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Abstract: A ceramic–ceramic (CERCER) fuel with minor actinide-enriched ceramic fuel particles
dispersed in a MgO ceramic matrix is chosen as a promising composite target for accelerator-driven
systems (ADS). Fission swelling is a complex irradiation-induced phenomenon that involves re-
crystallization, resolution, and hydrostatic pressure under extreme conditions of high temperature
and significant fission flux. In this study, a multiscale computational framework was developed to
integrate simulations of continuum-scale thermo-mechanical behavior in the CERCER composite
with a grain-scale hydrostatic pressure-dependent fission gas swelling model. Hydrostatic pressure-
dependent fission welling is taken into account in the stress update algorithms for UO2 particles.
Accordingly, we programmed the user subroutines to define the thermo-mechanical constitutive
relations in the finite element simulations. The obtained results indicate that (1) the proposed method
accurately predicts the swelling deformation at various burnup levels while taking into account
hydrostatic pressure and (2) prior to recrystallization, the particle swelling is primarily influenced by
temperature variation, whereas after recrystallization, the presence of hydrostatic pressure favorably
suppresses the swelling deformation. This work effectively captures the swelling behavior influenced
by hydrostatic pressure within the dispersed-type CERCER composite fuel in ADSs.

Keywords: CERCER composite fuel; hydrostatic pressure; multiscale simulations; fission gas
swelling; finite element method

1. Introduction

Accelerator-driven systems (ADS, subcritical reactors) [1–3] have been proposed as an
efficient transmutation system to burn the long-lived radionuclides of hazardous nuclear
wastes (for example, minor actinides including Np, Am, and Cm) and produce enormous
amounts of energy at the same time. The main component of the reactor core is a fuel
element that is loaded with MA and fissile nuclides [3,4]. The element exhibits structural
similarities with rod-type fuels, which are composed of several cylindrical pellets wrapped
in tubular outer cladding [5]. The pellet–cladding gap is appropriately designed to avoid
mechanical interaction and the outer cladding serves as a protective shield.

The pellet used for ADS is a composite of ceramic fuel particles with MA dispersively
embedded into a matrix. There are two highly preferred heterogeneous forms [3,5,6]:
CERCER, which is strengthened with ceramic particles in a Mo92 metallic matrix, and
CERMET, which is reinforced with the same inclusions in a MgO matrix. In previous re-
search by the Experimental Feasibility of Targets for Transmutation (EFTTRA) group [4,7,8],
uranium dioxide (UO2) was consistently used as the particle material in CERCER targets,
while MgO was an appropriate matrix choice thanks to its irradiation stability [9,10].

CERCER composites showcase sophisticated thermo-mechanical behavior when ex-
posed to a variety of harsh conditions, such as strong, fast neurons and extreme heat, in
a subcritical reactor. In addition to producing heat, the particles generate solid and gas
fission products, resulting in significant irradiation swelling deformation. Post-irradiation
examinations demonstrated that the swelling in UO2 particles could reach more than
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80% at deep burnups [7], and indicated that grain recrystallization occurred during this
phenomenon. Recrystallization begins at the grain boundary of the original grain and
progresses to the grain center until the original large grain is fragmented into small fine
grains [11]. As a result, fission gas atoms can rapidly diffuse to the new grain boundary
and form large intergranular bubbles. Unlike the homogeneous UO2 pellet, the dispersed
configuration restricts the release of gas bubbles, resulting in stored gas products that
significantly increase material porosity, decrease thermal conductivity, and effectively scale
the deformation [12,13]. Significant swelling also increases the probability of a crack by
strengthening the mechanical interactions between the matrix and the fuel particles and
weakening the microstructure integrity. PIE revealed radial cracking between the matrix
and the particles in CERCER pellets at high burnup stages [4]. As a consequence, the
evolution of in-pile thermo-mechanical behavior in the CERCER pellet should be coupled
with grain-scale fission gas behavior.

In addition to experimental studies, theoretical models and numerical simulation
methods should be established to explore the irradiation-induced swelling behavior in
CERCER fuels to provide a comprehensive understanding of their in-pile evolution. Above
all, a critical fission gas swelling model should take the grain-scale recrystallization effect
into account. Theoretical models being used to describe the behavior of fission gases
can be traced back to Booth’s spherical model proposed in 1957 [14]. Rest et al. [11,15]
proposed a recrystallization theory for UO2 and UMo fuels, and developed a swelling
model by calculating the grain-scale fission gas diffusion behavior. Cui et al. [16] improved
Rest’s model by taking hydrostatic pressure and the resolution effect of intergranular
gas atoms into account, and developed a semi-analytical formula to describe fission gas
behavior in UMo fuels. There have been some simulation attempts to develop efficient
and precise schemes for incorporating irradiation-induced swelling behavior into various
nuclear fuels [17–19]. Cui’s model was first employed to simulate the in-pile behavior
of UMo fuel plates that were monolithic or particle-dispersed [20]. Zhang et al. [21]
revised this model for calculating the effective irradiation swelling for PuO2/Zr inert
matrices by incorporating the gas swelling model into the constitutive relations under the
rotational coordinate system [17]. While computational models and numerical simulations
provide insight into the thermo-mechanical behavior of various types of fuel elements,
research on the three-dimensional thermo-mechanical behavior simulations of ADS fuels
remains limited. Finite element analyses (FEA) [12,19,22,23], with the constructed thermo-
mechanical models for UO2 particles and MgO matrices, were performed to understand the
in-pile behavior in a CERCER composite in an ADS. Ding et al. [22] used an empirical model
to simulate swelling in UO2 particles, which severely underestimated the gas swelling
contribution in the CERCER pellet. In addition, the mechanistic model in [19,23] was
revised from that of Cui et al. [16] to take grain-scale fission gas behavior in UO2 particles
into account. Although the authors considered intergranular gas atom resolution and
investigated the evolution of intragranular swelling in a wide range of burnups, the
important hydrostatic pressure was neglected. Modeling of the hydrostatic pressure-
dependent swelling behavior in CERCER composites remains a significant challenge.

