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Abstract: The acoustic vibration performance of wood affects the quality of many musical instru-
ments, and the variability of wood causes obvious differences between individual timber samples. To
mitigate the variations among the individual timber samples intended for musical instruments, in this
study, we combined finite element simulation with experimental testing to investigate the effect of the
periodic annular groove structure on the comprehensive acoustic vibration characteristics of wood.
The results revealed that there are discernible correlations between the structural parameters of the
periodic annular groove and the key acoustic parameters of wood, including the resonant frequency,
equivalent dynamic modulus of elasticity, equivalent specific dynamic modulus of elasticity, equiva-
lent acoustic radiation quality constant, and equivalent acoustic impedance. These relationships can
be used to fine-tune the overall acoustic vibration performance of wood and harmonize the acoustic
vibration characteristics among different timber specimens. The effects of the periodic annular groove
structure on the five acoustic vibration parameters obtained through finite element simulations
exhibited minimal differences to the corresponding results from experimental tests. Furthermore,
there was a remarkably strong correlation between the outcomes of the finite element simulations
and the experimental test results, with the coefficient of determination exceeding 0.99.

Keywords: wood; periodic structure; finite element method; acoustic vibration performance

1. Introduction

Spruce (Picea asperata), Paulownia (Paulownia fortunei), and other wood species possess
exceptional acoustic resonance and vibration spectral properties, making them important
raw materials for the production of the resonance components of musical instruments [1,2].
The Yueqin, Chinese zither, lute, and various other traditional Chinese musical instruments
all employ Paulownia wood as the primary material [3,4]. However, the variability of the
structure and properties of the wood greatly affect the acoustic properties, resulting in
difficulties in the selection of wood for the production of musical instruments [4]. Conse-
quently, wood that is suitable for the production of musical instruments is very limited [5].
To overcome the lack of musical instrument timber resources for the development of the
musical instrument industry, it is necessary to find ways to solve the problem of the in-
trinsic variability of wood, which causes differences between individual wood samples.
Controlling the overall performance of materials through structural design to produce a
“metamaterial” provides an idea to solve this problem [6-8].

Metamaterials are a novel category of materials that are manufactured with artifi-
cial structures as functional units, which can engender unprecedented properties on the
macroscopic level of the material that are unattainable for conventional materials [9-11].
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These attributes usually rely on the geometry and size of the structural units rather than the
specific properties of the material components [12,13]. Metamaterials were originally used
in optics and electromagnetism to modify the wave properties through their structures [14].
Their usage was later extended to acoustics, where they have the ability to flexibly manipu-
late acoustic waves and control the vibrational spectral characteristics of materials [15,16].
Thus, the artificial design and production of specific structures to cater to specific needs
constitute a crucial aspect of acoustic metamaterials research [17]. Numerical simulation
techniques have been widely used for material modeling and property analysis [18-20].
This approach can reduce the costs associated with developing new materials and accelerate
research into innovative structures.

Research on the soundboards of common stringed instruments, such as guitars, pi-
anos, and violins, has demonstrated that structural changes significantly affect the acoustic
characteristics of these soundboards [21-24]. For instance, adding ribs to a piano’s sound-
board can effectively equalize the propagation speeds of vibrations in various directions
across the soundboard [25]. Similarly, varying the thickness of a violin’s soundboard can
fine-tune its self-resonance frequency, which typically follows a parabolic trend with the
board thickness. Additionally, the construction of a speaker box can lower the modal
frequency of an instrument’s back and top plates [26]. Research on the structure-related
acoustic properties and modifications of soundboards highlights the inescapable influence
of the structure on sound generation. This phenomenon bears a striking resemblance to
the effects of metamaterials. It provides a sound basis for modifying timber structures to
improve their suitability for use in musical instruments and minimizing the disparities
arising from the natural variation of wood.

Attempts have been made to control the sound source by machining special structures
into the material used for musical instruments. Because drummers stick a mass block to
the tympanic membrane to make the drum sound better, Bader et al. [27] designed and
constructed a structure for the tympanic membrane. Experiments showed that changing
the structure could make the range of the tone made by the drum wider. Oriate et al. [28]
investigated the effect of locally coupled mechanical metamaterials on the soundboard of
an acoustic guitar. They concluded that this simple mechanism allows for the artificial
manipulation of the spectral properties of the instrument. Gonzalez et al. [29] performed
numerical simulations to investigate the effect of machining different periodic or elliptical
holes in the soundboard on the overall acoustic vibrational properties of the material. They
experimentally verified that this approach is a simple and controllable way to equalize the
sound quality of the soundboard or expand the range of the timber species. For musical
instruments, through-holes can have a detrimental effect on the appearance of the product.
A numerical study of the vibration effect of the periodic elliptical groove structure in the
soundboard of guitars has been performed [30]. After analyzing the simulation results,
it was concluded that metamaterials could be used to meet the specific needs of guitars.
However, the existing studies did not comprehensively explore the relationships between
the structure and the parameters for evaluating the acoustic vibration performance of wood,
and the types of structures involved were limited.

