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Abstract: Wireless power transfer (WPT) is a well-known problem, and has received wide atten-
tion in the next generation industrial applications and consumer electronics. On the other hand,
frequency diverse array (FDA) is a new concept with the ability to generate a range-angle dependent
beampattern. Therefore, some researchers are engaged in designing WPT systems based on the FDA
framework (FDA-WPT) instead of phased arrays. Unlike phased arrays, the FDA beampattern is
time-variant. Therefore, existing beam collection efficiency models based on the phased array are not
suitable for the FDA-WPT system. More importantly, the time-variant property of FDAs is usually
ignored in the literature, and the system configuration of the target area where the power-harvesting
end is located does not conform to the actual WPT scenario. In this paper, we derive and present
accurate models of the FDA-WPT system. The power transfer performance of the corrected FDA-WPT
system is then compared with the phased array based WPT system. Simulation results demonstrate
that time-variant consideration in the FDA-WPT model causes difficulty in controlling the main beam
direction to focus the power. The accurate FDA-WPT is theoretically investigated, and numerical
simulations are implemented to validate the theoretical analysis.

Keywords: frequency diverse array; beam collection efficiency; phased array; wireless power
transmission

1. Introduction

Wireless power transmission (WPT), also known as wireless power transfer, is of great
concern due to its potential applications, and flexible charging system [1–4]. A WPT system
is essentially defined as a system that can efficiently transmits electric power from one
point to another through the space or earth’s atmosphere without using wires [5–7].

The concept of ‘wireless power transmission’ was introduced by Nikola Tesla more
than a century ago [8]. Since then, researchers have introduced various techniques for
the WPT systems, such as microwave technology, lasers technology, resonant inductive
coupling technology, and so on. In general, these WPT techniques can be classified into
two categories based on the transmission range: near-field and far-field WPT systems [3].
The range of near-field WPT systems are usually within the wavelength of the transmitter
antenna, whereas the far-field WPT systems are aimed to deliver power up to several
hundred kilometers [1,3]. Although near-field WPT systems based on inductive/resonant
coupling have been developed with some degree of success, far-field WPT system faces
significant challenges in practical implementation [1–3]. Some recent works, with novel
concepts and structures, on near-field WPT systems can be found in [9–11]. The application
of far-field WPT system is often limited by its long transmission range, high cost and low
efficiency [1,3]. Generally, a far-field WPT system is essentially composed of a transmitting
antenna, and a receiver, also known as rectenna. The transmitting antenna is designed
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to focus the radiated power towards the receiving end with high efficiency, whereas the
rectenna is used to collect the power. The flexible charging mode makes WPT systems
attractive to numerous commercial and industrial applications, such as smart phones, RFID
tags, unmanned aerial vehicles, hybrid electric vehicles, and others [1–11]. In general, the
beam collection efficiency (BCE) significantly decreases with the increase in the transmission
range [3]. In addition, it requires highly aligned transmit antennas and rectennas to ensure
low sidelobes as well as high BCE [3]. In the far-field WPT scenario, the microwave power
transmission is a key research direction. More specifically, at the transmitting end, the
antenna array configuration, waveform design and beamforming methods based on the
phased array are the main research object.

In 2006, a new array concept known as frequency diverse array (FDA) was proposed
in [12]. Different from the phased array, the FDA can generate a range-angle dependent
beampattern due to the frequency increment applied across its elements [13]. Since then,
the FDA concept is considered to have good application prospects, such as range-angle
dependent beam scanning, target detection, DOA estimation, mainlobe interference, sup-
pression confidential communication at the physical layer, and so on. Many researchers
have designed and proposed FDA-based systems to achieve better target detection perfor-
mance [14–17], better anti-interference performance [18–21], more secure communication
performance [22–25] and so on. Figure 1 vividly shows the difference between the beam-
patterns obtained through a phased array and an FDA. From Figure 1a, it can be found
that the beam of phased array is fixed in one direction for all the ranges. In contrast, the
FDA is capable to focus the transmit energy in the desired range–angle region as shown in
Figure 1b. In radio electronics, especially radar terminology, slant range is the line-of-sight
distance between two points not at the same elevation. In other words, the range indicated
by the antenna array/radar is the slant range. Due to the ability to control the transmitted
energy distribution in both the angle and range dimensions, there has been an increasing
interest in utilizing FDAs for the far-field wireless power transmission in recent years.

