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Abstract: Understanding the failure mechanisms of rocks that are exposed to different water contents
is important for rock stability in rock engineering applications, and the quantitative analysis of rock
behavior is necessary for predicting and preventing the occurrence of rock failure due to water
effects. Mechanical tests using real-time acoustic emission (AE) technology were carried out to reveal
the damage evolution in sandstone rocks in a dried state, natural state, and saturated state, which
includes a quantitative analysis of AE characteristics and cracking properties. The testing results
indicate that with the growth of water content, sandstone rocks show a decreasing trend in strength
and tend to experience gentle damage with relatively fewer fractures. The crack morphology of
the main fracture surfaces is quantitatively described, including a fractal dimension calculation
and cracking length measurements. As the water content rises, when rock failure occurs, a higher
AE b-value can be obtained, revealing an increasing proportion of large-scale cracks. The fractal
dimension of the acoustic emission hit rate shows that the evolution of rock damage and deformation
has self-similarity, that is, the transformation from order to disorder to order, and it is affected by
different water contents. The AE waveforms of the sandstone have two dominant frequency bands
(0~75 kHz and 75~150 kHz) no matter which water-bearing state they are in. The increase in rock
water content has resulted in the decline of AE waveforms located in the range of 200–300 kHz,
whereas the rise of AE waveforms is located in the range of 0–50 kHz. The findings of this study
deepen our understanding of the mechanism behind rock failure and provide a meaningful reference
for disaster assessment and control.

Keywords: sandstone; water content; acoustic emission; cracking properties; fractal dimension;
precursory information

1. Introduction

Water has a weakening effect on the mechanical properties and stability of rocks,
resulting in changes in a rock’s unstable failure mechanism, which is the main reason for
many hazards and rock slope stability, for example [1–7]. Therefore, it is very important to
explore the water–rock interaction for rock stability. To further study the effect of water
on rocks, a lot of laboratory experiments have been carried out on rocks with different
water contents by researchers. The results of these experiments fully demonstrate that the
existence of water has inferior impacts on the overall strength of rocks [8–14]. However,
there are relatively few quantitative analyses of the precursory information of rock failure,
considering the water content.
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The macroscopic failure characteristics of rocks are very important to assist with in-
vestigations of rocks’ damage mechanisms [15–17]. Many researchers have used lots of
monitoring tools, testing techniques, and calculation algorithms to quantitatively analyze
fracture cracking attributes and parameters. For example, Zhang and Zhao [18] quanti-
tatively measured the fracture surface of SCB marble specimens under dynamic mode I
loading by the joint application of the SEM technique and a 3D laser profilometer with
a resolution of 7 µm. Zhang et al. [19] quantitatively analyzed the frequency spectrum
distribution characteristics of jointed marble under uniaxial compression failure and ex-
plored the underlying physical mechanisms of the marble failure mode. Li et al. [20] made
a failure mode quantitative analysis of rock failure under a complex stress state based on
the acoustic emission parameters of the RA-AF distribution.

The box-counting method is one of the most effective and simple quantitative methods
to describe the self-similarity and complexity of fracture cracking and the morphology
of rocks using the fractal dimension concept. Huang et al. [21] used the box-counting
dimension to quantitatively calculate the fractal dimension of sandstone under different
confining pressures. Zhao et al. [22] made better quantitative comparisons for Type A and
Type B (CSNSCB) specimens using the box-counting dimension method and found that
Type A specimens have an average fractal dimension value of 1.2209 for cracking, which is
4.79% larger than that of 1.1651 for Type B specimens. He et al. [23] used the box-counting
dimension method to characterize the development proportion and complexity of cracks
and found that the fractal dimension of the sample decreased from 1.25 to 1.05 with an
increasing pressure and temperature. Zhu et al. [24] also used the box-counting method
to study the mixed mode I/II fracture behavior and surface morphology of hard rock
under dynamic loading. The fracture cracking and morphology of rock exhibited fractal
characteristics, which can quantitatively describe rock damage. Therefore, quantitative
research into fracture cracking and the morphology of rock using the box-counting method
is required for our present study.

Acoustic emission (AE) is an effective, non-destructive technology that can detect the
acoustic properties of materials and can be used in many research fields [25,26]. The rock
will have different degrees of deformation and micro-cracks nucleation under external load
action. Over time, the cracks in the rock gradually expand until the rock breaks. During
this process, partial strain will be released in the form of an elastic wave, resulting in
the generation of acoustic emission [27–32]. AE analysis includes parameter analysis and
waveform spectrum analysis, which can reflect the internal failure evolution information
of rocks. Among them, AE parameters include the rise time (RT), duration, ringing count,
amplitude (A), AE energy, AE absolute energy, peak frequency, average frequency (AF),
ratio of rise time to amplitude (RA = RT/A), etc., which can directly reflect the damage
inside the rock and the process of initiation and development of micro-cracks [33–35]. Deng
et al. [36] conducted three-point bending tests on granite rocks in dried and saturated
states, and pointed out that the saturated rock specimens had lower stiffness and lower
strength, which were more prone to instability. During the whole test, the AE ringing
count rates of water-saturated rock specimens were much lower than those of dried rock
specimens, and the total numbers of AE events were much larger than those of dried
rock specimens. Zhao et al. [37] studied the mechanical properties of sandstone with
different water contents under the actions of uniaxial and cyclic loads and revealed that
the existence of water causes the deterioration of sandstone rocks’ properties. Saturated
sandstone rocks had a peak strength reduction of 37–58% and an elastic modulus reduction
of 15.7–21%, respectively, and the AE energy release rate of dried specimens was higher
than that of saturated specimens. Zhou et al. [38] conducted notch semicircular bending
tests on sandstone specimens at different water states. It was found that the higher the
water content of the rock, the lower the fracture toughness and crack growth rate of the
rock, and the cumulative AE count of hydrated specimens was much lower than that of
dried specimens.
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It can be seen from the above research that it is meaningful to carry out AE mea-
surements to explore how water affects rocks’ mechanical properties. However, previous
studies have mainly focused on the analysis of single AE parameters, and research on the
spectral characteristics of AE waveforms is relatively lacking. In contrast, the AE waveform
spectrum is more sensitive than AE parameters and can well reflect the micro-fracture
of rock [39]. Su et al. conducted a rockburst test on sandstone rocks under true triaxial
loading conditions, and found that the dominant frequency of the AE signal showed a
downward trend on the eve of rockburst; the spectral distribution was characterized by low
amplitude, a wide frequency band, and a multimodal shape [40]. He et al. [41] studied the
AE characteristics of limestone under true triaxial dynamic unloading and found that the
rock specimens had two main frequency ranges, 60~100 kHz and 170~190 kHz, respectively.
With the increase in stress, the AE signal shifted from high frequency and low amplitude
to low frequency and high amplitude. Especially when the rock specimens reached the
fracture stage, the amplitude increased and the frequency decreased significantly. Zhang
et al. [42] conducted a uniaxial loading test on water-saturated sandstone and indicated
that the AE signal frequency range of water-saturated sandstone was mainly distributed in
35~60 kHz, which was more concentrated than that of sandstone in a natural state. During
the loading process, the peak frequency of the AE signal of sandstone in a water-saturated
state decreased from 60 kHz to 40 kHz, and the average dominant frequency was 1 kHz
smaller than that of sandstone in a natural state. Therefore, studying the AE information
collected from a whole test and quantifying the AE spectrum features can help us analyze
and compare the damage evolution process of rocks more deeply. As a commonly used
method for processing AE signals, the Fast Fourier transform (FFT) can convert AE wave-
form information into spectrum information and more intuitively reflect the influence of
external factors on the waveform dominant frequency information generated at different
stages in the rock [43,44].