In this study, finite element numerical simulations were performed to investigate the
acoustic vibration characteristics of wood featuring periodic annular groove structures
with varying structural parameters. The aim is to understand the relationships between
five acoustic vibration parameters (the frequency, equivalent dynamic modulus of elasticity
(MOE), equivalent specific dynamic MOE, equivalent acoustic radiation quality constant,
and equivalent acoustic impedance) and the structural parameters. Subsequently, exper-
imental validation of the simulation findings was performed, with the aim of providing
insights into the potential adjustments of the material properties in musical instrument
materials through introducing periodic structures. This research provides a valuable refer-
ence for fine-tuning the material properties of musical instruments through introducing
periodic structures to achieve a harmonious balance between the product quality and
timbre of instruments.
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2. Materials and Methods
2.1. Structural Design

The four wood specimens used in the experiments were Paulownia wood, which is
commonly used for traditional Chinese musical instruments, with a moisture content of
approximately 6%. The structural parameters and densities of the four wood specimens
are given in Table 1.

Table 1. Dimensions and densities of experimental wooden specimens.

Specimen Number Length (mm) Width (mm) Height (mm) Density (g-cm—3)
A 240.6 20.15 11.00 0.2327
B 240.5 20.06 10.95 0.2038
C 240.6 20.14 10.98 0.2025
D 240.6 20.14 10.96 0.2307

The annular groove structure has many structural parameters, which facilitate the
realization of a variety of structures. To simplify the variables, it was necessary to fix some
of the structural parameters and change only some of them to facilitate the investigation
of the relationships between the structure and acoustic vibration properties of the wood.
Based on the dimensions of the specimens, each individual annular groove of the periodic
annular groove structure was located in a rectangular unit of 20 mm x 20 mm x 11 mm.
The depth of the groove was fixed to 2 mm, and only the sizes of the outer and inner circles
of the annuluses were changed while obtaining multiple ring widths. To ensure a certain
material strength, the diameter of the inner cylinder that was formed by the groove was
not less than 2 mm. The minimum distance between the outer circle and the edge of the
beam was not less than 2 mm. A total of 66 structures were designed. The design values of
all of the structures are given in Table 2, and the structure of the unit is shown in Figure 1.

Table 2. Sixty-six groups of parameters of the annular structures.
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15(25) 2.0(2.0)

15(3.0) 20(25) 25(20)

15(3.5) 20(3.0) 2525 3.0(2.0)

15(4.0) 20(35) 25(3.0) 3025 3.5(2.0)

15(45) 20(40) 2535 3.0(30) 35(25 4.0(20)

15(5.0) 20(45) 25(4.0) 3.0(35) 35(3.0) 4025 45(2.0)

15(55) 20(5.0) 25(45) 3.0(40) 35(3.5) 40(3.0) 4525 50(2.0)

15(6.0) 20(55) 25(5.0) 3.0(45 35(40) 4.0(35) 45(30) 50(25 55(20)

15(65) 20(60) 25(5) 3.0(.0) 3545 40(40) 4535 503.0) 5525  6.0(2.0)

Note: The number in parentheses is the size of the annular width i (mm) of the annulus, formed by the combination
of the radius of the inner circle and the corresponding radius of the outer circle.

2.2. Finite Element Simulation

Many wood-related studies using finite element simulation techniques have been
reported [31,32]. Wood is in the range of linear elastic variation when it is subjected to free
vibration. Modal analysis belongs to the category of linear analysis, so computational modal
analysis based on a linear elastic material can be carried out on a wood model using ANSYS
2021R1 [33]. Three-dimensional models of all the structures were constructed using Auto-
CAD 2017, and a beam model without the circular slot structure was constructed as a control.
The overall dimensions of the model were set to 240 mm (X) x 20 mm (Y) x 11 mm (Z)
based on the specimen dimensions. One of the models generated in the ANSYS Workbench
is shown in Figure 2.
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Figure 1. Three views of the structure of the unit: (a) the main view; (b) the side view; and (c) the top
view. D is the radius of the outer circle (mm); r is the radius of the inner circle (mm); i is the width of
the annulus (mm); g is the length of the side of the square, which is 20 mm; and ¢ is the depth of the
groove, which is 2 mm.
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Figure 2. A model with a periodic annular groove structure with R of 8 mm and r of 2 mm.

The correct material properties were also assigned to the model, and appropriate
meshing was performed during the pre-processing. Wood is considered to have orthotropic
anisotropy, so the model needed to be given material properties in all three directions. The
parameters used in the model are given in Table 3.

Table 3. Material parameters of Paulownia wood used in computational modal analysis.