In this study, we aimed to improve our mechanistic understanding of the irradiation-
induced swelling behavior in CERCER composites in ADS cores. The work is organized as
follows. Our refined grain-scale fission gas swelling model, which includes recrystallization,
gas atom resolution, and hydrostatic pressure dependence, is detailed in Section 2. Based
on our previous works [12,23], we then updated the user-defined subroutines to integrate
the grain-scale fission swelling model with a continuum-scale stress update algorithm and
introduced finite element simulations of the multi-scale thermo-mechanical behavior of
the CERCER composite pellet. We ran two simulations with and without the considered
hydrostatic pressure in the gas swelling model. Sections 3 and 4 examine the evolution
of fission swelling at various burnup stages, as well as the influencing mechanism of
hydrostatic pressure.
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2. Materials and Method
2.1. Swelling Model with Recrystallization, Resolution and Hydrostatic Pressure

Volumetric swelling in fuel particles arises from the accumulation of fission solid
products and gas fission products. Here, we adopted the volumetric engineering strain,
which expresses the volumetric variation relative to its original volume:(

∆V
V

)sw
=

∆Vsolid
V

+
∆Vgas

V
(1)

The solid part, ∆Vsolid
V , grows proportionally to fission density [24,25]:

∆Vsolid
V

= 2.5 × 10−29 · Fd (2)

Fd (fission/m3) is the fission density in Equation (2), which can be calculated using:

Fd = ḟ × t (3)

where ḟ (fission/m3 s) is the fission rate and t (s) represents time.
The fission gas behavior that leads to considerable swelling, ∆Vgas

V , can be divided
into two stages. Fission gas swelling is the sum of intragranular bubble swelling and
intergranular bubble swelling in the first stage before recrystallization (Fd ≤ Fdx, Fdx = 4×
1024 ( ḟ )2/15 [11]). The second stage occurs following recrystallization (Fd > Fdx), with
the original grain separating into two areas. The non-recrystallized area still contains
intragranular bubble swelling and intergranular bubble swelling despite the decreased
grain radius. The recrystallized area with fine grains produces major intragranular bubble
swelling since the gas depletion effect [26] causes fission gas atoms to migrate to the grain
boundaries. Thus, the swelling of fission gas can be calculated as follows.

∆Vgas

V
=


(

∆Vintra
V

)∣∣∣
rgr

+
(

∆Vinter
V

)∣∣∣
rgr

Fd ≤ Fdx

(1 − Vr)

[(
∆Vintra

V

)∣∣∣
rgr

+
(

∆Vinter
V

)∣∣∣
rgr

]
+ Vr

(
∆Vinter

V

)∣∣∣
rgrx

Fd > Fdx

(4)

where Vr is the volume fraction of the recrystallized area, rgr (m) is the current grain radius
excluding the recrystallized outside, and rgrx = 0.1 µm is the fine grain radius. When the
recrystallization process is completed, Vr increases to 1.0.

According to [11], gas swelling prior to recrystallization can be expressed as:

∆Vgas

V
=

4π

3
r3

bcb +
2πR3

bCb

rgr0
(5)

In Equation (5), 4π
3 r3

bcb describes the intragranular bubble swelling, in which rb (n/m3)
is the radius of the intragranular bubble and cb (n/m3) is the average concentration of

intragranular bubbles. The other item, 2πR3
bCb

rgr0
, expresses the intergranular bubble swelling,

where rgr0 (m) is the original grain radius, Cb (n/m2) is the grain boundary bubble con-
centration, and Rb (m) is the radius of the intergranular bubble. With hydrostatic pressure
taken into account, the radius of the intergranular bubble, Rb, obeys the modified van der
Waals gas law [11]: (

2γ

Rb
+ Ph

)(
4πR3

b
3

− hsbvNb

)
= NbkT (6)

where gamma (N/m) is surface tension, Ph (Pa) is the hydrostatic pressure, k (J/K) is
the Boltzmann constant, T (K) is the temperature, Nb = N/Cb is the gas constant atom
number per intergranular bubble, where N is the concentration of intergranular gas atoms,
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hs denotes the fitting parameter [24], and bv is the van der Waals constant for Xe. We
obtained N by solving the governing equations [16,19] for the diffusion of fission gas atoms
in the equivalent spherical grain [14], while accounting for the resolution effect in the
intergranular fission gas atoms.

Equation (6) is a nonlinear equation. For a given Ph, the key Rb can be further found
via the Newton–Raphson iteration method. As a result, the correlation between Ph and Rb
can be revised as follows:

∂Rb
∂ph

=
hsbvNbR2

b −
4π
3 R5

b
16π

3 γR3
b + 4πR4

b ph + 2γhsbvNb
(7)

As stated in the following section, the solution of hydrostatic pressure is dependent
on the stress calculation.

The volumetric gas swelling in the recrystallized region is obtained as:(
∆Vinter

V

)∣∣∣∣
rgx

=
4πR3

bx
3

(
3Cbx
2rgrx

+
1

8r3
grx

)
(8)

where Cbx denotes the intergranular bubble density and Rbx is the radius of the recrystal-
lized intergranular bubble area, which also satisfies the modified van der Waals gas law in
Equation (6), where Nb and Rb should be replaced by Nbx and Rbx, respectively. Similar to
Rb in Equation (7), we can obtain ∂Rbx

∂ph
, which is expressed as:

∂Rbx
∂ph

=
hsbvNbR2

bx −
4π
3 R5

bx
16π

3 γR3
bx + 4πR4

bx ph + 2γhsbvNb
(9)

Thus, we can obtain all the expressions in the swelling calculation in Equation (1)
based on the fission solid formulation (as in Equation (2)) and the fission gas bubble model
(as in Equations (4)–(9)). As a result, the volumetric swelling strain can be expressed in
logarithmic form as:

θsw = ln
(

1 + (
∆V
V

)sw
)

(10)

where (∆V
V )sw represents the volumetric swelling calculated in Equation (1).