As a typical non-destructive monitoring method, AE can not only record parameters
or waveform information, but they can also monitor and identify the internal damage
law of rock. Many researchers have focused on water’s influence on rock damage based
on quantitative analyses of single AE parameters such as the hit, amplitude, energy, and
energy rate, etc. However, comprehensive investigations of water’s influence on a rock’s
internal damage characteristics, including failure pattern, micro-crack evolution process,
and precursory information of critical failure based on a quantitative analysis of AE,
are lacking.

Therefore, this paper conducts uniaxial compression tests on sandstone rocks with
different water-bearing states and uses a nondestructive acoustic emission monitoring
system to analyze the parameters and waveforms of AE signals in a test, including a
combination of the AE amplitude, AE hit rate, AE b-value, AE fractal dimension, and AE
waveform spectrum. This study also discusses the mechanical failure characteristics of rocks
under different water-bearing states, provides a quantitative description of the fracture
morphology of the main fracture surface, and obtains effective rock failure precursory
information, thereby providing a theoretical basis for early warnings of rock instability.

2. Experimental Methodology
2.1. Specimen Preparation

The sandstone sample was collected from the outcrops of sandstone gas-rich area,
Dongpu Depression, located in northeast of Henan province. The designed sandstone
specimens were cylindrical specimens with diameter of 50 mm and height of 100 mm,
which met the recommendations of ISRM. The sandstone specimens were divided into
three groups, namely dried group, natural group, and saturated group. Each group was
designed to have three specimens. The specimen surface was precisely ground to minimize
end effect, and its two ends non-parallelism was less than 0.05 mm. Meanwhile, specimen
surface flatness was within 0.02 mm and diameter deviation along the axis was within
0.3 mm.
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The mineral composition and micro-structure can also affect rock uniformity. To obtain
petrographic characteristics of the sandstone, Scanning Electron Microscopy (SEM) analysis
was made. The results show that the three groups of sandstones have similar mineral
compositions, mainly containing 70% quartz, 15% potassium feldspar, 8% plagioclase, and
7% mica.

Figure 1 shows the SEM scanning images, and when the image is magnified by
100 times, there are randomly distributed cracks and holes in the thin slice of rock. Com-
paring the microscopic characteristics of thin sections of dried group, natural group, and
saturated group, it can be found that sandstone specimens have similar pore number and
size, indicating that the sandstone specimens have similar structural characteristics and
similar primary micro-crack damage as a whole. Except for microstructure observation,
rocks’ physical properties, including density, P-wave velocity, and porosity aspects, were
measured to better describe the initial damage degree of rock quantitatively. The average
density of rock before water treatment was 2.47 g/cm3 for dried group, 2.43 g/cm3 for
natural group, and 2.44 g/cm3 for saturated group. The average P-wave velocities of the
specimens before treatment were very close: 4794 km/s for dried group, 4745 km/s for
natural group, and 4742 km/s for saturated group. Moreover, the effective porosity of
sandstone was measured using the saturation method. Using the saturated weight, dry
mass, and dimensions of the specimen, the effective porosity can be calculated, which were
3.85%, 3.91%, and 3.88%, respectively. It can be seen that the prepared specimens before test
had similar physical properties no matter the density, P-wave velocity, or porosity aspects,
which demonstrates that their initial fracture or pores states are close to each other.
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2.2. Drying and Water Absorption Test

The preparation methods for specimens in different water-bearing states are as follows:
(1) record the size and mass of each specimen; (2) test their P-wave velocities, and then select
nine specimens with similar velocities; (3) select three specimens from dried group, which
are denoted as D-1, D-2, and D-3, respectively, and then store them in 105 ◦C thermostat
for about 48 h until their mass remains unchanged. Then, the specimens can be taken out
and cooled to normal temperature. Weigh their lost water mass and measure their P-wave
velocities again. It is urgent to perform test on dried rock, which is wrapped in clingfilm to
avoid the influence of external moisture; (4) pick out three specimens without any treatment
from natural group, which are denoted as N-1, N-2, and N-3, respectively; (5) select the
last three specimens from the saturated group, which are denoted as S-1, S-2, and S-3,
respectively, and treat them with hot air drying as outlined in step (3). Then, immerse these
rocks in a container for 6 h, and meanwhile, exhaust air using a vacuum pump continuously
from the tank until the weight of specimens remains unchanged. Finally, weigh the weights
of wet specimens and their P-wave velocities again.

In the test, the water absorption capacity of rock specimens in three groups can be
compared through water saturation parameters, which satisfies the following:

Wa =
Mw −Md

Md
× 100% (1)

where Wa (%) is water content, Mw (g) and Md (g) are wet weight and dry weight of
specimens. For natural group specimens, their moisture contents can be calculated by
putting the weight values of specimens before drying (Mw) and after drying (Md) from the
dried group into Formula (1). The calculation results are summarized in Table 1.