Density (g-cm—3)

Young's Modulus (GPa) Shear Modulus (GPa) Poisson’s Ratio

Er Er ER Grr GLR GRr HLT MLR MRT

0.260

6.20 1.03 2.96 0.300 0.200 0.033 0.15 0.02 0.08

Note: The table data were taken from reference [34], where L, R, and T represent the longitudinal, radial, and
tangential directions of the wood, respectively.

According to the grain direction of the specimen, the X, Y, and Z directions of the
material for the modal analysis were set as the longitudinal (L), radial (R), and tangen-
tial (T) directions of the wood, respectively. In real vibration, any system has damping,
meaning that the free vibration of the system has a smaller intrinsic frequency than the
undamped free vibration. However, the small damping has a very small effect, which can
be ignored [35], and the damping of Paulownia wood is very small, so it was ignored in the
simulation process.
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A multi-area method was used to delineate the mesh of the model, and the size of the
grid cells was set to 2 mm. The finite element model was then loaded and solved. During
the experimental process, the support locations of the specimens were positioned at nodal
points of the first vibrational mode. Impact vibration tests were conducted under free
boundary conditions at both ends. This can be considered to be in close proximity to free
vibration. Therefore, the modal solution was directly performed on the model after setting
the number of vibrational modes in the software, and the modal vibration pattern was
obtained through post-processing to obtain the natural frequency f of the first transverse
vibrational mode.

2.3. Equations for the Equivalent Parameters

According to Gonzalez et al. [29], wood processed with a periodic structure is still
considered to be intact, in which case the overall density of the wood is set to the equivalent

density po:
po(kgm=) =p(1-V'/V), (1)

where p is the density of Paulownia wood (kg-m~2), V’ is the volume of the excavated
periodic annular groove structure (m?), and V is the overall volume of the timber beam
when the groove is not excavated (m?).

After defining the equivalent density, the equivalent dynamic MOE E’ was defined
based on the dynamic MOE formula [36]:

E'(GPa) = #05L f2, @)
where | is the overall length of the beam (m), / is the overall thickness of the beam (m), f;
is the nth-order transverse free vibration natural frequency of the beam (Hz), and B is a
parameter related to f,;, determined by the boundary conditions of the beam.

The dynamic MOE is an important physical property of materials that can be used
to calculate the parameters for acoustic vibration performance evaluation. These parame-
ters include the specific dynamic MOE, acoustic radiation quality constant, and acoustic
impedance [36,37]. Based on the commonly used acoustic vibration performance evaluation
parameters, the equivalent specific dynamic MOE Egp', equivalent acoustic radiation qual-
ity constant R/, and equivalent acoustic impedance w’ are derived. The related equations
are as follows:

Esp' (MPa-m3-kg_1> =E'/po, 3)

R’ (m3-Pa_1-s_3) =/E"/po3, 4)
w' (MPa-s‘m_l) = \/Elipo. 5)

The relationships between the structural parameters and the equivalent parameters
can be analyzed by examining the corresponding equivalent parameters for each spe-
cific structure.

2.4. Experimental Test

In the experimental test, the specimen was supported by two elastic supports at the
nodes of the first-order free vibration, and the excitation was applied with a blade at one
end. The microphone at the other end received the vibration signals and input them into a
fast Fourier transform (FFT) spectrum analyzer to analyze the signals and determine the f
value of the specimen. A schematic of the experimental setup is shown in Figure 3.
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Figure 3. Schematic diagram of the transverse vibration test.

The f value of the intact wood was determined first, and then different structures were
machined on the sample using a computer numerical control carving machine. Vibration
tests were performed after each structure was machined to obtain the f value of each
structure, and then, the characteristic parameters of the intact wood and the equivalent
parameters of the wood with a specific structure were calculated separately. Nine structures
of the sixty-six designed structures were processed using four wood specimens, where the
A beam was held constant for r, the B beam was held constant for D, and the C beam and F
beam were supplemented with two sets of cases, where i = 4 mm. The parameters of the
nine structures in the experimental tests are given in Table 4. The three structures obtained
during the experimental tests are shown in Figure 4.

Table 4. Parameters of the experimental test structures.

Specimen Number D/mm r/mm i/mm
A5 5 2 3
A6 6 2 4
A7 7 2 5
A8 8 2 6
B5 8 5 3
B4 8 4 4
B3 8 3 5
B2 8 2 6
Co 7 3 4
FO 5 1 4

Figure 4. The three structures obtained in the experimental tests are, from top to bottom, C0, B2, and A7.

From the properties of metamaterials, it is clear that the changes in the wood properties
in this study are caused by the structure alone and not related to the specific properties of
the wood. In fact, owing to the variability of the wood, there were considerable differences
between the vibration properties of the four specimens, so the experimental tests were
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concerned with the extent of structure-induced changes in the vibration properties. Based
on the above analysis, the rate of change my, was defined as follows:

mgr (0/0) = (1 - K//K) X 1000/0, (6)

where K'is f, E/, Esp’, R, or w' of wood with a given structure, and K is the corresponding
parameter of the intact wood. The magnitude of mgs can be used to determine the degree
of change in the acoustic vibration properties of the wood caused by the structure.