Appendix Asummarizes the parameters for calculating intragranular and intergranu-
lar bubble swelling, and the other parameters can be found in [19,23].

2.2. Three-Dimensional Stress Update Algorithm

We established three-dimensional constitutive relations in an incremental scheme for
the UO2 and MgO matrices to simulate the thermo-mechanical behavior of the considered
CERCER composite pellet. As it is a large deformation problem, we developed a stress
update algorithm in a rotating coordinate system.

The solution process needs to be divided into many increments. The three-dimensional
incremental constitutive relation is first given within a time increment (t, t + ∆t). In brief,
the relationship between Cauchy stresses, σt

ij, and elastic logarithmic strains, ε
e(t)
ij , for each

integration point at time t can be expressed as:

σt
ij = 2G(T, t)εe(t)

ij + λ(T, t)εe(t)
kk δij (11)

where λ and G are the temperature and time-dependent Lamé coefficients.
Similarly, in response to a time increment, ∆t, the Cauchy stresses, σt+∆t

ij , can be
obtained using an updated T + ∆T and t + ∆t in Equation (11). Thus, an incremental
constitutive relationship can be obtained as:
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∆σij =σt+∆t
ij − σt

ij

=2G(T + ∆T, t + ∆t)∆εe
ij + λ(T + ∆T, t + ∆t)∆εe

kkδij

+ 2∆Gε
e(t+∆t)
ij + ∆λε

e(t+∆t)
kk δij

(12)

where ∆σij is the stress increment, ∆εij is the elastic logarithmic strain increment, and ∆G
and ∆λ are the increments of the Lamé coefficients.

Based on the derived incremental constitutive relations, three-dimensional stress
update algorithms for the fuel particles and the matrix need to be developed.

Logarithmic elastic strain increments for UO2 particles are calculated by assuming
that the total strain increments include elastic, thermal expansion, irradiation swelling, and
plastic strain increments.

∆εe
ij = ∆εtotal

ij − ∆εth
ij − ∆εsw

ij − ∆ε
p
ij (13)

where ∆εij is the total strain increment and εth
ij , εsw

ij , and ε
p
ij are the logarithmic strain

increments of thermal, swelling, and plastic, respectively.
In particular, we specify the logarithmic strain increment of swelling as in the theoreti-

cal fission swelling model in Equation (10):

∆εsw
ij =

θsw(t+∆t)

3
δij − ε

sw(t)
ij (14)

where θsw relates to grain-scale swelling model in Equation (10) and ε
sw(t)
ij is the irradiation

swelling logarithmic strains at time t.
The calculations for the plastic strain and thermal expansion strain can be found

in [19,23]. Thus, at time t + ∆t, the Cauchy stress, σt+∆t
ij , can be expressed as:

σt+∆t
ij =σt

ij + 2G∆εe
ij + λ∆εe

kkδij

=σt
ij + 2G

(
∆εtotal

ij − ∆εth
ij − ∆ε

p
ij − ∆εsw

ij

)
+ λ

(
∆εtotal

kk − ∆εth
kk − ∆εsw

kk

)
δij

(15)

The Cauchy stress function, σt+∆t
ij , is known to have one spherical stress component

and one deviatoric stress component. In Equation (15), the swelling strains are coupled
with the unknown spherical stresses [20], which have the following expression:

−
σt+∆t

kk
3

=−
σt

kk
3

− 2G
3

(
∆εtotal

kk − ∆εth
kk − ∆εsw

kk

)
− λ

(
∆εtotal

kk − ∆εth
kk − ∆εsw

kk

)
=−

σt
kk
3

−
(

2G
3

+ λ

)(
∆εtotal

kk − ∆εth
kk − ∆εsw

kk

)
=−

σt
kk
3

− K
(

∆εtotal
kk − ∆εth

kk − ∆εsw
kk

)
(16)

in which K = 2G
3 + λ describes the bulk modulus and the hydrostatic pressure can be

calculated as ph = − σt+∆t
kk
3 .

Thus, by solving the above nonlinear equation in conjunction with Equations (7)
and (9), the hydrostatic pressure, ph, can be calculated. Nonlinear iterations can be used to
calculate the hydrostatic pressure, ph, and the volumetric swelling θsw using the Newton–
Raphson iteration method.
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As for the MgO matrix, we consider the thermal expansion and irradiation creep
effects. The thermomechanical parameters and models, including equations for calculating
swelling, hardening, thermal expansion, and irradiation creep for UO2 particles, as well as
models of thermal expansion and irradiation creep in MgO matrices, have been discussed
in our published works, see, for example, [12,23]. In Appendix A, we summarize the
parameters used to calculate swelling. We programmed user-defined subroutines of UMAT
and UMATHT to define the mechanical constitutive relations and then introduced them
into the finite element simulations in ABAQUS.

2.3. Finite Element Model

Figure 1a depicts a cylindrical-shaped model for a two-phase particulate CERCER
composite with perfect particle–matrix bounding. The heterogeneous configuration was
based on the assumption that the spherical particles are periodically arranged in the matrix
in the axial and circumferential directions. Given the periodicity and symmetry of 1/8 in
Figure 1a, we established the corresponding RVE model in Figure 1b. Therein, x and y are
in-plane coordinates and z is the thickness. Based on the experimental reports from [4] and
simulations from [12,23], we generated the geometric dimensions, with the radius of the
pellet as 4.15 cm, the radius of the particle as 200 µm, and the thickness of RVE as 200 µm.
The volumetric fraction of the fuel particles is 6.23%.