Table 1. Statistics results of sandstone specimens in drying and water absorption test.

Specimen Number Quality (g) Water Absorption (%) P-Wave Velocity (m/s)

D-1 513.02 0.47 4789
D-2 511.74 0.55 4786
D-3 515.90 0.55 4807
N-1 505.23 0.00 4754
N-2 497.58 0.00 4776
N-3 508.96 0.00 4706
S-1 489.06 2.14 4699
S-2 510.22 0.97 4779
S-3 517.70 1.18 4747

2.3. Experimental Setup and Equipment

The uniaxial compressive equipment used in this study mainly consists of loading
system, stress–strain monitoring system, and AE acquisition system, as shown in Figure 2.
The loading system has a loading capacity of 2000 kN and the PCI-II AE system was
adopted to monitor AE signals during loading process in real time. The load was applied
by displacement control and set with the rate of 0.06 mm·s−1. Compared to displacement
rate, strain rate, which measures the rate at which the material is being stretched or
compressed, is a better measure for studying the behavior of materials under deformation,
because strain rate considers both the amount of deformation and the rate at which it
occurs [45–50]. According to the provided displacement rate for the compression test and
the rock dimension, the strain rate can be calculated, which is 6 × 10−4 s−1.

Two AE sensors were fixed on the two sides of rock using a rubber band, which is
a common fixed method in rock mechanical tests [20,51–55]. In order to ensure coupling
effect between sensor and rock specimen, Vaseline was used to reduce the friction between
the specimen and sensors. To eliminate background noise, both AE trigger threshold and
pre-gain were set to 40 dB. That is to say, we utilized the elastic force of a rubber band to
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stably couple the AE sensors, which are coated with thick layer of butter on the cylindrical
specimen surface. Moreover, the sampling frequency was 2 MSPS.
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3. Experimental Results
3.1. Fracture Surface Morphology

Rock is a natural material that has so much variety. Various geological changes and
weathering processes occur after the rock has formed, resulting in complex rock mechanic
properties [56]. Since defects such as pores and cracks exist inside the rock, its strength
shows scattering. Meanwhile, rock’s strength, deformation, and failure mode are influenced
by many factors, such as the very important end friction effect [57]. The reason why this is
important is because the type of contact between the specimen surface and loading surface
plays an important role in the stress distribution within the sample, its behavior under
loading, and ultimately, the compressive strength. Using ice as a model for rock, Carl E.
Renshaw [58,59] experimentally tested the prediction of percolation theory for a sufficiently
large sample. To minimize lateral confinement near the loading platens, thin polyethylene
sheets were placed between the sample and the loading platens. Based on the experimental
results of dolomite under a confining pressure of 0–33 MPa and granite under a confining
pressure of 0–108 MPa, K. Mogi [60] found that the effect of the end friction on strength
decreases with increasing confining pressure. The results prove that the main mechanism is
that the confining stress causes lateral compression of the rock, resulting in a decrease in its
failure angle (relative elongation of the specimen) and an increase in rock ductility. In this
paper, cylindrical rock specimens are prepared according to the methods recommended by
the International Rock Mechanics Society for uniaxial compression experiments [61,62]. On
this basis, in order to reduce the lateral constraint of the loading plate on the rock sample,
we applied a very thin layer of Vaseline on the two end faces of the specimen, which not
only ensured the effective transmission of the axial load but also weakened the influence of
the loading plate friction on the experimental results.

When the internal stress reaches or exceeds the limit value, the rock will fail under
the action of the external load. Figure 3 shows the failure modes of sandstone specimens
under different water-bearing conditions. When the rock was dry, the uniaxial compression
test lasted a long time, and the dried specimen experienced brittle failure with a loud
noise. The main cracks initiated from the end extended downwards on the rock’s surface,
eventually penetrating the entire rock and disintegrating the rock into many blocks, leading
to the formation of many shear surfaces, as shown in Figure 3a–c. When the rock was
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in its natural state, it experienced a brittle failure and emitted loud, brittle sounds with
fragments ejecting out. The main cracks penetrated from the upper to lower ends of the
specimen. The natural rock had a composite failure mode of tensile and shear failure, as
shown in Figure 3d–f. The small-scale cracks with irregular shapes can be observed from
the natural rock surface. Saturated rock, however, mainly experienced a gentler failure
process accompanied by dull sounds and fewer fragment ejections. The main rupture
surface can be observed along the axial direction, due to the fact that saturated rock mainly
caused tension destruction and generated few, large, and wide fractures, as shown in
Figure 3g–i. From the failure phenomenon and fracture morphology of sandstone after the
uniaxial compression experiment, it can be seen that most of the newly generated cracks in
the specimen propagated through the end of the specimen, resulting in not only oblique
shear cracks with 45◦, but also splitting cracks along the loading direction. Therefore,
we can conclude that the uniaxial compression mechanical experiment of sandstone in
this study was weakly affected by the end friction effect, and the fracture mode of the
specimen was mainly controlled by different water contents in the specimen. Both the dried
rock and natural rock had more severe fracturing processes, leading to the generation of
large pieces of rock fragments. The test results show that water had a significant effect
on the rock failure mode. The surface failure pattern was dominated by the shear mode
for dried sandstone, whereas it was dominated by the splitting tensile mode for saturated
sandstone. When sandstone was in its natural state, it experienced tensile–shear mixed
failure. Therefore, it can be inferred that a higher water content makes rock more likely to
generate tensile cracks.

In order to make the quantitative comparison of failure characteristics for these three
types of specimens, the crack morphology image of the main fracture surface is converted
into binary black-and-white images to reveal an effective profile of the cracks (see Figure 3).
The traditional definition of dimension is expanded by fractal dimension, which indicates
that the more complex a curve is, the larger its fractal dimension [63]. In this paper, the
fractal dimension of cracks is measured by the box dimension method, which can produce
a self-similarity analysis of complex lineaments, such as fracture networks. The calculation
process can be summarized as follows: Firstly, divide the image set F into a grid with side
length δk and calculate the number of grids (Nδk) covering the region of the image. Then, if
F has fractal characteristics, it can be determined and expressed as follows:

D = lim
k→∞

InNδk(F)
−Inδk

(2)

The box dimension calculation program can be written using the Matlab platform
combined with a curve fitting algorithm, and the obtained fitting linear diagram is plotted
in Figure 3. The magnitude of the fractal dimension reflects the self-similarity of crack
geometry. It can be seen from Figure 3 that the fractal dimension distributions of dried
specimens, natural specimens, and saturated specimens are in the ranges of 1.27~1.35,
1.19~1.25, and 1.18~1.26. The fractal dimension of the dried group is the largest, indicating
that it generated more complex micro-cracks with much more energy release.