There are bound to be errors between the results from the finite element method and
the experimental test, so it is necessary to verify the validity of the finite element results
based on the experimental test. The error between the finite element calculation result and
the experimental test result was set to Xgs, which was calculated as

X = (mo/my — 1) x 100%, @)

where my is the mg value of the f value or equivalent parameter of the structure calculated
via finite elements, and m; is the corresponding result of the experimental test.

3. Results and Discussion
3.1. Results of the Experimental Tests

The mg: values of the nine structures are given in Table 5. The trends of the my values
were analyzed, and the results are shown in Figure 5. When r or i was constant, all five
my values increased with increasing D, showing a positive correlation between my, and
D (Figure 5a,b). The changes from fastest to slowest were in the order mg/, MEgy!, M, My,
and mps,. When D was constant, mg, and s decreased with increasing r, and they showed
similar trends. Conversely, ME gy, MRY, and myg increased with increasing 7, and mps and
ME gy increased more rapidly than my (Figure 5c¢).

Table 5. Nine groups of my obtained from the experimental test.

Sﬁﬁ;‘g‘g‘ my (%) mg, (%) gy (%) g, (%) s (%)
A5 7.41 16.52 14.19 478 9.88
A6 9.04 20.79 17.23 494 12.93
A7 11.11 25.87 20.96 521 16.62
A8 14.07 32.28 26.14 6.27 21.20
B5 13.56 29.79 25.28 8.00 18.78
B4 13.56 31.04 25.28 6.33 20.23
B3 13.22 31.06 24.69 5.20 20.56
B2 13.22 31.93 24.66 3.94 2157
Co 10.67 24.52 20.24 5.63 15.48
DO 6.56 15.18 12.68 3.81 9.23

In the experimental tests, A8 and B2 were structures with D = 8 mm and r = 2 mm, but
they had different my values, which may be because the variability of the microstructure
of the wood had a different effect on the macroscopically identical structure. Variability
is an inherent characteristic of wood, which means that the actual effect of a structure on
different individual pieces of wood can easily differ. Nevertheless, it is essential to identify
consistent patterns in the effect of the macroscopic periodic annular groove structure on
the material’s macroscopic properties. To uncover these patterns and reduce experimental
costs, further investigations were performed via finite element simulation. The aim of these
simulations is to elucidate the systematic effects of all 66 designed periodic annular groove
structures on the acoustic vibration properties of wood.
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3.2. Results of Finite Element Simulation

In the finite element simulations, the focus was to analyze the changes in the param-
eters themselves, because this provides a more intuitive understanding compared with
studying the rates of change in the parameters. Specifically, the relationships between f, E/,
Esp', R, and w' and the structural parameters of the periodic annular groove were analyzed.
This approach allows for a more straightforward and comprehensible assessment of the
effects of the structural parameters of the groove on these key material properties.
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Figure 5. Relationship between mg: and structural parameters obtained from the experimental tests:
(a) relationship between mg: and D when r is 2 mm; (b) relationship between mg: and D when i is
4 mm; (c) relationship between mg, and r when D is 8§ mm.

3.2.1. Relationship between f and Structural Parameters

The vibration patterns of the first vibrational mode and f were obtained from the com-
putational modal results of ANSYS Workbench. The relationships between the structural
parameters of the periodic annular groove and f were analyzed, and the results are shown
in Figure 6.

Overall, f exhibited a downward-sloping surface with increasing values of both D and
r (Figure 6a). This indicates that as D or r increased, f decreased. Three distinct relationships
were extracted from the dataset comprising 66 data points, specifically, the relationship
between f and D when i = 2 mm (Figure 6b), the relationship between f and D when
r =1 mm (Figure 6¢c), and the relationship between f and r when D = 8 mm (Figure 6d).
These three relationships were then analyzed.

When i =2 mm and D varied from 3 to 8 mm, f substantially decreased from 898.1 to
801.4 Hz. Notably, there was a linear negative correlation between f and D, with a variation
of 10.77%, representing the maximum achievable range within the range of the structural
parameter variations.

When r =1 mm and D varied from 3 to 8 mm, f decreased from 898.1 to 812.0 Hz, a
change of 9.59%. In addition, there was a noticeable linear negative correlation between f
and D.

For D = 8 mm, as r increased from 1 to 6 mm, f decreased from 812.0 to 801.4 Hz, a
decrease of only 1.31%. The trend of the decrease in f with increasing r was best described
by a cubic function.