Most of the existing literatures on WPT systems relied on the phased array technology,
which pursuits high angular BCE by controlling the resolution and direction of beams [1,3].
Due to the range-independent steering direction, the power spill over to regions other than
the desired receiving region from the main beam of a phased array along the transmission
direction adversely affect the BCE efficiency. Therefore, FDAs with the ability to control the
transmitted energy distribution in both range and angle domains which is not accessible
to phased arrays is considered to be a viable option for the far-field WPT systems [3,4,26].
To take full advantage of the controllable range-dependent energy distribution, an active
research topic has been centered on the FDA based WPT systems. Until recently, several
attractive far-field WPT and secure communication systems exploiting FDAs have been
proposed. For example, the FDA configuration is explored in [26–29] to generate a time-
invariant dot-shaped beampattern which is suitable for the WPT. Furthermore, some
researchers [30–32] have designed WPT systems based on FDAs. From their analysis, it
was shown that the designed FDA systems perform well in the WPT. However, existing
BCE models based on phased arrays are not suitable for the FDA-WPT system. What’s
worse, in some existing works on FDA based WPT systems, the system configuration of the
target area where the power harvesting end is located does not conform to the actual WPT
scenario. The time-variant consideration of FDAs has been neglected in the aforementioned
systems. Although some recent studies [13] have discussed the time-variant issue of the
FDAs in the context of radar and target localization, the WPT application is not addressed.
Therefore, an accurate model for the FDA-WPT system is required to quantitatively describe
the transmission performance. In addition, the performance of the FDA-WPT system
and the phased array based WPT (PA-WPT) system should be compared with correct
system configurations.
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(a)

(b)

Figure 1. Beampattern synthesis results. (a) Phased array, (b) FDA.

In this paper, we briefly analyze the PA-WPT and FDA-WPT systems. The time-variant
property of the FDA beam steering is usually neglected in the WPT system designs, which
results in erroneous conclusions. Taking the time-dependency of FDAs beam steering
into consideration, we have derived an accurate model for the FDA based WPT systems
proposed in [30–32]. We then evaluate the BCE performance of the PA-WPT and the FDA-
WPT system with corrected model. By comparing the results, it is indicated that FDA-WPT
is less efficient than the PA-WPT systems. Simulation results are implemented to validate
the correction analysis presented in this paper.

The rest of this paper is organized as follows. In Section 2, the fundamentals of basic
FDA and WPT system are presented. In Section 3, the comparative performance analysis
between the FDA-WPT system and the PA-WPT system is investigated. The simulation
experiments and results to demonstrate the wireless power transmission ability of the
FDA-WPT system re exhibited in Section 4. Finally, conclusions are drawn in Section 5.

2. Fundamentals of FDA and WPT

In this paper, the phased array and the FDA are both composed of a planar array with
(2N + 1)× (2M + 1) elements, as shown in Figure 2. More specifically, there are 2N + 1
elements along the x-axis and 2M + 1 elements along the y-axis, and the center element is
the reference element. Ψ is a target area in the far-field with ϕ and θ as the azimuth and
elevation angles, respectively.
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Figure 2. Array structure of phased array and frequency diverse array.

The difference between a phased array and an FDA is the carrier frequency of each
element. In a phased array, each element radiate the same carrier frequency, whereas
FDAs apply an additional frequency shift across the array elements. More specifically, the
carrier frequency of each element in a phased array and an FDA are designed as (1) and (2),
respectively.

f PA
n,m = f0 (1)

f FDA
n,m = f0 − ∆ fn,m (2)

where n = −N,−N + 1, . . . , 0, . . . , N + 1 and m = −M,−M + 1, . . . , 0, . . . , M + 1. f0 is
the carrier frequency of the reference element, and ∆ fn,m is the frequency offset of the
n-th column and m-th row element in FDA. Since the FDA-WPT system is designed as a
narrowband system, the frequency increment satisfies the condition ∆ fn,m � f0. Then,
the inter-element spacing in these two array structures along the x-axis and the y-axis is
d = dPA = dFDA = c

2 f0
, where c is the speed of light in free space. The complex signal

transmitted by the (n−m)-th element of the phased array, and an FDA are respectively
designed as

sPA
n,m(t) = e−j2π f0(t−

nd cos θt sin ϕt
c −md sin θt

c ) (3)

and
sFDA

n,m (t) = e−j2π{( f0−∆ fn,m)(t+ rt−ndcosθt sin ϕt−md sin θt
c )} (4)

where rt, ϕt, and θt are the range, azimuth angle, and elevation angle of Ψ, respectively,
and t ∈ [0, Tp] with Tp denotes the pulse duration.