Image-Pro Plus 6.0 (IPP 6.0) software has powerful image processing and analysis func-
tions that can directly extract image data from pictures obtained by microscopes, cameras,
or scanners. After the binarized black-and-white image is imported into the IPP software,
the IPP software can realize automatic identification, numbering and statistics of cracks,
and record the center position and measure the length of each crack. The crack procession
flowing chart using IPP is drawn in Figure 4. The data results are exported to Excel for
processing, and the final statistical results are shown in Table 2. The results for the total
generated crack lengths for rock specimens in three groups are as follows: (1) for specimens
in the dried state: D-1 (207.329 mm), D-2 (246.289 mm), and D-3 (334.264 mm); (2) for
specimens in the natural state: N-1 (244.082 mm), N-2 (231.115 mm), and N-3 (206.335 mm);
and (3) for specimens in the saturated state: S-1 (204.101 mm), S-2 (123.511 mm), and S-3
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(147.884 mm). Overall, it can be seen that with the increase in water content, the total
lengths of the cracks generated from rock specimens have decreasing trends.
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Table 2. Statistical results of crack lengths of rock specimens under different water-bearing states.

Specimen Number Features Center X Pos. Center Y Pos. Length (mm) Total Length (mm)

D-1
T1 13 49 105.895

207.329T2 30 65 78.652
T3 40 57 22.782

D-2
T1 25 50 117.093

246.289T2 10 72 62.022
T3 37 28 67.174

D-3

T1 20 50 107.316

334.264

T2 33 45 99.505
T3 7 42 18.826
T4 38 78 51.736
T5 34 81 41.098
T6 44 57 15.784

N-1

T1 20 50 106.124

244.082

T2 7 70 49.299
T3 2 62 9.936
T4 33 22 49.393
T5 44 5 12.766
T6 42 31 16.563

N-2

T1 28 50 110.321

231.115

T2 37 27 32.697
T3 28 44 23.938
T4 29 66 44.850
T5 30 34 3.111
T6 20 13 16.197

N-3
T1 27 34 73.614

206.335T2 28 82 41.270
T3 39 34 91.451

S-1
T1 29 49 150.898

204.101T2 40 48 23.807
T3 42 82 29.395

S-2
T1 15 32 69.442

123.511T2 4 19 41.057
T3 15 7 13.011

S-3

T1 15 50 104.952

147.884
T2 5 16 15.970
T3 6 50 15.142
T4 4 56 11.820

3.2. Stress and AE Parameters Evolution

Figure 5 shows the evolution process of AE parameters including AE hits, the hit rate,
AE amplitude, and axial stress versus the time of sandstone specimens under three different
water states, respectively. In order to provide a criterion for the stage division, the signs of
σ and σmax are used to denote the applied axial stress and the axial peak stress, respectively.
According to the evolution trend of the uniaxial compressive stress and detected AE hits, the
four stages are divided as follows: Stage I (0 < σ 1

4 1/4σmax), Stage II (1/4σmax < σ 1
2 1/2σmax),

Stage III (1/2σmax < σ 3
4 3/4σmax), and Stage IV (3/4σmax < σ < σmax). As shown in Figure 5,

the purple curve represents the variation of the AE hit rate with time; the black curve
represents the variation of uniaxial compressive stress with time; the blue curve represents
the variation of the AE hit number with time; and the red dot represents the AE amplitude
distribution.
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Figure 5a–c present the variations in AE parameters of sandstone under dried condi-
tions. It can be seen from the diagram that the AE hit number increases with the increasing
load. The total AE hit numbers of the three dried specimens are 11,741, 24,253, and 38,298,
respectively. The AE hit rate fluctuates greatly during Stage I and II, with a larger growth
rate. There is a significant downward trend in the later period, indicating that during Stage
III, a large number of micro-cracks are initiated in the rock, and the brittleness of dried
sandstone is at a high level. The AE hit rates of three sandstones under dry conditions are
194.2, 162.4, and 133.4, respectively, with an average of 163.3. The AE amplitude reaches its
maximum values during Stage IV; that is, the sandstone fracture has a high AE amplitude,
which can be used as precursor information for rock fractures.

Figure 5d–f presents the variation of AE parameters of sandstones under natural
conditions. It can be seen from the diagram that the AE hit number also increases with
the increasing load. The total AE hit numbers of the three natural specimens are 34,992,
23,669, and 20,217, respectively. Different from dried specimens, the fluctuation of the AE
hit rate is not obvious, and the increase in the hit rate is mainly reflected in Stages II and III,
indicating that the rock is loaded into the elastic–plastic stage. The AE hit rates of three
sandstones under dry conditions are 204.4, 108.9, and 125.2, respectively, with an average
of 146.2. The AE amplitude is larger during Stages III and IV, which means that the main
fracture surface of sandstone is formed during this period.
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Figure 5g–i presents the variation law of AE parameters of sandstone in a saturated
state. The total AE hit numbers of the three natural specimens are 9477, 38,160, and 17,919,
respectively. It can be seen from the diagram that the fluctuation of the AE hit rate is
not obvious either, and the increase in the hit rate is mainly reflected in Stages III and IV,
indicating that when the load is close to the peak value, a large number of micro-cracks
are generated inside the rock. The AE hit rates of three sandstones in saturated states are
61.0, 151.2, and 101.3, respectively, with an average of 104.5. The AE amplitude is relatively
uniform in the four stages, indicating that the new main fracture surface is not obvious
when the saturated sandstone is loaded, or due to the saturated and softened effect, the
rock fracture process releases lower energy and is much gentler.