In Figure 6a, apart from the specific values of 898.1 and 801.4 Hz, each given f value
corresponds to a certain range of D and r values. This observation suggests that nearly all
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of the f values can be achieved through multiple combinations of D and r. Variations in D
have a more pronounced effect on f than variations in r. Consequently, when a periodic
annular groove structure is used to adjust the f parameter of wood, it is advisable to initially
determine the appropriate D for a coarse adjustment of f, followed by using r for a finer
adjustment to achieve the desired f value.

b 900
880
860
c)
= 840
820
800
0
0.
D(mm)
d gyo[y=0.082¢° —0.891x +0.609x + 812.2
R?=0.99976
880+ 8101}
860} _ 808 -
= N 806+
< 840+
= 804 -
820 | i
y=—17.233x +951.901 . 802
800+ R*=10.99781 800
0 L 1 1 ! ! L | /F . ) ) ) ) )
00 3 4 5 6 7 8 1 2 3 4 5 6
D(mm) (mm)

Figure 6. Relationship between f and structural parameters. (a) Relationship between f and D, r;
(b) with i = 2 mm constant, relationship between f and D; (c) with ¥ = 1 mm constant, relationship
between f and D; (d) with D = 8 mm constant, relationship between f and r.

3.2.2. Relationship between E’ and structural parameters

The finite-element-simulation-derived f was substituted into Equation (2) to obtain E’.
The relationships between the structural parameters of the periodic annular groove and E’
are shown in Figure 7.

Overall, a skewed surface formed between E’, D, and r (Figure 7a), where E’ decreased
with increasing D but increased with increasing r. We extracted the three most prominent
relationships from the dataset of 66 data points: the relationship between E’ and D when
r =1 mm (Figure 7b), the relationship between E’ and D when i = 2 mm (Figure 7c), and the
relationship between E” and r when D = 8 mm (Figure 7d). The three extracted relationships
were then analyzed.

When r = 1 mm and D increased from 3 to 8 mm, E’ decreased from 5.38 to 4.05 GPa,
showing a pronounced linear negative correlation between E’ and D. This decrease in E’
was the largest among the 66 structures, reaching 24.74%.
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Figure 7. Relationship between E’ and structural parameters. (a) Relationship between E’ and D, r;
(b) with i = 2 mm constant, relationship between E’ and D; (c) with 7 = 1 mm constant, relationship
between E’ and D; (d) with D = 8 mm constant, relationship between E and r.

When i = 2 mm and D increased from 3 to 8 mm, E’ decreased from 5.38 to 4.16 GPa, a
decrease of 22.68%. Similarly, there was a noticeable linear negative correlation between E’
and D.

When D = 8 mm and r increased from 1 to 6 mm, E’ increased from 4.05 to 4.16 GPa,
a modest increase of only 2.74%. The trend of the increase in E’ with r followed a nearly
cubic curve.

In Figure 7a, except for the values of 5.38 and 4.05 GPa, each value of E’ corresponds to
a certain range of D and r values, indicating that almost all of the E’ values can be achieved
using more than one combination of D and r. It is clear that E’ is more strongly influenced
by D than r. Therefore, when adjusting the E’ value of wood using a periodic annular
groove structure, it is advisable to first determine the size of D to achieve a preliminary
selection of E' and then fine-tune E’ using .

3.2.3. Relationship between Egp’ and Structural Parameters

The specific dynamic MOE is an important parameter for assessing the acoustic vibra-
tion performance of wood, because it measures the vibrational acceleration of the individual
cell wall material. A higher specific dynamic MOE indicates an improved vibrational effi-
ciency and better acoustic vibrational outcomes in wood [1,38]. The relationships between
the structural parameters of the periodic annular groove and Egp' were analyzed, and the
results are shown in Figure 8.
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Figure 8. Relationship between Egp’ and structural parameters. (a) Relationship between Esp’ and D,
7; (b) with i = 2 mm constant, relationship between Esp’ and D; (c¢) with » = 1 mm constant, relationship
between Esp' and D; (d) with D = 8 mm constant, relationship between Esp’ and r.

Esp' decreased with an increase in either D or r, exhibiting a trend that was similar
to that observed for f (Figure 8a). Among the 66 data groups, we selected three specific
relationships for further analysis: the relationship between Esp’ and D when i = 2 mm
(Figure 8b), the relationship between Esp’ and D when r = 1 mm (Figure 8c), and the
relationship between E’ and r when D = 8 mm (Figure 8d).

When i = 2 mm and D increased from 3 to 8 mm, Esp’ noticeably decreased from 20.93
to 16.67 MPa-m®-kg 1. Ep’ exhibited a clear negative linear correlation with D, and the
change in Egp’ was the highest among the 66 structures, amounting to 20.35%.

When 7 = 1 mm and D increased from 3 to 8 mm, Esp’ decreased from 20.93 to
17.11 MPa-m>-kg ™!, a decrease of 18.25%. Esp’ also exhibited a noticeable negative linear
correlation with D.