To compare the wireless power transmission performance, it is necessary to compare
the power radiation performance. In the same application scenario, the path loss is related
to the distance, and the frequency. When we compare phased arrays and FDAs, the
application distance is consistent, and the path loss difference due to narrowband can be
ignored. Thus, without loss of generality, we can ignore the path loss in the propagation of
electromagnetic waves. Then, the transmit beampatterns of each array system is compared.
The corresponding beampatterns of the phased array and the FDA can be derived as [30–35]

BPA(t, r, θ, ϕ) =

∣∣∣∣ M

∑
m=−M

N

∑
n=−N

e−jπn(cos θ sin ϕ−sin ϕt)−jπm(sin θ−sin θt)

∣∣∣∣2

=

(
sin (2M+1)

2 π(sin θ − sin θt)

sin π
2 (sin θ − sin θt)

×
sin (2N+1)

2 π(cos θ sin ϕ− sin ϕt)

sin π
2 (cos θ sin ϕ− sin ϕt)

)2
(5)
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and

BFDA(t, r, θ, ϕ) =

∣∣∣∣ M

∑
m=−M

N

∑
n=−N

e−j2π( f0−∆ fn,m)(t− r−rt
c )

× e−j2π( f0−∆ fn,m)(
nd(cos θ sin ϕ−sin ϕt)

c +
md(sin θ−sin θt)

c )

∣∣∣∣2
(6)

where | ∗ | is the complex modulo operator.
To quantitatively describe the performance of conventional WPT systems, BCE and

the power transfer efficiency are given as [30–32,36–38]

BCE(t, r) ,
PΨ{θ,ϕ}
PΩ{θ,ϕ}

=

∫∫
Ψ B(t, r, θ, ϕ) sin θ dθ dϕ∫∫
Ω B(t, r, θ, ϕ) sin θ dθ dϕ

(7)

and

E(r) =
1

Tp

∫ Tp

0
BCE(t, r) dt (8)

where PΨ{θ,ϕ} and PΩ{θ,ϕ} denote the power flowing through the target area Ψ{θ, ϕ}, and
the whole area Ω{θ, ϕ} at range r, respectively. Specifically, Ψ{θ, ϕ} and Ω{θ, ϕ} can be
expressed as

Ψ{θ, ϕ} =
{

ϕt − ∆ϕ/2 ≤ ϕ ≤ ϕt + ∆ϕ/2
θt − ∆θ/2 ≤ θ ≤ θt + ∆θ/2

(9)

and

Ω{θ, ϕ} =
{

ϕmin ≤ ϕ ≤ ϕmax

θmin ≤ θ ≤ θmax
(10)

where ∆ϕ and ∆θ represent the azimuth coverage and the elevation angle coverage of the
target area, respectively.

Since the FDA’s beampattern is range-angle dependent and time-variant, its BCE
is also range-time dependent. Therefore, the FDA-WPT system cannot harvest energy
steadily. However, the PA-WPT system can achieve this with the power transfer efficiency
EPA = BCEPA. Hence, it is necessary to compare the WPT capabilities of these two systems.

3. Comparative Analysis

In this section, we demonstrate the performance comparison of PA-WPT and FDA-
WPT systems. The inadequacies in the FDA-WPT models proposed in [30–32] are investi-
gated in detail, and their corresponding corrected system configurations are presented.

Figure 3 shows the sketch of wireless power transmission system configuration de-
signed in [30]. Ψ is the target area with the central location (r0, ϕ0). ∆r and ∆ϕ represent
the coverage range and azimuth of the target area, respectively. Further, some likely system
configurations are applied in [31,32]. As illustrated in Figure 3, the target area is distributed
along the range and azimuth dimensions. Obviously, the target area in Figure 3 is parallel to
the incident wave rather than perpendicular. In [30–32], the array structure of the receiving
end has not been reported. To match the system configuration as shown in Figure 3, the
receiving end should consist of a planar array distributed along the range and azimuth
dimensions as shown in Figure 4a. The planar array consists of 2M + 1 rows and 2N + 1
columns with (2M + 1)× (2N + 1) elements. Each array element is aligned with the trans-
mit beam. However, this array layout does not match the actual power transfer scenario.
More specifically, the em,n element cannot harvest electromagnetic power normally. In
practice, there is no system configuration in which front of the antenna is parallel to the
incident wave. Therefore, the setting of the target area in [30–32] is unreasonable.