Figure 1. Finite element model of a CERCER composite pellet: (a) diagram of a CERCER composite
with a heterogeneous configuration of periodically distributed fuel particles; (b) the RVE model;
(c) meshing geometry in ABAQUS; and (d) grain-scale fission gas swelling with a spherical grain
illustration showing the recrystallization process [14].

Given the thermo-mechanical influence of the pellet–cladding gap, we imposed a
10 MPa pressure load and a constant temperature of 873 K on the composite’s outer surface.
We further applied symmetric boundary conditions on the RVE’s other surfaces, since the
main deformation occurs along the radial direction of the pellet in the ADS fuel rod. Table 1
lists the loading conditions used for FE simulations, including the fission rate, the fast
neutron flux, and the heat generation rate of fuel particles. For UO2 fuel, the following
formula depicts the linear relationship between the rate of heat generation and the rate
of fission:

q = c · ḟ (17)

where q (W/mm3) is the rate of heat generation and ḟ (fission/m3 s) is the fission rate, and
c = 3.204 × 10−11 (J/fission) describes the generated heat energy for every fission event.
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Table 1. For FE simulations, loading conditions such as the fission rate, fast neutron flux, and heat
generation rate of fuel particles are used.

Fission Rate Fast Neutron Flux Heat Generation Rate

2.5 × 1020 (fission/m3 s) 2.5 × 1015 (n/cm2 s) 8 (W/mm3)

2.4. Simulations and Data Analyses

We meshed the geometry using tetrahedron elements, known as C3D10MT in ABAQUS,
and verified the solution convergence with a preliminary study on the density of the mesh.

The purpose of this research was to look into the effects of hydrostatic pressure-
dependent fission swelling behavior in CERCER composites. Using pre-programmed
UMAT and UMATHT subroutines, we ran two simulations based on the RVE model, one
without the hydrostatic pressure and the other with it. In addition, we used a time unit of
days to quantify the swelling evolution at various burnup stages.

3. Results

User-defined subroutines integrate the calculation of grain-scale irradiation-induced
swelling into the continuum-scale stress update algorithm. The intergranular bubble radius,
as well as the swelling contributions from intergranular and intragranular bubbles, can be
captured for an integration point in the FE model, and the multiscale irradiation-induced
in-pile behavior can be explored simultaneously.

We first verified the hydrostatic pressure-dependent fission swelling model that was
programmed with the UMAT subroutines in this section. Then, we investigated the behav-
ior of fission swelling and the effects of hydrostatic pressure on the in-pile behavior of the
CERCER composite.

3.1. Model Verification

A finite element simulation of the multi-scale thermo-mechanical behavior evolution
has been successfully performed. Figure 2 shows contour plots of temperature fields
and the swelling strain distributions within particles on the 230th day of burnup, with
comparisons between the case with and without hydrostatic pressure. The results imply
that the maximum magnitudes of temperature and swelling strain are found in the center
position, and that the considered hydrostatic pressure significantly reduces those values.

Since there are few experimental results for swelling descriptions at different burnups
for ADS fuels, we conducted a verification of the user-defined subroutines by comparing
the numerical results with the relative theoretical ones in order to validate the correct
definition of the material performances.

The maximum swelling strains, εsw, were calculated by Equation (14) from the FE
model’s central integration point (cf. Figure 1). A comparison of the FEM results (hollow
dots) with theoretical calculations (solid lines) of volumetric swelling at different levels of
hydrostatic pressure is shown in Figure 3a. In Figure 3b, the plots of volumetric swelling
vs. burnup stages compare UMAT results (dashed line) and theoretical calculations (hol-
low dots).
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Figure 2. Temperature and swelling distribution contour plots on the 230th day of burnup: (a) tem-
perature without hydrostatic pressure; (b) temperature with hydrostatic pressure; and (c) swelling
without hydrostatic pressure; (d) swelling with hydrostatic pressure.

Figure 3. Model verification of cases with and without hydrostatic pressure: (a) plots of volumetric
swelling vs. hydrostatic pressure with FEM results (hollow dots) compared to theoretical calculations
(solid lines); (b) plots of volumetric swelling vs. burnup stages comparing UMAT results (dashed
line) and theoretical calculations (hollow dots).

3.2. The Swelling Behavior of Fission within the CERCER

Figure 4 depicts the multiscale swelling behavior of fission. Figure 4a depicts the
evolution of fission gas swelling under hydrostatic pressure in non-recrystallized and re-
crystallized regions. The grain-scale radius of the intergranular bubble in non-recrystallized
(Rb) and recrystallized (Rbx) regions with and without hydrostatic pressure is investigated
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further in Figure 4b. We extracted values at various burnup stages using the selected
integration point at the pellet center (see Figure 1).

Figure 4. Investigations of multiscale fission swelling behavior in different simulation scenarios:
(a) fission gas swelling in the non-recrystallized and recrystallized regions; (b) intergranular bubble
radius in the non-recrystallized (Rb) and recrystallized (Rbx) regions.

3.3. The Effects of Hydrostatic Pressure on the In-Pile Behavior of CERCER Composites

Using selected nodes along the particle path, we investigated the effect of hydrostatic
pressure on the in-pile behavior of CERCER composites. Figure 5 demonstrates the distribu-
tions of hydrostatic pressure, volumetric swelling, and temperature along the chosen path.
The plots in Figure 5b,c compare the volumetric swelling and temperature variations in the
gas swelling model in response to the considered hydrostatic pressure. The intergranular
bubble radius in non-recrystallized and recrystallized regions is well documented to be
the primary determinant of gas swelling [19], and Figure 6 investigates the changes in the
bubble radius of Rb and Rbx in different simulation cases.