When D = 8 mm and r increased from 1 to 6 mm, Esp’ decreased by only 2.57%, and
the trend of the decrease in Esp” with increasing r closely resembled a cubic curve.

Similar to the situation for f (Figure 8a), except for the values of 20.93 and
16.67 MPa-m®-kg !, each Egp' value corresponded to a certain range of D and r values. In
other words, almost all of the Esp’ values can be achieved with various combinations of D
and r. D had a stronger influence on Egp’ than r. Therefore, when adjusting the Egp' value
of wood using a periodic annular groove structure, it is still possible to first determine the
initial selection of D and then fine-tune Esp’ using r.

3.2.4. Relationship between w’ and Structural Parameters

The acoustic impedance is also related to the vibrational efficiency of wood, and it
can quantify the resistance of wood to the propagation of sound waves. A higher acoustic
impedance value indicates that the wood produces a weaker sound, whereas a lower
acoustic impedance value leads to a louder sound [37-39]. The relationships between the
structural parameters of the periodic annular groove and w’ are shown in Figure 9.
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Figure 9. Relationship between w’ and structural parameters. (a) Relationship between w’ and D, 7;
(b) with i = 2 mm constant, relationship between w' and D; (c) with » = 1 mm constant, relationship
between w’ and D; (d) with D = 8 mm constant, relationship between w’ and .

w' showed a similar overall curved surface relationship with D and r to that of E’
(Figure 9a). The relationships between w’ and D when i = 2 mm (Figure 9b), w’ and r when
r =1 mm (Figure 9¢), and w’ and r when D = 8 mm (Figure 9d) were then analyzed.

When 7 = 1 mm and D increased from 3 to 8 mm, w’ decreased from 1.176 to
0.979 MPa-s:m~1, and there was a noticeable negative linear correlation between w' and D.
The largest degree of change caused by the 66 structures was 16.75%.

When i = 2 mm and D increased from 3 to 8 mm, @' decreased from 1.176 to
1.019 MPa-s:-m ™!, a decrease of 13.35%. There was also a noticeable negative linear correla-
tion between w’ and D.

When D = 8§ mm and 7 increased from 1 to 6 mm, @' increased from 0.979 to
1.019 MPa-s'm~!, an increase of 4.09%. The trend of the increase in w’ with increasing r
was close to a cubic curve.

The decrease in @’ indicates that the periodic annular groove structure can improve
the transmission of sound waves in wood, resulting in a more resonant acoustic effect. This
enhancement can increase the suitability of wood for musical instruments. Similar to the
situation observed for E’ (Figure 7a), apart from the values of 1.176 and 0.979 MPa-s-m!,
there was a certain range of D and r values corresponding to a single w’ value. This indicates
that nearly all of the w’ values can be achieved using more than one combination of D and
r. It is clear that changes in D result in more pronounced variations in w’ than changes
in r do. Therefore, when adjusting the w’ value of wood using a periodic annular groove
structure, it is advisable to first determine the appropriate D value for coarse adjustments
of w’, followed by fine-tuning w’ using r.

3.2.5. Relationship between R’ and Structural Parameters

The acoustic radiation quality constant describes the degree to which the vibration
of wood is attenuated by acoustic radiation and measures the amount of acoustic power
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it radiates into the air, with a higher acoustic radiation quality constant being more likely
to produce a louder sound from wood [37-39]. The structural parameters of the periodic
annular groove were analyzed in terms of R/, and the results are shown in Figure 10.
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Figure 10. Relationship between R’ and structural parameters. (a) Relationship between R’ and D, 7;
(b) with r = 1 mm constant, relationship between w’ and D; (c) with D = 8 mm constant, relationship
between R’ and 7; (d) with i = 2 mm constant, relationship between R’ and D.

R’ formed a unique surface with D and r (Figure 10a). Three relationships were
extracted from the 66 sets of data, including the relationship between R’ and D when
r =1 mm (Figure 10b), the relationship between R" and r when D = 8 mm (Figure 10c), and
the relationship between R’ and D when i = 2 mm (Figure 10d). The three relationships
were then analyzed.

When i = 2 mm and D increased from 3 to 8 mm, R’ decreased from 17.800 to
16.356 m>-Pa—!-s73, and there was a noticeable negative linear correlation between R’
and D. The decrease in R’ was the maximum value among the 66 structures (8.11%).

When D = 8 mm and r increased from 1 to 6 mm, R’ decreased from 17.483 to
16.356 m3-Pa—!.s73, representing a decrease of 6.45%. The trend of the decrease in R’
with increasing r was best described by a cubic function.

When r = 1 mm and D increased from 3 to 7.5 mm, R’ decreased from 17.800 to
17.476 m3-Pa—1.s73, a decrease of only 1.82%. This was the maximum decrease in R’ within
this relationship, after which it began to increase. Over the entire range, the trend of R’
with increasing D closely resembled a quadratic curve.