Actually, in the WPT scenario, the receiving end should be located at a range point
in the far-field, and distributed along the azimuth and the elevation angle dimensions as
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shown in Figure 4b. Under the premise of a narrowband system, as reported in [30–32], the
beampattern can be rewritten as

BFDA(t, r, θ, ϕ) =

∣∣∣∣ M

∑
m=−M

N

∑
n=−N

ej2π∆ fn,mt × e−jπ(n(cos θ sin ϕ−sin ϕt)+m(sin θ−sin θt))

∣∣∣∣2 (11)

Figure 3. Sketch of the WPT configuration designed in [30].

(a)

(b)

Figure 4. Array configuration in the WPT scenario. (a) The receiving array structure for the configu-
ration in [29–32], (b) schematic diagram of the transceiver array system applied in the WPT system.
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Comparing (11) with (5), it can be seen that each summation term of FDA-WPT
system has a time-dependent complex weighting factor ‘exp(j2π∆ fn,mt)’ and the complex
weighting factor is equal to 1, if and only if t = 0. When t = 0, the FDA-WPT system can
be considered as a PA-WPT system. When t ∈ (0, Tp], two different cases will occur to the
beampattern. In case 1, the main lobe of the beam will widen and the side lobe level will
decrease. In case 2, the main lobe of the beam will be narrower and the side lobe level will
be higher. During the pulse duration, these two cases may occur at different time instants.
When the frequency offset of each element is determined, the variation of the beam with
time is determined. Therefore, to match the transmit beampattern, the target area should
change correspondingly with time. Then, the receiving end should change correspondingly
with time. However, this is very passive, and infeasible in most of the practical scenarios.
In many far-field WPT applications, the target area on the power-harvesting end is usually
fixed in real-time. As reported in [39,40], it is theoretically impossible to achieve a time-
invariant beam focusing based on FDA technology. Figure 5 vividly show the beam pattern
of an FDA system at different time instants. The blank part of the figure indicates no signal.
Obviously, the range-angle dependent beam is time-variant. Then, the FDA-WPT system
cannot focus power at a specific point during the pulse duration. As a result, the receiving
end cannot harvest energy steadily. Hence, the FDA-WPT systems designed in [30–32] are
more complicated and less efficient than the PA-WPT system.

(a)

(b)

Figure 5. Beam focusingin the FDA-WPT system at (a) t = 10 µs, (b) t = 20 µs.

When the receiving end consists of just one antenna, the target area as shown in
Figure 4 can be considered as a point (rt, θt, ϕt) in the far-field. Therefore, the integral
area Ψ in (7) changes from an area to a point. As a result, the integral result of (7) is 0. To
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compare the performance of these two WPT systems, we can compare the amplitude of the
received signal. The maximum of the BPA and BFDA in (5) and (11) satisfies:

RPA(t) =
∣∣∣∣ N

∑
n=−N

M

∑
m=−M

sPA
n,m

(
t− rt − nd cos θt sin ϕt −md sin θt

c

)∣∣∣∣
= (2N + 1) · (2M + 1)

(12)

RFDA(t) =
∣∣∣∣ N

∑
n=−N

M

∑
m=−M

sFDA
n,m

(
t− rt − nd cos θt sin ϕt −md sin θt

c

)∣∣∣∣
=

∣∣∣∣( N

∑
n=−N

M

∑
m=−M

ej2π∆ fn,mt
)
· ej2π f0t

∣∣∣∣
≤ (2N + 1) · (2M + 1)

(13)

Due to the
∣∣∣∣( N

∑
n=−N

M
∑

m=−M
ej2π∆ fn,mt

)
· ej2π f0t

∣∣∣∣ ≤ (2N + 1) · (2M + 1), and if and only

if t = 0, the equal sign is established. Then the FDA-WPT system receives less signal
strength than the PA-WPT system. Hence, the FDA-WPT systems is less efficient than the
PA-WPT system.

4. Numerical Simulations

In this section, the numerical simulation results are reported to vividly verify the
correctness of the analysis. The array system parameters are set to: f0 = 3 GHz, N = M = 5,
the frequency offset in FDA-WPT system is ∆ fn,m = n ·m· 10 kHz. The central point of
the target area Ψ is (30 m, 0◦, 0◦). The whole area Ω is Ω{(θ, π)|θ ∈ [0, π], ϕ ∈ [0, 2π]}.
Figure 6 shows the BCE and the signal amplitude curves with pulse width Tp at the target
area Ψ is Ψ{(θ, π)|θ ∈ [0, π], ϕ ∈ [−20◦, 20◦]}.

