(ws)vn(w;) [47], one can obtain the following expression for the
spectral distribution of the signal photons [42]:

(N(ws)) = Y_|un(ws)|* sinh®[\/A,G], (11)

where parameter G includes both the coupling constant I' and the normalisation constant
of the JSA. The spectral distribution of the idler photons can be obtained by replacing
uy (ws) with v, (w;) in Equation (11). The normalised spectral distributions of the photons
generated in the SU(1,1) interferometer with PDC sections of length L = 8 mm and the
polling period of A = 133 um are presented in Figure 2.

(a) (b)
1.0 1.0
0.8 0.8
0.6 0.6
0.4 0.4
0.2 0.2
0.0 0.0
1.230 1.235 1.240 1.245 1.250 1.210 1.215 1.220 1.225 1.230
w;s(10"3rad/s) wi(10rad/s)

Figure 2. Normalised spectra of (a) signal and (b) idler photons. The FWHM of both is
Aw =2 x 10! rad/s, and the spectral detuning of both is w = 10 x 102 rad/s. The following
parameters were used for the calculations: L = 8 mm, x; ~ 1.038 mm, xp ~ 8.962 mm, A =133 um,
pump wavelength A, = 766 nm, ¢ = ¢ + P = 0; see the discussion around Equation (12) for
more details.
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3. Dispersion Suppression and Phase Sensitivity

The regime of destructive interference is very important for reducing noise and im-
proving phase sensitivity in SU(1,1) interferometers [8]. Analysing a degenerate multimode
SU(1,1) interferometer, we already found that the shape of the JSI and the number of gener-
ated photons at different imparted phase ¢ are strongly conditioned by the arrangement of
various components within the integrated device [28]. In this section, in order to improve
the phase sensitivity of the non-degenerate two-colour SU(1,1) interferometer, we elaborate
a strategy for reducing the number of generated photons in the destructive interference
regime by properly placing polarisation converters.

We start by noticing that according to the last line of Equation (10), the JSA is modu-
lated by a cosine function, whose argument depends on ¢. However, the two exponential
terms at the end of the second line explicitly depend on the frequencies of both signal
and idler photons; this causes the dispersion, which prevents the suppression of photon
generation in the destructive interference regime. Nevertheless, the use of the proper
positions of polarisation converters x; and x, allowed us to compensate for the first-order
dispersion terms and thereby reduce the arguments of such exponential factors to a mere
additional global phase.

To find such positions, we applied the Taylor expansion to the wavevectors of the
signal and idler photons around their central frequencies w;g and wjy, respectively. In the
zeroth order, we have:

AKO(L 4 x7) + kO xy = —2%@ +x1) +Kxp =, (12)

where K = ko (wp) — ke(wso) — ko(wjp). One can observe that the zeroth-order term results
in a global phase ®. In the following consideration, we shifted the value of the phase ¢ by
the global phase @, in order to have the maximum of the JSA Equation (10) at the phase
p=¢+P=0.

In the first order, one can write the following system of equations:

AL+ x1) + AW x, =0, (13)
X1+ x =1. (14)

By exploiting the presence of strong frequency correlations between signal and idler
photons caused by the use of the CW pump laser, w; = wp — ws, Equation (13) becomes:

ORI OIS 17V U (R OIS O PR (15)
() e+ (o5 +a)

Uob  Uer Uep  Uor

where Q = ws — wy /2 — dw is the frequency detuning and v = (9k/dw) ! are the group
velocities calculated with respect to the central frequencies of the photons. Here, we
determined the central frequencies of photons by the indices r and b, namely r corresponds
to the “red” idler photon w, = wjy = wy/2 — dw, while b to the “blue” signal photon
wp = wsg = wp/2+ dw. The indices e and o refer to the extraordinary and ordinary
polarisation of photons. The solution of the coupled Equations (14) and (15) allowed us to
find the proper positions of both polarisation converters in order to suppress the first-order
dispersion terms and obtain quasi-perfect interference at the output of the two-colour
SU(1,1) interferometer:

_ Ue,rvo,b(ve,b - vo,r)l + Z76,!77-70,r(vo,b - ve,r)L

- Ve hVe,rVob + Ve hVe,rVor — Ve hVo hVo,r — Ve,rUo hVo,r ’
_ V0,rVe,p(Ve,r — Vo) (I + L)

B Ve bVe,rVobp + Ve hVe,rVor — Ve Vo hVo,r — Ue,rvo,bvo,r.