The relationship between R’, D, and r was unique. However, apart from the values of
17.800 and 16.356 m3-Pa~!-s73, a single R’ value still corresponded to a range of D and r
values, as shown in Figure 10a. Therefore, almost all of the R’ values can be achieved using
more than one combination of D and r. Nevertheless, variation in r had a more pronounced
effect on R’ than variation in D (Figure 10b—d). This is distinct from the four parameters
discussed earlier. Hence, when adjusting the R’ value of wood using a periodic annular
groove structure, it is advisable to first determine the size of r for the initial selection of R’
and then fine-tune R’ using D.
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3.3. Reliability Evaluation of the Finite Element Simulation Results

Based on the finite element simulation results of f, E/, Esp’, R’, and w', when r or i were
constant, all of the five parameters decreased as D increased. Correspondingly, from the
experimental results in Section 2.1, the corresponding my- values for all five parameters
increased with increasing D. When D was constant, the relationships between the five
parameters and r obtained from finite element simulations closely approximated cubic func-
tions. Specifically, as r increased, its effect on the decrease in f and Esp’ initially increased
before decreasing. As r increased, its effect on the decrease in R’ gradually increased, and
its effect on the increase in E’ and w’ gradually became more pronounced. The trends in the
changes of these five parameters also largely aligned with the corresponding mg; variations,
obtained through experimental tests. Therefore, in terms of the trend, the overall trend of
the effect of the annular groove structure on the acoustic vibration performance of wood
obtained from the finite element simulation is of reference value.

To evaluate the reliability of the finite element simulation results, we analyzed the
correlation between the experimental test results and the finite element simulation results.
All of the my; results obtained through finite element simulations for the nine structures
tested in the experiments are given in Table 6. We specifically investigated the correlation
between the experimental and simulation results for three cases: ¥ = 2 mm (Figure 11a),
D =8 mm (Figure 11b), and i = 4 mm (Figure 11c). Owing to the inherent limitations of finite
element simulations, such as idealized assumptions and factors related to actual machining
precision, finite element simulation results inevitably contain errors. Consequently, the data
fitting slopes for all three cases were less than 1. However, the determination coefficients (R
values) for all three cases exceeded 0.99. This indicates an excellent correlation between the
results obtained from both methods, indicating that the finite element simulation method
is highly reliable.

Table 6. mg, obtained via numerical simulation of the models corresponding to the experimentally
tested structures.

D/mm r/mm i/mm mys mg; MEgy mg, My
5 2 3 7.01% 16.12% 13.52% 4.13% 9.80%
6 2 4 8.81% 20.65% 16.85% 4.45% 12.98%
7 2 5 10.83% 25.60% 20.49% 4.71% 16.56%
8 5 3 13.67% 29.62% 25.47% 8.58% 18.48%
8 4 4 13.42% 30.18% 25.05% 7.05% 19.36%
8 3 5 13.13% 30.47% 24.54% 5.73% 19.96%
8 2 6 12.89% 30.63% 24.12% 4.73% 20.36%
7 3 4 11.09% 25.47% 20.95% 5.71% 16.17%
5 1 4 6.83% 16.17% 13.20% 3.53% 10.03%

The Xk results for all of the mg/ values are given in Table 7. The majority of the
values did not exceed 10%. This indicates that there were minimal differences between the
experimental and simulated results, demonstrating a high degree of similarity between
the two. The larger errors all appeared in the results of R/, in which the largest error
value belonged to structure A8 (—24.59%). This fluctuation in the errors can be attributed
to the formula for R’. Unlike the formulas for the other parameters used to assess the
equivalent acoustic vibration performance, the formula for R’ includes the cube of the
density in addition to E’. This amplifies the effect of density variations in the wood on the
calculations. Furthermore, the obtained results suggest that the periodic annular groove
structure induces minimal changes in the sound radiation quality factor constant, so even
small variations in the rate of change can lead to noticeable errors.
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Table 7. Xk, of finite element simulation.

Specimen

Number 2% Xp XEgp Xre X
A5 —5.40% —2.45% —4.69% —13.53% —0.88%
A6 —2.47% —0.66% —2.23% —10.04% 0.39%
A7 —2.49% —1.04% —2.23% —9.54% —0.33%
A8 —8.39% —5.12% —7.72% —24.59% —3.97%
B5 0.83% —0.57% 0.77% 7.23% —1.61%
B4 —1.00% —2.77% —0.92% 11.36% —4.29%
B3 —0.65% —1.91% —0.61% 10.13% —2.93%
B2 —2.47% —4.08% —2.17% 20.21% —5.64%
Co 3.99% 3.87% 3.53% 1.42% 4.43%
FO 4.20% 6.55% 4.05% —7.43% 8.65%

Taking structure B2 as an example, in the finite element simulation, the equivalent
density of structure B2 was 0.238 g-cm 3, which was 91.5% of the density of the wood that
was input into the model. In the experimental test, the equivalent density of structure B2
was measured to be 0.184 g-cm 3, which corresponds to 90.2% of the density of specimen B
as measured in the experiment. The difference in the density change between the two was
only 1.3%. Meanwhile, the difference between the corresponding mpg; values for structure
B2 in Tables 5 and 6 was only 0.79%. Despite these small differences, the error calculated
for mg, was 20.21%. Given the inherent variability of wood itself, fluctuations in the rate of
change of R’ are almost inevitable. However, based on the correlation analysis, it can still
be considered that overall, finite element simulation techniques can be used to investigate
and predict the effect of structures on the acoustic vibration performance of wood.