Figure 6a shows that BCE of the FDA-WPT system is time-variant and is less than that
of the PA-WPT. Moreover, Figure 6b shows that the amplitude of the received signal in the
FDA-WPT system is less than or equal to that of the PA-WPT. Therefore, the FDA-WPT
systems is less efficient than the PA-WPT system.

Next, for the array configuration shown in Figure 4, we set the pulse duration of the
phased array transmitter and the FDA transmitter as 200 µs, and other parameters remain
unchanged. The power transfer efficiency rate is calculated as EFDA

EPA
= 0.3647, which means

in this case the power transfer efficiency of the FDA-WPT system is about 36.5% of that of
the PA-WPT system.

The authors in [30–32] applied different frequency offsets and complex weighting
factors to design time-invariant range-angle dependent beampattern for the FDA-WPT.
However, as highlighted in [39–43], it is theoretically impossible to achieve a time-invariant
beam focusing with FDAs. Therefore, the FDA-WPT systems designed in [30–32] are
actually inappropriate in practice. From the comparative analysis shown in this paper, the
FDA-WPT system with time-variant consideration is also less efficient than the PA-WPT
system for the fixed power harvesting end. However, a novel microwave WPT system with
a time-based control technique applied to an FDA array is proposed in [44] to enable recon-
figurable power beaming with the capability of modifying the target area in real-time. The
proposed system is shown suitable for selective far-field WPT “on-the-move” applications.
Similarly, FDAs with logarithmic distribution of the frequency has been investigated in [45]
by exploiting pre-defined pulse as excitations at the array elements through modern SDRs.
The proposed log-FDAs show promising selective focusing capabilities. Although the com-
plexity of WPT systems proposed in [44,45] have been increased due to the reconfigurable
beam and modifying the target area in real-time, they are suitable for applications with
dynamic power harvesting ends.
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(a)

(b)

Figure 6. Performance comparison between the FDA-WPT and the PA-WPT. (a) BCE curve versus
pulse width Tp at the target area Ψ is Ψ{(θ, π)|θ ∈ [0, π], ϕ ∈ [−20◦, 20◦]}, (b) the signal amplitude
versus time curve at target point (0◦, 0◦)

Moreover, the time-variant property of FDAs may be useful in physical layer secure
communication, and other areas. The FDA based directional modulation techniques were
proposed in [22–25,35], and an FDA based airborne radar system is proposed in [46] for
target detection. The ongoing investigations about FDAs include physical layer secure
wireless communications, and radar systems. A future effort may also focus on FDA-WPT
systems with SDR-aided excitation signals, and applications with dynamic target area. In
addition, the transmitted signals were defined as ideal signals from ideal elements. In
real-time, the signal transmission scenario is complex [47–49] which results in mutual
coupling, frequency increment errors, and non-negligible side lobes, etc. Therefore, the
comparison between FDA and phased array will be more complex, and may affect the
overall efficiency. Further understanding about the behavior of FDA based WPT systems
in real-time signal environment is an additional area of future work.

5. Conclusions

Conventional power supply techniques lack mobility and flexibility, and alternate
power sources such as batteries have limited storage capacity and heavy weights. Therefore,
researches have been carried out to develop remote charging mechanism. The WPT has
emerged as an active area of research in recent years due to its flexibility and mobility. How-
ever, the far-field WPT systems based on phased arrays suffer from low BCE and high cost.
More recently, a series of efforts have been made to exploit FDAs for the far-field WPT due
to its unique range-angle dependent beam steering function. However, the time-varying
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property of FDAs is neglected in the literature, which causes essential misconceptions, and
led to erroneous simulation results and impractical WPT system designs. In this paper,
we have presented an accurate model for the far-field FDA-WPT. Furthermore, we have
re-investigated the recently proposed FDA-WPT systems, and discussed the impact of the
neglected practical constraint of time-varying nature of FDAs in WPT system designs. The
performance of the FDA-WPT with corrected system configuration is compared with the
PA-WPT system. From the theoretical analysis and simulation results, it is indicated that the
FDA-WPT is less efficient than the PA-WPT in the actual power transfer scenario. Further-
more, FDA-WPT system also increases the system complexity. However, FDA has provable
performance guarantee in directional modulation techniques for the point-to-point physical
layer secure communications, suppressing range-dependent interferences, and dynamic
selection of the focusing area. Besides, FDA is also shown suitable for selective far-field
WPT “on-the-move” applications.
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