As shown in Figure 5, the water content has a great influence on the rock’s strength.
The increase in water content will soften the rock, weaken the rock’s internal microstructure,
and then reduce the cohesion degree between internal particles, resulting in a decrease
in rock’s strength. When the rock is in a dried state, the failure strength is larger than
200 MPa. When the rock is in its natural state, the failure strength varies from 150 to
200 MPa. However, when the rock is in a saturated state, the failure strength is smaller
than 100 MPa. Thus, with the increase in water content, the rock tends to obtain poorer
mechanical properties and a smaller failure strength. As can be seen, the water content has
a significant influence on the AE hit rate. The average number of AE hit rates of dried rocks
is larger than that of rocks in both natural and saturated conditions, which is due to the fact
that more AE signals are generated per unit time during the loading process. The higher
the AE hit rate, the more numerous and complex the internal cracks in the rock under the
loading action. This also indicates that there is a greater accumulation of energy in rocks,
which causes more severe damage and failure. That is to say, since the existence of water,
which has lubrication effects, hinders AE signal propagation, the AE signals are less active
within a rock in a saturated condition. When the rock is immersed in water, its structure
softens, which makes brittle fractures and micro-cracks hard to occur and initiate in large
amounts inside the rock. Meanwhile, when the water content of the specimen is higher, the
amplitude intensity of the AE signal emitted from the specimen during the test process is
at a lower level. The larger the AE hit, the amplitude and hit rate in the dry rock indicate
more macroscopic fractures, which is consistent with the observation of the final failure
modes of the specimen.

3.3. Quantitative Evaluation of AE b-Value

In seismological research, Gutenberg and Richard established a criterion (Gutenberg–
Richter Law) to explain the relationship between an earthquake’s magnitude and the
number of earthquakes larger than this magnitude in the form of the following formula:

log10N = a− bM (3)

where M is the earthquake’s magnitude and N is the number of events larger than M. The
parameters a and b are constants, which represent the seismic level of the region and the
intensity of micro-fracture activity within the rock, respectively.

Similar to the earthquake mechanism, when rocks are damaged under external force,
micro-cracks and macro-cracks develop, and elastic waves are released in a manner that is
similar to earthquakes. Therefore, the b-value can be used as the ratio of micro-cracks to
macro-cracks to speculate on the expansion of a crack in the rock’s mass. When the rock’s
mass mainly produces micro-cracks, AE signals with smaller amplitudes are generated,
which indicates a small-scale failure occurrence with lower energy release and, therefore,
a larger b-value can be obtained. When the rock’s mass mainly produces macro-cracks,
AE signals with larger amplitudes are generated, which indicates a large-scale failure
occurrence with higher energy release and, therefore, a smaller b-value. Hence, it is an
effective indicator to reflect the internal cracking state of the rock’s mass [64–67]. During
the test, the AE system is used to monitor and obtain characteristic values of AE parameters,
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which can be used to calculate the b-value. The magnitude in the G–R relationship can be
replaced by the amplitude, and Formula (3) can be written as follows:

log10N = a− b(AdB/20) (4)

where AdB (dB) means the peak amplitude of the acoustic emission event, and N is the
incremental frequency, indicating the number of acoustic emission hits with an amplitude
larger than AdB [68,69].

The b-value evolution law is revealed for each sandstone from the perspective of crack
development. The AE data obtained from specimen N-1 are used as an example to describe
calculation process. The total duration of the experiment is 149.9 s, and the time series is
divided into 15 groups: 0–10 s, 0–20 s, 0–30 s, 0–40 s, 0–50 s, 0–60 s, 0–70 s, 0–80 s, 0–90 s,
0–100 s, 0–110 s, 0–120 s, 0–130 s, 0–140 s, and 0–149.9 s. Then, the b-value of the AE
signals in each group can be calculated using the linear least-square fitting method. In
Figure 6, the first red column indicates that the number of AE events with an amplitude
greater than 40 dB is 21,267. However, the last red column means that only 12 AE events
with amplitudes larger than 95dB are generated. Figure 7 presents the fitting results of AE
b-value for rock specimen N−1. As shown in Figure 7, a plane coordinate system with
AdB/20 as the x-axis and log10 (N) as the y-axis is established, and a series of data points
from Figure 6 are plotted. To depict the scatters, linear fitting is performed and the fitting
results indicate that the b-value, which is actually the slope of the fitting line, is 1.455.
Moreover, R2 is the fitting coefficient and it reaches about 0.9992. Since the value of R2 is
nearer to 1.0, the accuracy of the fitting results can be proven.

The same calculation process is performed on other specimens, and the variations in
the b-value for all of the specimens versus four loading stages are given in Figure 8. The
b-value curves of all the specimens are not smooth with obvious fluctuations, which are
caused by rock non-homogeneity and crack development complexity. During Stage I, the
b-values fell in the range of 0.9–1.4 for dried rocks, 0.7–1.6 for natural rocks, and 0.5–1.6 for
saturated rocks, respectively. For saturated rocks, a few AE hits were generated, resulting
in more discrete b-values.
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Since the b-value is strongly related to the energy release during the loading process,
lower b-values can be observed at higher energy rates. When the rocks were at Stages II
and III, the b-value fluctuated slightly, which indicated that micro-fractures develop slowly
in the rock, corresponding to the elastic deformation and micro-cracks stable expansion.
During Stage IV, more and more micro-cracks and macro-cracks were generated in rocks
with different scales of energy release, resulting in the b-value decreasing as the energy rate
increased. Thereafter, the b-value decreased obviously and reached its minimum value.
The lowest recorded b-values were 0.544, 1.341, and 1.207 for dried rocks; 1.425, 0.870, and
1.042 for natural rocks; and 1.076, 1.113, and 1.227 for saturated rocks, respectively. Lots of
large-magnitude cracks in rocks, which corresponded to unstable crack expansion, were
generated at this stage. Along with the increasing load and AE event accumulation, the b-
value showed a significant decline, indicating an increasing proportion of large-scale cracks.