3.4. Overall Evaluation of Results

After confirming the reliability of the finite element simulations, it can be observed
from the simulation results that the periodic annular groove structure causes a decrease
in Esp’, indicating a reduction in the overall vibrational efficiency of the wood. The slight
decrease in R’ implies a minor attenuation in sound energy radiation, while the decrease in
w'’ signifies an elevated response of the wood to vibrations [39]. High-quality Paulownia
wood inherently possesses elevated values of Es,’ and R’. Thus, even after processing the
periodic annular groove structure, Paulownia wood still meets the requirements for serving
as a soundboard in musical instruments [40].

In comparison to the scenario where only small-diameter through-holes are individ-
ually drilled in the LR direction [41], the changes brought about by the periodic annular
groove structure are more pronounced and exhibit a regular pattern. This presents an
almost precise programmable method for adjusting the acoustic vibrational performance
of wood in musical instrument production. It allows for the deliberate tuning of parts in
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Paulownia wood that does not meet the acoustic vibrational performance requirements of
the target instrument. This intentional adjustment contributes to the consistent acoustic
quality of the final product.

Considering that different components of wooden musical instruments have varied
requirements for wood properties, it is imperative to explore more periodic structures, such
as rectangles, polygons, and their corresponding annular counterparts. Furthermore, the
introduction of theories like fractals could be considered for design purposes, allowing for
the adjustment of parameters. This approach aims to achieve diverse modifications that
are tailored to the specific needs of different instrument components. Additionally, it is
crucial to note that the acoustic effects of musical instruments are not solely characterized
by the material properties discussed in this paper. The conditions encountered by sound
waves as they pass through instrument components, such as reflections [42], also warrant
attention. In contrast to a smooth soundboard, when sound waves propagate through
periodic structures, they undergo multiple reflections, interferences, and scatterings at
the interfaces between wood and air. This results in complex propagation phenomena,
including the potential for negative refraction [43]. Therefore, further research is necessary
to investigate phenomena such as sound wave reflections within these structures in order
to confirm their applicability in musical instruments.

4. Conclusions

We have investigated the variation in the acoustic vibration performance of Paulownia
wood with different periodic annular groove structures via finite element techniques in
conjunction with experimental tests. The key conclusions can be summarized as follows:

(1) Itis feasible to modify the acoustic vibration performance of wood using periodic
circular groove structures. When the groove depth and ring width are constant,
the wood’s frequency, equivalent dynamic MOE, equivalent specific dynamic MOE,
equivalent acoustic radiation quality constant, and equivalent acoustic impedance
exhibit noticeable linear negative correlations with the outer circle radius. When
the groove depth and outer circle radius are constant, the relationships between the
wood’s five acoustic vibration parameters and the inner circle radius are close to
cubic functions. When the groove depth and inner circle are constant, except for
the relationship between the equivalent sound radiation quality factor and the outer
circle radius, which approximates a quadratic function, the other acoustic vibration
performance-related parameters are linearly and negatively correlated with the outer
circle radius. Therefore, periodic circular groove structures can be used to adjust the
acoustic vibration performance of wood, reducing the differences resulting from the
variability among individual wood samples.

(2) There are different relationships between various acoustic vibration performance
parameters and the periodic annular groove structure parameters. However, apart
from the equivalent sound radiation quality factor, the other parameters can first be
roughly selected based on the outer circle radius, followed by fine-tuning with the
inner circle radius. In contrast, the equivalent sound radiation quality factor is better
suited for initial selection based on the inner circle radius, followed by fine-tuning
with the outer circle radius, enabling the design of the wood’s acoustic vibration
performance.

(3) Following the concept of metamaterials, we experimentally verified the extent to
which the frequency, equivalent dynamic MOE, equivalent ratio of dynamic MOE,
equivalent sound radiation quality factor, and equivalent acoustic impedance of wood
are influenced by structural changes. Overall, the observed trend in each parameter
closely aligned with the finite element simulation results. There was a high degree of
correlation between the experimental test results and finite element simulation results.
Thus, it is considered that finite element techniques can be used to investigate the effect
of the structure of periodic annular grooves on the acoustic vibration performance
of wood.
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