X1 (16)

X2 (17)

Figure 3 presents the signal spectra normalised to the maximum intensity for three
different phases corresponding to the regimes of constructive ¢ = 0 (Figure 3a) and
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destructive ¢ = 7 (Figure 3c) interference, as well as to the intermediate regime with
the phase ¢ = 71/2 (Figure 3b). As can be observed in Figure 3¢, the intensity of the
signal photon in the destructive interference case is drastically reduced with respect to the
constructive interference regime, although a noise at large frequency detunings |Q| > 0is
present. The presence of this noise is caused by the fact that our technique for compensating
the group velocities of signal and idler photons succeeds in the proximity of the central
frequencies (namely, where the main peaks of the intensity spectra are expected), whereas
it fails for frequencies far from wsp and wjy, resulting in the emergence of residual photons.
The same issue was already observed in the degenerate SU(1,1) interferometer [28]. In both
degenerate and two-colour frameworks, the presence of this residual radiation hinders the
perfect interference and, therefore, affects the precision of the interferometer, which can be
estimated by means of the phase sensitivity [14]:

AN

|Ag| = ’8<N>/8¢ , (18)

where AN is the standard deviation of the number of photons, while (N) is the mean
number of photons.

(@) (b) (c)

1.0 0.5¢ 0.000020

08 04 0.000015

0.6 03}

04 ool 0.000010

02 0.1 5.x107°

0.0 0.0 0.000000

1230 1235 1240 1245 1250 1230 1235 1240 1245 1250 1230 1235 1240 1245 1250

wy(10"rad/s) wy(103rad/s) ws(10"rad/s)

Figure 3. Normalised spectra of signal photons at (a) ¢ = 0, (b) ¢ = 77/2, and (c) ¢ = 7. The nor-
malisation is performed with respect to the maximum intensity in the constructive interference case,
when ¢ = 0. The following parameters were chosen and fixed for all further calculations: A, = 766
nm, L =8 mm, x; ~ 1.038 mm, x; ~ 8.962 mm, A = 133 um. The choice of dw = 10'3 rad/s ensures
the fully spectral distinguishability of signal and idler photons.

Figure 4 shows the trend of the phase sensitivity calculated with respect to the signal
photons and normalised to the shot noise limit (SNL) when varying the internal phase of
the interferometer. The shot noise limit, which determines the classical phase sensitivity
bound, is calculated relative to the number of photons inside the interferometer (Nj,) [13]:

1
A = — 19
| Agsni| N (19)

Since the phase sensitivity is a symmetrical function with respect to the point ¢ = 7,
we only report the range [0, r]. As already experienced in [28], the normalised phase
sensitivity diverges in the proximity of both ¢ = 0 and ¢ = 7. The presence of these
divergences can be mathematically clarified by looking at Equation (18): At ¢ = 0, both the
number of photons and its variance reach the maximum value, whereas the derivative is
identically equal to zero; at ¢ = 7, the presence of residual photons prevents the variance
of the photon number from dropping to zero, whereas the derivative of (N) is identically
equal to zero, being at the point of minimum intensity.

As can be seen from Figure 4, the presented interferometer can perform the phase
scan in a supersensitive mode, where the phase sensitivity overcomes the classical limit set
by the SNL. One can observe that the normalised phase sensitivity dramatically depends
on the parametric gain, which is defined by v = G(¢ = 0)\/A1(¢ = 0), where G(¢ = 0)
includes both the coupling constant of the PDC process and the normalisation factor of the
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JSA, and A1 (¢ = 0) is the first eigenvalue of the spectral Schmidt mode decomposition of
JSA [47]. To estimate the gain, both the parameter G(¢) and the first Schmidt eigenvalue
A1(¢p) are evaluated at the maximum of intensity when ¢ = 0 [28]. We stress that by varying
the gain opportunely, we can let the number of photons vary from (N(¢ = 0)) ~ 0.12 for
v =~ 0.04 to (N(¢ = 0)) ~ 10° for ¢ ~ 10.0.

6 T T T
——SNL
5 ——=0.04 i
2 —y=25
7 ——y=38
> 47 y=5.0 ’
=
*é ;. |
2
2
& 27 ‘
) )
1
_J_
0 T T T T T T
0 1 2 3

Phase ¢ (rad)

Figure 4. The phase sensitivity normalised to the SNL versus the phase at different gains. The SNL is
shown by the black line.