Figure 5. Influences of the hydrostatic pressure: (a) calculated hydrostatic pressure distribution along
the particle path; (b) temperature evolution; and (c) fission gas swelling evolution.
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Figure 6. Hydrostatic pressure influences: (a) calculated the intergranular bubble radius in the
non-recrystallized region as Rb and (b) intergranular bubble radius of Rbx in recrystallized regions.

4. Discussion and Outlook

The numerical results of volumetric swelling agree well with the theoretical predic-
tions, as shown in Figure 2. As a result, it can be concluded that the hydrostatic pressure-
dependent gas swelling model has been successfully incorporated into the modeling
framework’s continuum-scale stress update algorithm.

Irradiation-induced volumetric swelling consists of fission solid swelling and fission
gas swelling, with fission gas swelling caused by gas accumulation in both recrystallized
and non-recrystallized regions. Our findings show that hydrostatic pressure is important
in modulating gas swelling, and its effect becomes significant at high burnup stages.

In addition, using simulations, we predicted the peak value of total volumetric
swelling (on the 230th day of burnup, around 17.4% FIMA) as 43.15% (no hydrostatic
pressure) and 37.14% (with hydrostatic pressure), which falls within the range of post-
irradiation examination reports (47 pm, 17%) in [4]. As a result, the developed hydrostatic
pressure-dependent gas swelling model can be used to describe swelling deformation in the
CERCER composite pellet, and the user-defined subroutines demonstrate good accuracy
and effectiveness.

4.1. The Swelling Behavior of Fission with the CERCER Composite

Fission swelling plots show two stages: slow swelling before recrystallization and
rapid swelling kinetics during recrystallization. Fission solid swelling increases proportion-
ally woth irradiation time, as shown by the plots in Figure 3b, and it contributes comparably
to gas swelling prior to the critical fission density.

Recrystallization begins on the 97.2nd day of burnup, when the fission density reaches
2.1 × 1027 fission/m3. The plots show that gas swelling from recrystallized fine grains
increases rapidly over time and becomes the dominant factor at high burnup stages. Fur-
thermore, recrystallization is complete on the 218th day of burnup, which means that the
original grain transforms into fine grains (Vr in Equation (4) reduces to zero), and the total
gas swelling in the non-recrystallized region vanishes.

The dominant intergranular bubble swelling in the non-recrystallized and recrys-
tallized regions is strongly related to the intergranular bubble radius, as detailed and
discussed in [19]. The generated fission gas atoms diffuse to the boundaries of the fine
grains after recrystallization, resulting in accelerated gas swelling. Meanwhile, the gas
swelling in the non-recrystallized region reaches a maximum at the critical fission density
before gradually reducing to zero over time, indicating that the original large grain has
been completely consumed. Non-recrystallized gas swelling is the sum of intragranular
and intergranular bubble swelling. It should be noted that intragranular swelling remains
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very low, while swelling in the non-recrystallized region reaches a maximum of 6.1% at the
critical density.

In Figure 4, the radius of the intergranular bubble, Rb, increases to a maximum of
0.0287 µm, then gradually decreases and remains constant after recrystallization. Nonethe-
less, Rbx in the recrystallized region exhibits linear growth after the critical density. The
hydrostatic pressure parameter has no effect on the evolution trend of irradiation-induced
fission volumetric swelling. The total volumetric swelling accelerates quickly after re-
crystallization begins, and it can be seen that gas swelling in the recrystallized region
eventually outnumbers solid swelling. In comparison to the hydrostatic pressure case, the
total swelling decreases from 43.15% to 37.14% on the 230th day, with the dominant gas
swelling in the recrystallized region decreasing from 30.73% to 25.32%. The solid swelling
remains 12.42% and the gas swelling in the non-recrystallized region also decreases to
zero. Simultaneously, Figure 4b shows that the hydrostatic pressure reduces the radius of
intergranular bubbles. The maximum values of Rb and Rbx fall from 0.0287 µm to 0.0264 µm
and from 0.0223 µm to 0.0191 µm, respectively.

Simultaneously, it can be observed from Figure 4b that the hydrostatic pressure de-
creases the radius of intergranular bubbles. The maximum values of Rb and Rbx decrease
from 0.0287 µm to 0.0264 µm and 0.0223 µm to 0.0191 µm, respectively.

4.2. Hydrostatic Pressure Effects on the In-Pile Behavior of the CERCER Composite

The plotsin Figure 5 are consistent with the contour plots in Figure 2, demonstrat-
ing heterogeneous distributions of temperature and swelling in the pellet. First of all, in
Figure 5a the ends of the path indicate the lowest hydrostatic pressure (approximately
60 MPa), while the middle has the highest value (approximately 140 MPa). As illustrated
in Figure 5b,c, an evaluated temperature effectively promotes gas swelling, whereas hy-
drostatic pressure has the opposite effect, reducing the amount of swelling. Furthermore,
under the combined influence of hydrostatic pressure and temperature, the gas swelling
in Figure 5b tends to distribute evenly (about 24.78%). The results in Figure 6 show that
hydrostatic pressure has an inhibitory effect, and that the reduction in bubble radii is
the main reason for the reduced fission gas swelling. Furthermore, hydrostatic pressure
dramatically reduces the bubble radius, Rb, which is shown in Figure 5a, causing the
maximum values to shift from the middle (without hydrostatic pressure) to the path edges
(with hydrostatic pressure).

Previous research [12,19] has investigated the mutual reinforcing mechanism between
the temperature field and fission swelling. These two parameters rely on and reinforce one
another. On the one hand, the increased temperature encourages gas atom diffusion to
form large intergranular bubbles, resulting in increased gas fission swelling in particles [12].
On the other hand, increasing swelling causes a volumetric increase in particle inclusions,
which lowers the thermal conductivity of the fuel [19] and effectively favors a temperature
rise in the fuel.