In order to better compare b-value evolution properties, Figure 9 presents the average
b-value at four stages for sandstones in three groups. The b-value first decreases during
Stage I and then increases during Stages II and III with the increasing water content. The
lower b-value is obtained during Stage IV, indicating a larger proportion of macro-cracks.
Moreover, the mean value of the average b-value has an obvious increasing trend with
the decreasing water content, which was 1.066 for the dried group, 1.180 for the natural
group, and 1.250 for the saturated group, indicating that the proportion of macro-cracks
generated in dried sandstone significantly increases with large amounts of energy release
and an increasingly violent failure intensity.
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3.4. Quantitative Analysis of AE Fractal Dimensions

Fractal refers to the fact that a part of a thing is similar to the whole in some way, with
self-similarity and scale invariance. The fractal dimension is often used to quantitatively
describe the degree of self-similarity [70]. A larger fractal dimension implies a larger
self-similarity, and a smaller fractal dimension implies a smaller self-similarity [71]. AE
parameters, such as the hit rate, have obvious correlation characteristics with a rock’s
internal damage evolution, and the AE fractal dimension is an effective indicator for
evaluating rock failure [72]. Previous studies have shown that not only do the acoustic
emission parameters have fractal characteristics, but also the evolution of micro-cracks
has fractal characteristics in the process of rock failure [73,74]. In this paper, the fractal
dimensions of the AE hit rate in the failure process of sandstones with different water
contents are calculated. For a sample size of n, the time series of the AE hit rate is written
as follows:

X = [x1, x2, · · · xn] (5)

where N = n – m + 1 and m-dimensional vectors can be constructed as follows:

Xi = [xi, xi+1, · · · xi+m−1] (i = 1, 2, 3, . . . n−m + 1) (6)

Then, set the scale r(k), which is as follows:

r(k) = k
i

N2

N

∑
i=1

N

∑
j=1

∣∣Xi − Xj
∣∣ (7)

where k is the proportional constant, usually taken as 10–20. The correlation function
W[r(k)] corresponding to each vector can be expressed as follows:

W[r(k)] =
1

N2

N

∑
i=1

N

∑
j=1

H[r(k)−
∣∣Xi − Xj

∣∣] (8)

The slope is obtained by linear fitting of the data points (lgW[r(k)], lgr(k)):

D(m) = lgW(r)/lgr (9)

D(m) is the fractal characteristic of the AE hit rate in the measurement scale range.
The fractal dimension Di is often calculated using a fixed sample capacity of m, and the
time Ti corresponding to the first or last parameter of the sample is actually the scale of the
fractal dimension Di. As m increases, the straight line slope Di should gradually converge
to a stable value; otherwise, the sequence set is a random sequence. In this paper, the G-P
algorithm is used to calculate the fractal dimension Di of the AE hit rate. Taking the AE test
data as a sample that has the fixed time window of U, the fractal dimension Di of a single
AE hit rate can be calculated, and the time ti corresponding to the end of the time window
is used as the scale of Di [75–77]. On this basis, the fractal dimension of the AE hit rate
in the whole rock failure process is calculated with a fixed step distance I. Moreover, the
fixed time window U is set to 30 s, and the sliding window I is set to 10 s. The calculation
method of the AE fractal dimension is illustrated in Figure 10.

The change in the AE correlation dimension of rock reflects the internal damage
evolution of rock, and the decrease in the fractal dimension indicates the occurrence of a
main fracture or failure [78]. Some research has shown that the fractal dimension increases
with the increasing levels of applied stress, and when the stress reaches about 40% of the
peak stress, the fractal dimension begins to decrease [79]. According to the stress ratio,
the fractal dimensions of the AE hit rate of sandstones with different water contents are
calculated using the G-P algorithm, as shown in Figure 11. As the stress ratio increases,
the AE hit rate fractal dimension experiences a process of decreasing, increasing, and
then decreasing again until achieving final stability. When the stress is 0–15% of the peak
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stress, the average fractal dimension of the three groups’ sandstone begins to gradually
reduce. The largest fractal dimension is 1.17 for the natural group, and the smallest fractal
dimension is 0.55 for the saturated group. When the stress is 15–50% of the peak stress, the
average fractal dimension of the three groups’ sandstone increases first and then decreases
with obvious fluctuations. The fractal variation range is large, between 0.33 and 0.95,
indicating that internal cracks in the rock are generated and disorderly expanded at any
time after the sandstone is loaded. When the stress exceeds 50% of the peak stress, the
AE signal increases significantly, and the average fractal dimension of the three groups’
sandstone is no longer significantly reduced, indicating that the damage to the rock is
accumulating gradually at the failure site of the specimen to form macroscopic cracks.
When the load reaches peak stress, the internal micro-cracks of the specimen gradually
evolve into macroscopic cracks, accompanied by a sharp release of energy. Through the
calculation of the AE hit rate fractal dimension, the similarity of AE activity inside a rock
specimen during its deformation and failure processes is revealed, and the internal AE
hit rate undergoes a change, from order to chaos and then back to order. When the micro-
cracks in sandstone gradually transform into macroscopic cracks, the fractal dimension is no
longer significantly reduced. Comparing the fractal dimensions of three groups’ sandstone,
it is found that sandstone has the largest stable dimension of 0.52 in the dry group, and the
smallest stable dimension of 0.41 in the saturated group. The stable dimension of sandstone
in the natural group is in between, which is 0.46. The calculation results show that the
fractal dimension of the AE hit rate of sandstone under different water content conditions
has certain differences, which also reflect the influence of water content on the fracture
deformation of sandstone. When the sandstone is dry or the water content is low, the fractal
dimension of the hit rate is large, which means that the micro-cracks generated in rocks are
more complex, and the rupture degree is deeper, with a larger amount of energy released.
When the sandstone is saturated, the fractal dimension of the hit rate is small, which means
that the micro-crack agglomeration is not obvious, and the rock is not fully broken.

Remote Sens. 2023, 15, x FOR PEER REVIEW 21 of 32 
 

 

1 1
[ , , ]

i i i i m
X x x x+ + −=   (i=1, 2, 3, …n − m +1 ) (6)

Then, set the scale r(k), which is as follows: 

2
1 1

( ) | |
N N

i j
i j

i
r k k X X

N = =

= −  (7)

where k is the proportional constant, usually taken as 10–20. The correlation function 
W[r(k)] corresponding to each vector can be expressed as follows: 

2
1 1

1
[ ( )] [ ( ) | |]

N N

i j
i j

W r k H r k X X
N = =

= − −  (8)

The slope is obtained by linear fitting of the data points (lgW[r(k)], lgr(k)): 

( ) lg ( ) / lgD m W r r=  (9)

D(m) is the fractal characteristic of the AE hit rate in the measurement scale range. 
The fractal dimension Di is often calculated using a fixed sample capacity of m, and the 
time Ti corresponding to the first or last parameter of the sample is actually the scale of 
the fractal dimension Di. As m increases, the straight line slope Di should gradually con-
verge to a stable value; otherwise, the sequence set is a random sequence. In this paper, 
the G-P algorithm is used to calculate the fractal dimension Di of the AE hit rate. Taking 
the AE test data as a sample that has the fixed time window of U, the fractal dimension Di 
of a single AE hit rate can be calculated, and the time ti corresponding to the end of the 
time window is used as the scale of Di [75–77]. On this basis, the fractal dimension of the 
AE hit rate in the whole rock failure process is calculated with a fixed step distance I. 
Moreover, the fixed time window U is set to 30 s, and the sliding window I is set to 10 s. 
The calculation method of the AE fractal dimension is illustrated in Figure 10.  