The dependence of the minimum values of the normalised phase sensitivity on the gain
is underlined in Figure 5. It can be seen that the two-colour SU(1,1) interferometer operates
in the supersensitive regime for the same gain region as the degenerate (single-colour)
SU(1,1) interferometer [28]. Moreover, the phase sensitivity of both interferometers behaves
in the same way, and its degradation is observed with an increase in the gain. We attributed
the worsening of the performance at higher gains to the high-order dispersion terms, which
cause the emergence of the central peak at ¢ = 7r in Figure 4 and prevent the improvement
of the phase sensitivity with increasing gain, in contrast to the single-plane-wave mode
scenarios [48-51], where the worsening of the phase sensitivity is associated only with
the presence of internal losses (Since the primary interest of this work was to develop a
multimode description of two-colour integrated SU(1,1) interferometers, we decided to
avoid the consideration of losses and focused our investigation on the role of dispersion
in the phase estimation problem. Accounting for losses, whose influence on the phase
sensitivity is already well known in the literature, would require a considerable extension
of the existing theory.) [52-55]. An improvement of the phase sensitivity in the multimode
scenario can be performed by using narrowband spectral filters, which select a spectral
range around the central frequency of the measured signal photons [28]. Nevertheless,
despite deterioration in phase sensitivity at high gains, we noticed that the presence of
a supersensitivity range was maintained at gain values of about four, namely when the
interferometer produces about 3 x 10* photons.

In addition, we would like to point out that a high-quality conversion of polarisation
is very important for the interferometer’s performance. Indeed, the unconverted signal
and idler photons will not enter the second crystal at the same time and, therefore, will
not participate in the interference process. This will lead to residual intensity at the
point of destructive interference and deterioration of the phase sensitivity. However,
thanks to longitudinal walk-off, such unconverted photons have a time delay different
from that of fully converted photons and can be eliminated in the post-selection process.
Moreover, when considering broadband light, it is important that all the frequencies that
form the photon spectra are correctly converted. Therefore, the conversion window of both
polarisation converters must be greater than the bandwidth of the generated photons. In an
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integrated design, the conversion window depends on the polling period and the length of
polarisation converters [38]; therefore, their size and structure must be properly designed
for a fruitful experimental realisation. In addition to polarisation converters, for a successful
experimental implementation of the reported device, effective integrated non-degenerate
PDC sources [40,41] together with integrated detectors [56,57], which have recently been
realised in different integrated platforms, are strongly required. Finally, an electro-optic
circuit that combines the generation, routing, and manipulation of photons on a compact
integrated chip was recently demonstrated in [58], paving the way for the experimental
realisation of various linear and nonlinear interferometric circuits on a single chip.

12 = degenerate SU(1,1) ]

two-color SU(1,1)

(==}
1
1

Phase sensitivity/SNL

eeoee®®"

Gain

Figure 5. The minimum values of the normalised phase sensitivity presented in Figure 4 versus gain
7 in comparison with the degenerate case reported in [28]. The higher the gain is, the faster the phase
sensitivity grows. The SNL is plotted by the black line.

4. Conclusions

In this paper, we modelled a high-performance integrated SU(1,1) interferometer
whose output photons are characterised by frequency distinguishability. The spectral sepa-
ration of signal and idler photons was achieved by the correct choice of the periodic pole of
both PDC sources composing the interferometer. At the same time, a compensation of the
group velocities of photons was preformed by using two polarisation converters placed
at the appropriate positions inside the interferometer, which results in a suppression of
dispersion and, consequently, leads to an improvement in the accuracy of the interferometer.
We demonstrated that the phase sensitivity of the presented multimode non-degenerate
interferometer overcomes the classical limit and reaches the same magnitudes as in the case
of a degenerate SU(1,1) interferometer.

Our results showed that the possibility of fully controlling the intensity of the output
radiation, the spectral characteristics, and distinguishability of signal and idler photons
offers a high degree of manipulation and makes this device a useful photon source for a
large variety of optical scenarios. Moreover, the discussed interferometer benefits from its
reduced footprint due to the integrated design, as well as from its outstanding performance
in the phase scanning. The latter was confirmed by the fact that the phase sensitivity
of the interferometer can overcome the shot noise limit, while the interferometer can
still generate a considerable amount of photons. This specific feature of the presented
interferometer originates from a combination of two factors: the use of a CW laser and the
proper location of two polarisation converters, which allowed us to reduce the dispersion,
drastically decrease the number of photons in the destructive interference regime, and
thereby, maximise the visibility of the interference pattern.

The presented design of the two-colour SU(1,1) interferometer can be realised on vari-
ous integrated platforms and can be of wide interest for metrological applications where the
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measurement over one of the photons is challenging. The efficiency of this interferometer
can be further tested by making use of different seeding strategies. Furthermore, we leave
the realisation of the high-performance two-colour SU(1,1) interferometer, whose emitted
photons preserve both frequency and polarisation entanglement, for future work. A more
detailed analysis can be accomplished by including the effects of time ordering to describe
the PDC state [59,60]. Accounting for these effects can slightly modify the output photon
number distribution in the high-gain regime and affect the phase sensitivity. Finally, this
model will soon be upgraded by accounting for internal losses, which typically further
erode the efficiency of interferometers.
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