It can be concluded that the presence of hydrostatic pressure is beneficial for sup-
pressing fuel swelling, especially when high hydrostatic pressure is applied. Temperature
and hydrostatic pressure have competing mechanisms for modulating fuel swelling defor-
mations and fuel performance. At deep fission density stages, the increased temperature
promotes swelling deformation, resulting in enhanced mechanical interaction and large
hydrostatic pressure, which conversely lowers the swelling strain.

It is worth noting that there are no significant effects of hydrostatic pressure on fission
gas swelling before the start of recrystallization, whereas the impact of hydrostatic pressure
becomes more apparent after the start of recrystallization. Thus, hydrostatic pressure is
important in modulating gas swelling, and its influence becomes significant at high burnup
stages. The hydrostatic pressure should be considered when analyzing the in-pile behavior
of CERCER pellets.
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4.3. Limitations and Outlook

In this work, we intended to elucidate the fission swelling mechanism in CERCER
composite pellets used in ADSs by implementing multiscale simulations. The applied
theoretical gas swelling model considers grain-scale recrystallization, resolution, and hy-
drostatic pressure, which have been incorporated into the continuum-scale stress-update
algorithm and realized in the FE simulations with constructed RVE particle-reinforced
geometries. The model successfully predicts the swelling evolution from the initial burnup
to the deep burnup stages, and the predicted values are consistent with the literature. The
results suggest that hydrostatic pressure reverses the development of the gas bubble grains
and thus inhibits the increase in gas swelling, especially when high hydrostatic pressure
is applied. The swelling deformations at the material points are significantly decreased
in response to the consideration of hydrostatic pressure. While acknowledging several
limitations, we emphasized the evolution of gas wells under the effects of hydrostatic
pressure in this work. The theoretical model utilized in the multiscale modeling work
represents a meso-scale domain in which an atom-scale dislocation took place in the mate-
rial, requiring the development of advanced algorithms and modeling tools. Concerning
the continuum-scale study, we constructed an RVE model using the microstructure size
reported in experiments, which requires further improvements to achieve a more realistic
microstructure distribution and a higher particle volume fraction. Besides that, the MgO
model could be revised based on the most up-to-date reports on MgO irradiation damage
effects [6,27]. To further exploit the cracking mechanism in the MgO matrix, the interface
properties of the dispersive composite should be included.
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Appendix A. Description of the Gas Swelling Model for UO2 Fuels

Appendix A.1. Governing Equations for Gas Diffusion

The grains in UO2 particles are roughly spherical, according to Booth’s model [14],
and fission gas atoms diffuse from the grain’s interior to its boundary. With regard to gas
nucleation, the diffusion equation used to describe gas atoms is as follows [26]:

∂c
∂t

= Dg

(
∂2c
∂2r

+
2
r

∂c
∂r

)
+ Y ḟ − 16π fnDgrgc2

g − 4πrbDgcgcb + bnbcb (A1)

where c is the concentration of the dissolved gas, Dg is the diffusion coefficient, Y is the
gas yield per fission, fn is the nucleation factor, rg is the radius of the single gas atom, cg
depicts the volumetric average concentration of the dissovled gas, cb is the intragranular
bubble density, b is the intragranular resolution rate, and nb is the gas atom number per
bubble. The analytical solution of the concentration of the gas atoms in the grain boundary
can be found in [23].



Materials 2023, 16, 2644 13 of 15

Appendix A.2. Calculation of Swelling for UO2 Fuels

The parameters used to obtain the gas swelling before and after recrystallization are
summarized in Table A1 below.

Table A1. The following parameters were used in the gas swelling model for swelling calculations,
with recrystallization, resolution effect, and hydrostatic pressure dependency taken into account.

Parameter Value Unit

Y 0.25 -
z 4 -
a 5.47 × 10−10 -
λ 2.0 × 10−8 m
γ 1 N/m

D0 1.0 × 10−39 m5

rg 2.16 × 10−10 m
bv 8.5 × 10−29 m3/atom
hs 0.6 -
δgb 2.0 × 10−9 m
rgr0 7.5 × 10−6 m
rgrx 1.0 × 10−5 m
B2 2.0 × 10−34 m5/N

Porosity is defined as the percentage of total particle area occupied by pore space. The
as-fabricated porosit, y p0, for the UO2 particle is set to five. The porosity changes as the
burnup increases due to the accumulation of fission gas bubbles. As a result, the porosity
caused by gas swelling can be determined as:

pgas =
∆Vgas

V
=

∆Vgas

V0 + ∆V
=

∆Vgas
V0

1 + ∆V
V0

(A2)

p = p0 + pgas (A3)

where pgas defines the porosity caused by gas swelling, ∆Vgas
V0

represents the volumetric gas
swellings in Equation (4), and ∆V

V0
is the total swelling in Equation (4).

The evolution of porosity affects the thermo-mechanical parameters of thermal conduc-
tivity and elastic modulus; detailed expressions are available in [23]. Our previous work has
discussed the evolution of porosity and its effects on thermo-mechanical parameters [12,23].

Appendix B. Irradiation-Induced Creep in MgO Matrix

The irradiation creep needs to be involved in the matrix due to the continuous attack
from fast neurons and other high-energy fragments. We used the irradiation creep model,
which is similar to the CVD-SiC material, represented as

¯̇εcr = c0ψσ̄ (A4)

where ¯̇εcr (/s) denotes the equivalent irradiation creep strain rate; c0 denotes the creep
coefficient, which has a value of 2.1× 10−27 ((MPa ·n · cm−2)−1) in the simulations, which is
based on our previous work [19]; σ̄ (MPa) is the equivalent Mises stress; and ψ (n · cm−2s−1)
is the fast neutron flux.