 
Figure 10. Illustration of AE fractal dimension calculation. 

The change in the AE correlation dimension of rock reflects the internal damage evo-
lution of rock, and the decrease in the fractal dimension indicates the occurrence of a main 
fracture or failure [78]. Some research has shown that the fractal dimension increases with 
the increasing levels of applied stress, and when the stress reaches about 40% of the peak 
stress, the fractal dimension begins to decrease [79]. According to the stress ratio, the frac-
tal dimensions of the AE hit rate of sandstones with different water contents are calculated 
using the G-P algorithm, as shown in Figure 11. As the stress ratio increases, the AE hit 
rate fractal dimension experiences a process of decreasing, increasing, and then decreas-
ing again until achieving final stability. When the stress is 0–15% of the peak stress, the 

Figure 10. Illustration of AE fractal dimension calculation.

3.5. Quantitative Analysis of AE Frequency–Amplitude Distribution

The acoustic emission signal contains a lot of information on the evolution of internal
damage sources in the process of rock deformation and failure. The AE signal is often
composed of multiple frequency components, which can reflect the size, type, and scale of
the collected cracks. Therefore, the spectrum information obtained by processing the AE
signal can reflect the fracture’s evolution process in rocks [80,81]. Fast Fourier transform
(FFT) is adopted to convert a signal from the time domain to the frequency domain and
extract its spectrum to obtain the frequency structure of the signal.

Matlab (R2020a) software is used to perform the FFT transformation on each acoustic
emission waveform signal (see Figure 12a) collected in the complete compression test to
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obtain a two-dimensional spectrogram. After denoising, the main frequency with cusp
peak properties is extracted and defined as the main frequency (see Figure 12b). The domi-
nant frequency is an important frequency domain feature of the acoustic emission signal,
which can better reflect the essential properties of rocks than its parameter characteristics.
Figures 13–15 present the distributions of the major frequency domain for typical speci-
mens in three different states. Moreover, the color of the data point changes from blue to
red, indicating the transition from smaller amplitudes to larger amplitudes. To clarify the
spectrum characteristics, the frequency distribution interval is divided into four frequency
bands, including a low frequency band, a medium frequency band, a medium and high
frequency band, and a high frequency band, and the corresponding frequency interval
ranges are 0~75 kHz, 75~150 kHz, 150~250 kHz, and 250~350 kHz.
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As shown in Figure 13, the dominant frequency bands are mainly concentrated around
110 kHz and 50 kHz. In Stage I, AE signals of low amplitude (i.e., 40–60 dB) are emitted, and
several clusters exist within the middle–high frequency band (i.e., 200–230 kHz). Entering
Stage II, high-amplitude AE signals begin to emit while high-frequency AE signals are
significantly reduced. At Stage III, a large number of AE signals with high amplitudes
exceeding 80 dB are detected. Finally, during the increase in axial stress P from 3/4Pmax to
Pmax, a continuous series of AE signals with various amplitude levels from low to high are
emitted in large amounts, indicating the occurrence of ruptures at different scales within
the rock.

In Figures 14 and 15, the dominant frequency bands are still mainly concentrated
around 110 kHz and 50 kHz. Compared to the dried specimens, natural specimens and
saturated specimens with higher water contents often generated fewer AE signals, which
have lower amplitudes and distribute in a narrower frequency range. Thus, 110 kHz and
50 kHz are the two dominant frequencies of the tested sandstone specimens, no matter in
which state they are, and water content mainly affects the generation of high frequency
components. As the water content increases, the number of waveforms located in the
range of 200–300 kHz decreases, while the number of waveforms located in the range
of 0–50 kHz significantly increases. This variation may be closely related to the change
in the microscopic structures in sandstone specimens during drying or water absorption
treatment. Generally speaking, AE signals with higher amplitudes and lower frequencies
indicate large-scale fracture generation with large amounts of energy release. It can be
clearly observed that the amplitudes of AE signals for dried specimens are significantly
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higher than those of natural and saturated specimens, which illustrates the generation of
more large-scale fractures in tested dried rock.
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Meanwhile, Table 3 summarizes the statistical distribution of the dominant frequency
for sandstone specimens at different stages. Note that the LF band, MF band, MHF band,
and HF band indicate a low frequency band, a middle frequency band, a middle and
high frequency band, and a high frequency band, respectively, which correspond to the
frequency ranges of (0~75 kHz), (75~150 kHz), (150~250 kHz), and (250~350 kHz). Overall,
there is a reduction in the proportion of AE signals in the low frequency band and an
increase in the proportion of AE signals in the middle and middle–high frequency bands
from Stages I to IV. When the stress level is less than 25% Pmax (Stage I), the average
proportions of AE signals in the LF band and MF band are 71.78% and 27.27% for dried
specimens; 83.69% and 16.28% for natural specimens; and 88.03% and 11.93% for saturated
specimens. Almost no AE signals exist in the MHF and HF bands. When the stress level
is more than 25% Pmax and less than 50% Pmax (Stage II), the average proportions of AE
signals in the LF and MF bands are 37.65% and 60.48% for dried specimens; 56.16% and
43.80% for natural specimens; and 75.97% and 23.96% for saturated specimens. The average
proportion of AE signals generated from dried specimens in the MHF band grows from
0.95% to 1.87%. Yet, the proportions of AE signals generated from natural and saturated
specimens in the MHF and HF bands remain small. When the stress level is more than 50%
Pmax and less than 75% Pmax (Stage III), the average proportions of AE signals in the LF
and MF bands are 22.54% and 75.57% for dried specimens; 53.29% and 46.45% for natural
specimens; and 76.38% and 23.51% for saturated specimens. The average proportion of
AE signals generated from natural and saturated specimens in the MHF band slightly
increased. When the stress level exceeds 75% Pmax (Stage IV), the average proportions of
AE signals in the LF and MF bands are 21.95% and 75.83% for dried specimens; 56.84%
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and 42.66% for natural specimens; and 69.25% and 30.58% for saturated specimens. About
2.18%, 0.46%, and 0.15% of the total AE signals generated from dried, natural, and saturated
specimens are located in the MHF band, respectively. Similarly, AE events with frequency
components in the HF band are hardly observed. The analysis shows that acoustic signals
with higher frequencies (above 150 kHz) and amplitudes (above 80 dB) can serve as an
approach to indicate the unstable activities of sandstone rock with lower water content
under uniaxial compression.
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Table 3. Proportions of different frequency bands.