The creep model is given based on the reported linear relationship between the
irradiation creep and the Mises stress for ceramic materials [28]. The thermal conductivity,
thermal expansion coefficient, and Yong’s modulus of matrix material equations are all
taken from [28].



Materials 2023, 16, 2644 14 of 15

References
1. Gohar, Y.; Cao, Y.; Kraus, A.R. ADS design concept for disposing of the US spent nuclear fuel inventory. Ann. Nucl. Energy 2021,

160, 108385. [CrossRef]
2. Abderrahim, H.A.; Giot, M. The Accelerator Driven Systems, a 21st Century Option for Closing Nuclear Fuel Cycles and

Transmuting Minor Actinides. Sustainability 2021, 13, 12643. [CrossRef]
3. Chen, X.N.; Rineiski, A.; Maschek, W.; Liu, P.; Boccaccini, C.M.; Sobolev, V.; Delage, F.; Rimpault, G. Comparative studies of

CERCER and CERMET fuels for EFIT from the viewpoint of core performance and safety. Prog. Nucl. Energy 2011, 53, 855–861.
[CrossRef]

4. Neeft, E.; Bakker, K.; Schram, R.; Conrad, R.; Konings, R. The EFTTRA-T3 irradiation experiment on inert matrix fuels. J. Nucl.
Mater. 2003, 320, 106–116. [CrossRef]

5. Sobolev, V.; Uyttenhove, W.; Thetford, R.; Maschek, W. Prognosis and comparison of performances of composite CERCER and
CERMET fuels dedicated to transmutation of TRU in an EFIT ADS. J. Nucl. Mater. 2011, 414, 257–264. [CrossRef]

6. Kotomin, E.; Kuzovkov, V.; Popov, A.I.; Maier, J.; Vila, R. Anomalous kinetics of diffusion-controlled defect annealing in irradiated
ionic solids. J. Phys. Chem. A 2018, 122, 28–32. [CrossRef]

7. Neeft, E.; Bakker, K.; Belvroy, R.; Tams, W.; Schram, R.; Conrad, R.; van Veen, A. Mechanical behaviour of macro-dispersed inert
matrix fuels. J. Nucl. Mater. 2003, 317, 217–225. [CrossRef]

8. Georgenthum, V.; Brillaud, J.; Chauvin, N.; Pelletier, M.; Noirot, J.; Placq, D. Experimental study and modelling of the
thermoelastic behaviour of composite fuel in reactors-emphasis on spinel based composites. Prog. Nucl. Energy 2001, 38, 317–320.
[CrossRef]

9. Vu, T.M.; Hartanto, D.; Ha, P.N.V. Neutronics study on small power ADS loaded with recycled inert matrix fuel for transuranic
elements transmutation using Serpent code. Nucl. Eng. Technol. 2021, 53, 2095–2103. [CrossRef]

10. Wallenius, J.; Pillon, S.; Zaboudko, L. Fuels for accelerator-driven systems. Nucl. Instrum. Methods Phys. Res. Sect. A Accel.
Spectrom. Detect. Assoc. Equip. 2006, 562, 625–629. [CrossRef]

11. Rest, J. A model for the effect of the progression of irradiation-induced recrystallization from initiation to completion on swelling
of UO2 and U–10Mo nuclear fuels. J. Nucl. Mater. 2005, 346, 226–232. [CrossRef]

12. Zhao, Y.; Zhang, J.; Ding, S. A new method for solving the fission gas diffusion equations with time-varying diffusion coefficient
and source term considering recrystallization of fuel grains. Nucl. Mater. Energy 2019, 20, 100686. [CrossRef]

13. Tonks, M.; Andersson, D.; Devanathan, R.; Dubourg, R.; El-Azab, A.; Freyss, M.; Iglesias, F.; Kulacsy, K.; Pastore, G.; Phillpot,
S.R.; et al. Unit mechanisms of fission gas release: Current understanding and future needs. J. Nucl. Mater. 2018, 504, 300–317.
[CrossRef]

14. Booth, A. A Method of Calculating Gas Diffusion from UO2 Fuel and Its Application to the X-2-F Test; AECL 496 CRDC-721; Atomic
Energy of Canada Ltd.: Chalk River, ON, Canada, 1957. Available online: https://www.osti.gov/biblio/4331839 (accessed on
14 February 2023).

15. Rest, J. Modeling of Fission-Gas Induced Swelling of Nuclear Fuels. 2016. Available online: https://www.researchgate.net/
publication/283763006_Modeling_of_Fission-Gas-Induced_Swelling_of_Nuclear_Fuels (accessed on 16 February 2022).

16. Cui, Y.; Ding, S.; Huo, Y.; Wang, C.; Yang, L. An efficient numerical method for intergranular fission gas evolution under transient
with piecewise boundary resolution. J. Nucl. Mater. 2013, 443, 570–578. [CrossRef]

17. Gong, X.; Zhao, Y.; Ding, S. A new method to simulate the micro-thermo-mechanical behaviors evolution in dispersion nuclear
fuel elements. Mech. Mater. 2014, 77, 14–27. [CrossRef]

18. Yang, G.; Liao, H.; Ding, T.; Chen, H. Preliminary study on the thermal-mechanical performance of the U3Si2/Al dispersion fuel
plate under normal conditions. Nucl. Eng. Technol. 2021, 53, 3723–3740. [CrossRef]

19. Zhao, Y.; Ding, S.; Zhang, X.; Wang, C.; Yang, L. Effects of fuel particle size and fission-fragment-enhanced irradiation creep on
the in-pile behavior in CERCER composite pellets. J. Nucl. Mater. 2016, 482, 278–293. [CrossRef]