Group Specimen
Stage I Stage II Stage III Stage IV

LF
Band

MF
Band

MHF
Band

HF
Band

LF
Band

MF
Band

MHF
Band

HF
Band

LF
Band

MF
Band

MHF
Band

HF
Band

LF
Band

MF
Band

MHF
Band

HF
Band

Dried group

D-1 57.28% 40.09% 2.63% 0.00% 20.93% 73.84% 5.23% 0.00% 29.62% 64.95% 5.43% 0.00% 23.35% 70.41% 6.12% 0.12%

D-2 74.86% 25.00% 0.14% 0.00% 29.25% 70.65% 0.10% 0.00% 18.74% 81.19% 0.07% 0.00% 22.86% 77.14% 0.00% 0.00%

D-3 83.20% 16.72% 0.08% 0.00% 62.77% 36.93% 0.30% 0.00% 19.25% 80.58% 0.15% 0.02% 19.65% 79.93% 0.42% 0.00%

Average 71.78% 27.27% 0.95% 0.00% 37.65% 60.48% 1.87% 0.00% 22.54% 75.57% 1.88% 0.01% 21.95% 75.83% 2.18% 0.04%

Natural group

N-1 79.96% 19.96% 0.07% 0.01% 44.79% 55.16% 0.05% 0.00% 44.50% 55.41% 0.09% 0.00% 50.17% 49.72% 0.11% 0.00%

N-2 92.10% 7.90% 0.00% 0.00% 92.28% 7.70% 0.02% 0.00% 93.69% 6.31% 0.00% 0.00% 93.98% 6.00% 0.02% 0.00%

N-3 79.01% 20.98% 0.01% 0.00% 31.40% 68.55% 0.05% 0.00% 21.68% 77.61% 0.61% 0.10% 26.37% 72.26% 1.25% 0.12%

Average 83.69% 16.28% 0.03% 0.01% 56.16% 43.80% 0.04% 0.00% 53.29% 46.45% 0.23% 0.03% 56.84% 42.66% 0.46% 0.04%

Saturated group

S-1 97.38% 2.59% 0.03% 0.00% 93.14% 6.86% 0.00% 0.00% 89.60% 10.17% 0.23% 0.00% 79.65% 19.97% 0.33% 0.05%

S-2 72.37% 27.52% 0.10% 0.01% 60.86% 38.98% 0.16% 0.00% 57.49% 42.42% 0.09% 0.00% 54.14% 45.74% 0.12% 0.00%

S-3 94.32% 5.68% 0.00% 0.00% 73.90% 26.05% 0.05% 0.00% 82.04% 17.96% 0.00% 0.00% 73.96% 26.04% 0.00% 0.00%

Average 88.03% 11.93% 0.04% 0.00% 75.97% 23.96% 0.07% 0.00% 76.38% 23.51% 0.11% 0.00% 69.25% 30.58% 0.15% 0.02%

Note that LF band, MF band, MHF band, and HF band indicate low frequency band, middle frequency band, middle and high frequency band and high frequency band, respectively,
which correspond to the frequency ranges of (0~75 kHz), (75~150 kHz), (150~250 kHz), and (250~350 kHz).
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4. Conclusions

In this paper, quantitative analyses of rock acoustic emission characteristics and
cracking properties were conducted, including aspects of fracture surface morphology,
AE b-value, fractal dimensions, and frequency–amplitude distribution. The following
conclusions can be drawn from this study:

(1) The presence of water in sandstone had a significant weakening effect on the rock’s
strength and failure intensity. As the water content increased, the cracks’ fractal
dimensions and total length gradually decreased, which implied that saturated rocks
consumed less energy to generate simpler cracks. Observing the rock failure surface
showed a trend of saturated sandstone with more obvious tensile fractures and dried
sandstone with more obvious shear fractures.

(2) The variation characteristics of the AE b-value can be viewed as an index for evaluating
the damage evolution of sandstones exposed to different water contents. The lowest
b-value appears at the final destruction stage, and the mean value of the average
b-value has an obvious increasing trend with the decreasing water content, which
was 1.066 for the dried group, 1.180 for the natural group, and 1.250 for the saturated
group, indicating that the proportion of macro-cracks generated in dried sandstone
increases significantly with large amounts of energy release and its failure intensity
becomes more violent.

(3) The fractal dimension results of the AE hit rate show the self-similarity in the process
of the rock’s mass deformation and failure, that is, the transformation from order to
disorder to order. When sandstone is dry, its average fractal dimension is 0.52, and
the micro-cracks in the rock’s mass are complex with the largest energy release. The
average fractal dimension of the natural group is about 0.46, and the rock’s mass
is more fully fractured. When sandstone is saturated, the fractal dimension is the
smallest at 0.41. The micro-crack agglomeration is not obvious, and the rock’s mass is
not fully broken.

(4) The AE waveforms associated with the major frequencies of 110 kHz and 50 kHz make
up the largest proportion of observed AE events, which might be due to the mineral
composition of the tested sandstone. Moreover, as the water content increases, the
amounts of waveforms at 200–300 kHz decrease, while at 0–50 kHz, they significantly
increase. Acoustic signals with higher frequencies (above 150 kHz) and amplitudes
(above 80 dB) can serve as an approach to indicate the unstable activities of sandstone
rocks with lower water contents under uniaxial compression.

All of the primary findings of this research could lead to safety improvements in
engineering projects involving sandstones with different water contents.
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