20. Kong, X.; Tian, X.; Yan, F.; Ding, S.; Hu, S.; Burkes, D.E. Thermo-mechanical behavior simulation coupled with the hydrostatic-
pressure-dependent grain-scale fission gas swelling calculation for a monolithic UMo fuel plate under heterogeneous neutron
irradiation. Open Eng. 2018, 8, 243–260. [CrossRef]

21. Zhang, J.; Wang, H.; Wei, H.; Zhang, J.; Tang, C.; Lu, C.; Huang, C.; Ding, S.; Li, Y. Modelling of effective irradiation swelling for
inert matrix fuels. Nucl. Eng. Technol. 2021, 53, 2616–2628. [CrossRef]

22. Ding, S.; Zhao, Y.; Wan, J.; Gong, X.; Wang, C.; Yang, L.; Huo, Y. Simulation of the irradiation-induced micro-thermo-mechanical
behaviors evolution in ADS nuclear fuel pellets. J. Nucl. Mater. 2013, 442, 90–99. [CrossRef]

23. Zhao, Y.; Ding, S.; Huo, Y.; Wang, C.; Yang, L. Irradiation-induced thermomechanical behavior in ads composite fuel pellets:
Mechanism and main influencing factors. J. Therm. Stresses 2016, 39, 630–657. [CrossRef]

24. Spino, J.; Rest, J.; Goll, W.; Walker, C. Matrix swelling rate and cavity volume balance of UO2 fuels at high burn-up. J. Nucl. Mater.
2005, 346, 131–144. [CrossRef]

25. Suzuki, M. Light Water Reactor Fuel Analysis Code FEMAXI-V (Ver. 1); Technical Report; Japan Atomic Energy Research Institute:
Ibaraki, Japan, 2000.

26. Speight, M. A calculation on the migration of fission gas in material exhibiting precipitation and re-solution of gas atoms under
irradiation. Nucl. Sci. Eng. 1969, 37, 180–185. [CrossRef]

http://doi.org/10.1016/j.anucene.2021.108385
http://dx.doi.org/10.3390/su132212643
http://dx.doi.org/10.1016/j.pnucene.2011.05.031
http://dx.doi.org/10.1016/S0022-3115(03)00176-4
http://dx.doi.org/10.1016/j.jnucmat.2011.04.001
http://dx.doi.org/10.1021/acs.jpca.7b10141
http://dx.doi.org/10.1016/S0022-3115(03)00096-5
http://dx.doi.org/10.1016/S0149-1970(00)00125-6
http://dx.doi.org/10.1016/j.net.2021.01.004
http://dx.doi.org/10.1016/j.nima.2006.02.159
http://dx.doi.org/10.1016/j.jnucmat.2005.06.012
http://dx.doi.org/10.1016/j.nme.2019.100686
http://dx.doi.org/10.1016/j.jnucmat.2018.03.016
https://www.osti.gov/biblio/4331839
https://www.researchgate.net/publication/283763006_Modeling_of_Fission-Gas-Induced_Swelling_of_Nuclear_Fuels
https://www.researchgate.net/publication/283763006_Modeling_of_Fission-Gas-Induced_Swelling_of_Nuclear_Fuels
http://dx.doi.org/10.1016/j.jnucmat.2013.08.013
http://dx.doi.org/10.1016/j.mechmat.2014.06.004
http://dx.doi.org/10.1016/j.net.2021.05.014
http://dx.doi.org/10.1016/j.jnucmat.2016.10.035
http://dx.doi.org/10.1515/eng-2018-0029
http://dx.doi.org/10.1016/j.net.2021.02.019
http://dx.doi.org/10.1016/j.jnucmat.2013.08.039
http://dx.doi.org/10.1080/01495739.2016.1169117
http://dx.doi.org/10.1016/j.jnucmat.2005.06.015
http://dx.doi.org/10.13182/NSE69-A20676


Materials 2023, 16, 2644 15 of 15

27. Baubekova, G.; Akilbekov, A.; Feldbach, E.; Grants, R.; Manika, I.; Popov, A.I.; Schwartz, K.; Vasil’chenko, E.; Zdorovets, M.;
Lushchik, A. Accumulation of radiation defects and modification of micromechanical properties under MgO crystal irradiation
with swift 132Xe ions. Nucl. Instrum. Methods Phys. Res. Sect. B Beam Interact. Mater. Atoms 2020, 463, 50–54. [CrossRef]

28. El-Azab, A.; Ghoniem, N. Viscoelastic analysis of mismatch stresses in ceramic matrix composites under high-temperature
neutron irradiation. Mech. Mater. 1995, 20, 291–303. [CrossRef]

Disclaimer/Publisher’s Note: The statements, opinions and data contained in all publications are solely those of the individual
author(s) and contributor(s) and not of MDPI and/or the editor(s). MDPI and/or the editor(s) disclaim responsibility for any injury to
people or property resulting from any ideas, methods, instructions or products referred to in the content.

http://dx.doi.org/10.1016/j.nimb.2019.11.021
http://dx.doi.org/10.1016/0167-6636(95)00009-7

	Introduction
	Materials and Method
	Swelling Model with Recrystallization, Resolution and Hydrostatic Pressure
	Three-Dimensional Stress Update Algorithm
	Finite Element Model
	Simulations and Data Analyses

	Results
	Model Verification
	The Swelling Behavior of Fission within the CERCER 
	The Effects of Hydrostatic Pressure on the In-Pile Behavior of CERCER Composites

	Discussion and Outlook
	The Swelling Behavior of Fission with the CERCER Composite
	Hydrostatic Pressure Effects on the In-Pile Behavior of the CERCER Composite
	Limitations and Outlook

	Appendix A
	Appendix A.1
	Calculation of Swelling for UO2 Fuels

	Appendix B
	References

